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1 Introduction

This report gives the result of running the computer algebra independent integration problems. The
listing of the problems are maintained by and can be downloaded from [Albert Rich Rubi web site}

1.1 Listing of CAS systems tested

The following systems were tested at this time.

1. Mathematica 11.3 (64 bit).

2. Rubi 4.15.2 in Mathematica 11.3.

3. Rubi in Sympy (Version 1.3) under Python 3.7.0 using Anaconda distribution.
4. Maple 2018.1 (64 bit).

5. Maxima 5.41 Using Lisp ECL 16.1.2.

6. Fricas 1.3.4.

7. Sympy 1.3 under Python 3.7.0 using Anaconda distribution.

8. Giac/Xcas 1.4.9.

Maxima, Fricas and Giac/Xcas were called from inside SageMath version 8.3. This was done using
SageMath integrate command by changing the name of the algorithm to use the different CAS systems.

Sympy was called directly using Python. Rubi in Sympy was also called directly using sympy 1.3 in
python.

1.2 Design of the test system
The following diagram gives a high level view of the current test build system.
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One record (line) per one integral result. The line is comma delimited. It contains 12 fields. This is
description of each record (line)

integer, the problem number.

integer. 0 or 1 for failed or passed. (this is not the grade field) High level overview of the CAS
integer. Leaf size of result. N . .

integer. Leaf size of the optimal antiderivative. Independent Integratlon test
number. CPU time used to solve this integral. 0 if failed. build system

string. The integral in Latex format

string. The input used in CAS own syntx.

string. The result (antiderivative) produced by CAS in Latex format

9. string. The optimal antiderivative in Latex format.

10. integer. 0 or 1. Indicates if problem has known antiderivative or not

11. String. The result (antiderivative) in CAS own syntax. e oma
12. String. The grade of the antiderivative. Can be “A”, “B”, “C”, or “F”
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1.3 Timing

The command AboluteTiming[ ] was used in Mathematica to obtain the elapsed time for each
integrate call. In Maple, the command Usage was used as in the following example

cpu_time := Usage(assign ('result_of _int',int(expr,x)),output="'realtime’

For all other CAS systems, the elapsed time to complete each integral was found by taking the difference
between the time after the call has completed from the time before the call was made. This was done
using Python’s time. time () call

All elapsed times shown are in seconds. A time limit of 3 minutes was used for each integral. If the
integrate command did not complete within this time limit, the integral was aborted and considered to
have failed and assigned an F grade. The time used by failed integrals due to time out is not counted in
the final statistics.

1.4 Verification

A verification phase was applied on the result of integration for Rubi and Mathematica. Future version
of this report will implement verification for the other CAS systems. For the integrals whose result was
not run through a verification phase, it is assumed that the antiderivative produced was correct.

Verification phase has 3 minutes time out. An integral whose result was not verified could still be correct.
Further investigation is needed on those integrals which failed verifications. Such integrals are marked
in the summary table below and also in each integral separate section so they are easy to identify and
locate.

1.5 Important notes about some of the results

Important note about Maxima results Since these integrals are run in a batch mode, using an automated
script, and by using sagemath (SageMath uses Maxima), then any integral where Maxima needs an
interactive response from the user to answer a question during evaluation of the integral in order to
complete the integration, will fail and is counted as failed.

The exception raised is ValueError. Therefore Maxima result below is lower than what could result
if Maxima was run directly and each question Maxima asks was answered correctly.

The percentage of such failures were not counted for each test file, but for an example, for the Timofeev
test file, there were about 30 such integrals out of total 705, or about 4 percent. This pecrentage can be
higher or lower depending on the specific input test file.

Such integrals can be indentified by looking at the output of the integration in each section for Maxima.
If the output was an exception ValueError then this is most likely due to this reason.

Maxima integrate was run using SageMath with the following settings set by default

'besselexpand : true'

'display2d : false'

'"domain : complex'

'keepfloat : true'
'load(to_poly_solve)'
'load(simplify_sum)'
'load(abs_integrate)' 'load(diag)'

SageMath loading of Maxima abs_integrate was found to cause some problem. So the following
code was added to disable this effect.

from sage.interfaces.maxima_lib import maxima_lib
maxima_lib.set('extra_definite_integration_methods', '[]')
maxima_lib.set('extra_integration_methods', '[]"')



Seelhttps://ask.sagemath.org/question/43088/integrate-results-that{
[are-different-from-using-maxima/|for reference.

Important note about FriCAS and Giac/XCAS results There are Few integrals which failed due to Sage-
Math not able to translate the result back to SageMath syntax and not because these CAS system were
not able to do the integrations.

These will fail With error Exception raised: NotImplementedError
The number of such cases seems to be very small. About 1 or 2 percent of all integrals.

Hopefully the next version of SageMath will have complete translation of FriCAS and XCAS syntax and
I will re-run all the tests again when this happens.

Important note about finding leaf size of antiderivative For Mathematica, Rubi and Maple, the buildin
system function LeafSize is used to find the leaf size of each antiderivative.

The other CAS systems (SageMath and Sympy) do not have special buildin function for this purpose at
this time. Therefore the leaf size is determined as follows.

For Fricas, Giac and Maxima (all called via sagemath) the following code is used

#see https://stackoverflow.com/questions/25202346/how-to-obtain-leaf-count-express:

def tree(expr):
if expr.operator() is None:
return expr
else:
return [expr.operator()]+map(tree, expr.operands())

try:
# 1.35 is a fudge factor since this estimate of leaf count is bit lower than
#what it should be compared to Mathematica's
leafCount = round(1.35*1len(flatten(tree(anti))))
except Exception as ee:
leafCount =1

For Sympy, called directly from Python, the following code is used

try:
# 1.7 is a fudge factor since it is low side from actual leaf count
leafCount = round(1.7*count_ops(anti))

except Exception as ee:
leafCount =1

When these cas systems implement a buildin function to find the leaf size of expressions, it will be used
instead, and these tests run again.

1.6 Grading of results

The table below summarizes the grading of each CAS system.

Important note: A number of problems in this test suite have no antiderivative in closed form. This means
the antiderivative of these integrals can not be expressed in terms of elementary, special functions or
Hypergeometric2F1 functions. Root Sum and RootOf are not allowed.

If a CAS returns the above integral unevaluated within the time limit, then the result is counted as
passed and assigned an A grade.

However, if CAS times out, then it is assigned an F grade even if the integral is not integrable, as this
implies CAS could not determine that the integral is not integrable in the time limit.

If a CAS returns an antiderivative to such an integral, it is assigned an A grade automatically and this
special result is listed in the introduction section of each individual test report to make it easy to identify
as this can be important result to investigate.

The results given in in the table below reflects the above.
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System solved Failed
Rubi %100.(93) | %0.(0)
Rubi in Sympy | % 77.42 (72) | % 22.58 (21)
Mathematica | % 87.1(81) | %12.9(12)
Maple % 80.65 (75) | % 19.35 (18)
Maxima % 66.67 (62) | % 33.33(31)
Fricas % 100. (93) %0.(0)
Sympy % 49.46 (46 ) | % 50.54 (47 )
Giac % 54.84 (51) | % 45.16 (42)

The table below gives additional break down of the grading of quality of the antiderivatives generated
by each CAS. The grading is given using the letters A,B,C and F with A being the best quality. The
grading is accomplished by comparing the antiderivative generated with the optimal antiderivatives
included in the test suite. The following table describes the meaning of these grades.

’ grade ‘ description
A Integral was solved and antiderivative is optimal in quality and leaf size.
B Integral was solved and antiderivative is optimal in quality but leaf size is larger

than twice the optimal antiderivatives leaf size.

C Integral was solved and antiderivative is non-optimal in quality. This can be due
to one or more of the following reasons

1. antiderivative contains a hypergeometric function and the optimal an-
tiderivative does not.

2. antiderivative contains a special function and the optimal antiderivative
does not.

3. antiderivative contains the imaginary unit and the optimal antiderivative
does not.

F Integral was not solved. Either the integral was returned unevaluated within the
time limit, or it timed out, or CAS hanged or crashed or an exception was raised.

Grading is currently implemented only for for Mathematica, Rubi and Maple results. For all other CAS
systems (Maxima, Fricas, Sympy, Giac, Rubi in sympy), the grading function is not yet implemented.
For these systems, a grade of A is assigned if the integrate command completes successfully and a grade
of F otherwise.

Based on the above, the following table summarizes the grading for this test suite.

System % A grade | % B grade | % C grade | % F grade
Rubi 100. 0. 0. 0.
Rubi in Sympy 77.42 0. 0. 22.58
Mathematica 98.92 1.08 0. 12.9
Maple 63.44 15.05 2.15 19.35
Maxima 66.67 0. 0 33.33
Fricas 100. 0. 0 0.
Sympy 49.46 0. 0 50.54
Giac 54.84 0. 0 45.16




The following is a Bar chart illustration of the data in the above table.

Antiderivative Grade distribution for each CAS

Numbers shown on bars are total percentage solved for each CAS

The figure below compares the CAS systems for each grade level.
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1.7 Performance

The table below summarizes the performance of each CAS system in terms of CPU time and leaf size of

results.



System Mean time (sec) ‘ Mean size | Normalized mean | Median size | Normalized median

Rubi 0.39 121.83 0.74 34. 1.

Rubi in Sympy 27.47 100.67 0.78 76.5 0.89

Mathematica 0.4 82.12 0.63 62. 0.72
Maple 0.06 274.24 1.53 77. 1.2

Maxima 0.5 90.97 0.92 67. 1.24

Fricas 0.2 285.59 1.47 135. 1.45

Sympy 0.77 125.3 0.86 40.5 0.87
Giac 0.16 71.84 0.99 1. 0.

1.8 list of integrals that has no closed form antiderivative

{5, 6, 13, 14, 21, 22, 50, 51, 56, 57, 62, 63, 67, 68, 69, 73, 74, 75, 80, 81, 86, 87, 92, 93}

1.9 list of integrals not solved by each system

Not solved by Rubi {}

Not solved by Rubi in Sympy {9, 10, 11, 17, 18, 19, 28, 35, 42, 50, 51, 52, 53, 54, 58, 59, 60, 68, 69, 88,
89}

Not solved by Mathematica {46, 47, 48, 52, 53, 54, 58, 59, 60, 70, 71, 72}
Not solved by Maple {25, 29, 30, 31, 32, 33, 36, 37, 38, 39, 40, 41, 43, 44, 45, 70, 71, 72}

Not solved by Maxima {25, 26, 27, 28, 29, 30, 31, 32, 33, 34, 36, 37, 38, 39, 40, 41, 43, 44, 45, 46, 47, 48,
52, 53, 54, 58, 59, 60, 70, 71, 72}

Not solved by Fricas {}

Not solved by Sympy {1, 2, 3, 9, 10, 11, 17, 18, 19, 29, 30, 31, 36, 37, 38, 43, 44, 45, 46, 47, 48, 50, 51, 52,
53, 54, 56, 57, 58, 59, 60, 62, 63, 69, 70, 71, 72, 73, 74, 75, 76, 77, 78, 82, 83, 88, 89}

Not solved by Giac {1, 2, 3, 9, 10, 11, 17, 18, 19, 29, 30, 31, 36, 37, 38, 43, 44, 45, 46, 47, 48, 49, 52, 53, 54,
55, 58, 59, 60, 61, 70, 71, 72, 76, 77, 78, 82, 83, 84, 88, 89, 90}

1.10 list of integrals solved by CAS but has no known an-
tiderivative

Rubi {}

Rubi in Sympy {}
Mathematica {}
Maple {}
Maxima {}
Fricas {}

Sympy {}
Giac {}

1.11 list of integrals solved by CAS but failed verification

The following are integrals solved by CAS but the verification phase failed to verify the anti-derivative
produced is correct. This does not mean necessarily that the anti-derivative is wrong, as additional



methods of verification might be needed, or more time is needed (3 minutes time limit was used). These
integrals are listed here to make it easier to do further investigation to determine why it was not possible
to verify the result produced.

Rubi {}

Mathematica {}

Maple Verification phase not implemented yet.
Maxima Verification phase not implemented yet.
Fricas Verification phase not implemented yet.
Sympy Verification phase not implemented yet.
Giac Verification phase not implemented yet.

Rubi in Sympy Verification phase not implemented yet.



2 detailed summary tables of results

2.1 Detailed conclusion table per each integral for all CAS

systems

Detailed conclusion table per each integral is given by table below. The elapsed time is in seconds. For
failed result it is given as F(-1) if the failure was due to timeout. It is given as F(-2) if the failure was due
to an exception being raised, which could indicate a bug in the system. If the failure was due to integral
not being evaluated within the time limit, then it is given just an F.

In this table,the column normalized size is defined as

antiderivative leaf size

optimal antiderivative leaf size

Problem 1 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A F F A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 110 110 110 191 127 162 0 0 92
normalized size | 1 1. 1. 1.74 1.15 1.47 0. 0. 0.84

time (sec) N/A 0.308 0.02 0.02 0.799 0.249 0. 0. 21.588
Problem 2 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A B A A F F A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 84 84 84 166 97 135 0 0 66
normalized size | 1 1. 1. 1.98 1.15 1.61 0.79

time (sec) N/A 0.263 0.016 0.007 0.812 0.266 0. 0. 18.233
Problem 3 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A B A A F F A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 58 58 58 133 65 97 0 0 39
normalized size | 1 1. 1. 2.29 1.12 1.67 0. 0.67

time (sec) N/A 0.154 0.014 0.006 0.871 0.266 0. 0. 9.748
Problem 4 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 26 26 26 35 43 32 17 45 56
normalized size | 1 1. 1. 1.35 1.65 1.23 0.65 1.73 2.15

time (sec) N/A 0.036 0.007 0.001 0.781 0.248  0.235 0.265 8.032
|Problem 5| Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade N/A A A A A A A A A
verified N/A N/A N/A TBD TBD TBD TBD TBD TBD

size 20 0 0 0 0 0 0 0 0
normalized size | 1 0. 0. 0. 0. 0. 0.

time (sec) N/A 0.074 0.104 0.017
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Problem 6 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade N/A A A A A A A A A
verified N/A N/A N/A TBD TBD TBD TBD TBD TBD

size 20 0 0 0 0 0 0 0 0
normalized size | 1 0. 0. 0. 0. 0. 0. 0.

time (sec) N/A 0.071 0.236 0.019 0. 0. 0. 0. 0.
Problem 7 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 26 26 21 37 46 31 17 47 53
normalized size | 1 1. 0.81 1.42 1.77 1.19 0.65 1.81 2.04
time (sec) N/A 0.041 0.013 0.004 0.786 0.259  0.249 0.245 9.025
Problem 8 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 28 28 19 41 46 34 19 47 60
normalized size | 1 1. 0.68 1.46 1.64 1.21 0.68 1.68 2.14
time (sec) N/A 0.044 0.013 0.004 0.757 0.258 0.254 0.286 8.758
Problem 9 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A F F F(-2)
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 217 217 158 382 263 446 0 0 0
normalized size | 1 1. 0.73 1.76 1.21 2.06 0. 0.

time (sec) N/A 0.79 0.278 0.072 0.797 0.261 0. 0. 0.
Problem 10 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A B A A F F F(-1)
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 165 165 113 324 201 355 0 0 0
normalized size | 1 1. 0.68 1.96 1.22 2.15 0. 0.

time (sec) N/A 0.633 0.327 0.062 0.803 0.255 0. 0. 0.
Problem 11 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A C A A F F F
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 107 107 85 231 128 238 0 0 0
normalized size | 1 1. 0.79 2.16 1.2 2.22 0. 0.

time (sec) N/A 0.324 0.154 0.041 0.792 0.255 0. 0. 0.
Problem 12 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 46 46 41 54 69 81 39 70 88
normalized size | 1 1. 0.89 1.17 1.5 1.76 0.85 1.52 1.91

time (sec) N/A 0.065 0.058 0.003 0.862 0.255 0311  0.269 12.947
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Problem 13 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade N/A A A A A A A A A
verified N/A N/A N/A TBD TBD TBD TBD TBD TBD

size 20 0 0 0 0 0 0 0 0
normalized size | 1 0. 0. 0. 0. 0. 0. 0. 0.

time (sec) N/A 0.07 0.859 0.041 0. 0. 0. 0. 0.
Problem 14 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade N/A A A A A A A A A
verified N/A N/A N/A TBD TBD TBD TBD TBD TBD

size 20 0 0 0 0 0 0 0 0
normalized size | 1 0. 0. 0. 0. 0. 0. 0.

time (sec) N/A 0.066 0.749 0.051 0.

Problem 15 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 48 48 42 58 74 88 39 76 83
normalized size | 1 1. 0.88 1.21 1.54 1.83 0.81 1.58 1.73
time (sec) N/A 0.066 0.052 0.003 0.789 0.275 0318 0.255 14.041
Problem 16 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 52 52 35 64 77 99 42 78 94
normalized size | 1 1. 0.67 1.23 1.48 1.9 0.81 1.5 1.81

time (sec) N/A 0.07 0.051 0.003 0.862 0.26 0.335 0.256 13.867
Problem 17 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A F F F(-2)
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 333 333 241 548 409 948 0 0 0
normalized size | 1 1. 0.72 1.65 1.23 2.85 0. 0.

time (sec) N/A 1.694 0.305 0.089 0.866 0.257 0. 0. 0.
Problem 18 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A F F F(-1)
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 243 243 203 385 316 703 0 0 0
normalized size | 1 1. 0.84 1.58 1.3 2.89 0. 0.

time (sec) N/A 1.193 0.23 0.078 0.981 0.27 0. 0. 0.
Problem 19 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A C A A F F F
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 159 159 120 393 201 456 0 0 0
normalized size | 1 1. 0.75 2.47 1.26 2.87 0. 0. 0.

time (sec) N/A 0.534 0.183 0.036 0.924 0.255 0. 0. 0.
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Problem 20 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 69 69 69 74 113 171 76 93 122
normalized size | 1 1. 1. 1.07 1.64 2.48 1.1 1.35 1.77

time (sec) N/A 0.085 0.117 0.001 0.799 0.246 0392  0.25 16.624
Problem 21 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade N/A A A A A A A A A
verified N/A N/A N/A TBD TBD TBD TBD TBD TBD

size 20 0 0 0 0 0 0 0 0
normalized size | 1 0. 0. 0. 0. 0. 0.

time (sec) N/A 0.071 0.984 0.055

Problem 22 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade N/A A A A A A A A A
verified N/A N/A N/A TBD TBD TBD TBD TBD TBD

size 20 0 0 0 0 0 0 0 0
normalized size | 1 0. 0. 0. 0. 0 0. 0. 0.

time (sec) N/A 0.069 0.841 0.085 0. 0 0. 0. 0.
Problem 23 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 72 72 62 79 119 178 78 99 116
normalized size | 1 1. 0.86 1.1 1.65 2.47 1.08 1.38 1.61

time (sec) N/A 0.085 0.081 0.003 0.791 0.259 0424 0.262 17.749
Problem 24 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 78 78 54 87 124 189 85 104 129
normalized size | 1 1. 0.69 1.12 1.59 2.42 1.09 1.33 1.65

time (sec) N/A 0.092 0.08 0.003 0.769 0.262 0422 0.249 17.488
Problem 25 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A F F(-2) A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 153 153 130 0 0 360 332 1 144
normalized size | 1 1. 0.85 0. 2.35 2.17 0.01 0.94
time (sec) N/A 0.412 0.209 0.039 0.262  0.656 0.318 45.59
Problem 26 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A F(-2) A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 115 115 91 199 0 224 196 1 105
normalized size | 1 1. 0.79 1.73 0. 1.95 1.7 0.01 0.91

time (sec) N/A 0.269 0.145 0.046 0. 0.262 0514 0.277 28.909
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Problem 27 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A F(-2) A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 77 77 73 105 0 117 94 1 65
normalized size | 1 1. 0.95 1.36 0. 1.52 1.22 0.01 0.84
time (sec) N/A 0.136 0.168 0.03 0. 0.28 0.398  0.275 13.937
Problem 28 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A F(-2) A A A F
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 30 30 30 31 0 50 32 43 0
normalized size | 1 1. 1. 1.03 0. 1.67 1.07 1.43 0.

time (sec) N/A 0.035 0.033 0.004 0. 0.26 0.232  0.265

Problem 29 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A F F A F F A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 68 68 56 0 0 68 0 0 65
normalized size | 1 1. 0.82 0. 0. 1. 0. 0. 0.96

time (sec) N/A 0.226 0.099 0.07 0. 0.283 0. 0. 15.413
Problem 30 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A F F A F(-1) F A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 100 100 78 0 0 117 0 0 92
normalized size | 1 1. 0.78 0. 1.17 0. 0.92

time (sec) N/A 0.287 0.303 0.068 0.278 0. 0. 21.44
Problem 31 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A F F A F(-1) F A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 147 147 111 0 0 216 0 0 138
normalized size | 1 1. 0.76 0. 1.47 0. 0.94

time (sec) N/A 0.397 0.299 0.032 0.279 0. 0. 33.072
Problem 32 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A F F(-2) A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 322 322 239 0 0 651 709 1 309
normalized size | 1 1. 0.74 0. 2.02 2.2 0. 0.96

time (sec) N/A 0.831 0.377 0.027 0.267 1.158  0.446 109.006
Problem 33 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A F F(-2) A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 239 239 171 0 0 387 439 1 221
normalized size | 1 1. 0.72 0. 0. 1.62 1.84 0. 0.92

time (sec) N/A 0.559 0.317 0.024 0. 0.292 0.91 0.405 70.021
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Problem 34 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A F(-2) A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 156 156 117 220 0 188 233 1 138
normalized size | 1 1. 0.75 1.41 0. 1.21 1.49 0.01 0.88
time (sec) N/A 0.286 0.263 0.05 0. 0.284 0.682 0.355 36.249
Problem 35 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A A A F
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 67 67 52 90 101 82 94 914 0
normalized size | 1 1. 0.78 1.34 1.51 1.22 1.4 13.64 0.

time (sec) N/A 0.082 0.1 0.023 0.838 0.28 0.379  0.283

Problem 36 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A F F A F F A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 134 134 108 0 0 128 0 0 138
normalized size | 1 1. 0.81 0. 0. 0.96 0. 0. 1.03

time (sec) N/A 0.438 0.269 0.079 0. 0.255 0. 0. 33.932
Problem 37 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A F F A F F A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 202 202 136 0 0 231 0 0 202
normalized size | 1 1. 0.67 0. 0. 1.14 0. 1.

time (sec) N/A 0.588 0.813 0.032 0. 0.28 0. 0. 48.122
Problem 38 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A F F A F(-1) F A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 286 286 217 0 0 424 0 0 284
normalized size | 1 1. 0.76 0. 1.48 0. 0.99

time (sec) N/A 0.819 0.601 0.032 0.282 0. 0. 78.454
Problem 39 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A F F(-2) A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 496 496 341 0 0 956 1074 1 478
normalized size | 1 1. 0.69 0. 1.93 2.17 0. 0.96

time (sec) N/A 1.238 0.582 0.032 0.305 1.573  0.568 174.116
Problem 40 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A F F(-2) A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 366 366 248 0 0 559 653 1 347
normalized size | 1 1. 0.68 0. 0. 1.53 1.78 0. 0.95

time (sec) N/A 0.812 0.486 0.03 0. 0.289 1.202  0.495 110.148
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Problem 41 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A F F(-2) A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 236 236 161 0 0 259 350 1 212
normalized size | 1 1. 0.68 0. 0. 1.1 1.48 0. 0.9

time (sec) N/A 0.408 0.382 0.018 0. 0.271 0.887  0.45 56.599
Problem 42 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A A A F
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 103 103 74 124 155 113 153 1393 0
normalized size | 1 1. 0.72 1.2 1.5 1.1 149 1352 0.

time (sec) N/A 0.112 0.136 0.005 0.818 0.299 0487 0.305

Problem 43 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A F F A F(-1) F A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 200 200 160 0 0 189 0 0 211
normalized size | 1 1. 0.8 0. 0. 0.94 0. 0. 1.05

time (sec) N/A 0.592 0.485 0.034 0. 0.266 0. 0. 50.486
Problem 44 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A F F A F(-1) F A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 305 305 250 0 0 350 0 0 313
normalized size | 1 1. 0.82 0. 0. 1.15 0. 1.03

time (sec) N/A 0.849 1.88 0.031 0. 0.284 0. 0. 73.323
Problem 45 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A F F A F(-1) F A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 447 447 325 0 0 641 0 0 457
normalized size | 1 1. 0.73 0. 0. 1.43 0. 1.02

time (sec) N/A 1.194 0.983 0.033 0. 0.281 0. 0. 124.056
Problem 46 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A B F A F(-1) F A
verified N/A Yes N/A TBD TBD TBD TBD TBD TBD

size 192 192 0 2495 0 558 0 0 160
normalized size | 1 1. 0. 12.99 2.91 0. 0.83

time (sec) N/A 0.548 2.844 0.083 0.266 0. 0. 94.025
Problem 47 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A B F A F F A
verified N/A Yes N/A TBD TBD TBD TBD TBD TBD

size 145 145 0 1341 0 366 0 0 114
normalized size | 1 1. 0. 9.25 0. 2.52 0. 0. 0.79

time (sec) N/A 0.464 2.661 0.089 0. 0.265 0. 0. 52.758
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Problem 48 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A B F A F F A
verified N/A Yes N/A TBD TBD TBD TBD TBD TBD

size 98 98 0 526 0 198 0 0 66
normalized size | 1 1. 0. 5.37 0. 2.02 0. 0.67

time (sec) N/A 0.257 89.733 0.06 0. 0.266 0. 0. 26.609
Problem 49 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A B A A A A F A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 40 40 100 65 89 59 27 0 46
normalized size | 1 1. 2.5 1.62 2.22 1.48 0.68 1.15

time (sec) N/A 0.064 0.017 0.004 0.88 0.264  0.348 13.08
Problem 50 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade N/A A A A A A F(-1) A F(-1)
verified N/A N/A N/A TBD TBD TBD TBD TBD TBD

size 29 0 0 0 0 0 0 0 0
normalized size | 1 0. 0. 0. 0. 0. 0. 0. 0.

time (sec) N/A 0.205 0.118 0.116 0. 0. 0. 0. 0.
Problem 51 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade N/A A A A A A F(-1) A F(-1)
verified N/A N/A N/A TBD TBD TBD TBD TBD TBD

size 29 0 0 0 0 0 0 0 0
normalized size | 1 0. 0. 0. 0. 0. 0. 0.

time (sec) N/A 0.185 0.461 0.135 0. 0. 0. 0. 0.
Problem 52 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A B F A F F F(-1)
verified N/A Yes N/A TBD TBD TBD TBD TBD TBD

size 388 388 0 2553 0 1877 0 0 0
normalized size | 1 1. 0. 6.58 4.84 0. 0.

time (sec) N/A 1.421 3.575 0.072 0.292 0. 0. 0.
Problem 53 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A B F A F F F(-1)
verified N/A Yes N/A TBD TBD TBD TBD TBD TBD

size 294 294 0 1251 0 1126 0 0 0
normalized size | 1 1. 0. 4.26 3.83 0. 0.

time (sec) N/A 1.118 3.27 0.05 0.283 0. 0. 0.
Problem 54 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A B F A F F F
verified N/A Yes N/A TBD TBD TBD TBD TBD TBD

size 191 191 0 437 0 540 0 0 0
normalized size | 1 1. 0. 2.29 0. 2.83 0. 0. 0.

time (sec) N/A 0.569 90.721 0.085 0. 0.267 0. 0. 0.




17

Problem 55 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A A F A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 74 74 68 99 135 135 66 0 75
normalized size | 1 1. 0.92 1.34 1.82 1.82 0.89 0. 1.01

time (sec) N/A 0.108 0.192 0.003 0.773 0.276  0.428 0. 20.243
Problem 56 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade N/A A A A A A F(-1) A A
verified N/A N/A N/A TBD TBD TBD TBD TBD TBD

size 29 0 0 0 0 0 0 0 0
normalized size | 1 0. 0. 0. 0. 0. 0. 0.

time (sec) N/A 0.2 1.462 0.415 0.

Problem 57 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade N/A A A A A A F(-1) A A
verified N/A N/A N/A TBD TBD TBD TBD TBD TBD

size 29 0 0 0 0 0 0 0 0
normalized size | 1 0. 0. 0. 0. 0. 0. 0 0

time (sec) N/A 0.185 1.51 0.219 0. 0. 0. 0. 0
Problem 58 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A B F A F F F(-1)
verified N/A Yes N/A TBD TBD TBD TBD TBD TBD

size 594 594 0 3116 0 3650 0 0 0
normalized size | 1 1. 0. 5.25 6.14 0. 0.

time (sec) N/A 3.152 4.084 0.079 0.285 0. 0. 0
Problem 59 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A B F A F F F(-1)
verified N/A Yes N/A TBD TBD TBD TBD TBD TBD

size 439 439 0 1457 0 2049 0 0 0
normalized size | 1 1. 0. 3.32 4.67 0. 0.

time (sec) N/A 2.185 3.536 0.053 0.27 0. 0. 0
Problem 60 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A F A F F F(-1)
verified N/A Yes N/A TBD TBD TBD TBD TBD TBD

size 276 276 0 514 0 940 0 0 0
normalized size | 1 1. 0. 1.86 0. 3.41 0. 0.

time (sec) N/A 0.954 90.36 0.039 0. 0.252 0. 0. 0
Problem 61 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A A F A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 111 111 97 134 196 257 116 0 105
normalized size | 1 1. 0.87 1.21 1.77 2.32 1.05 0. 0.95

time (sec) N/A 0.142 0.34 0.004 0.891 0.281 0.56 0. 24.563
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Problem 62 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade N/A A A A A A F(-1) A A
verified N/A N/A N/A TBD TBD TBD TBD TBD TBD

size 29 0 0 0 0 0 0 0 0
normalized size | 1 0. 0. 0. 0. 0. 0. 0.

time (sec) N/A 0.198 2.743 0.227 0. 0. 0. 0. 0.
Problem 63 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade N/A A A A A A F(-1) A A
verified N/A N/A N/A TBD TBD TBD TBD TBD TBD

size 29 0 0 0 0 0 0 0 0
normalized size | 1 0. 0. 0. 0. 0. 0. 0.

time (sec) N/A 0.182 2.183 0.405 0.

Problem 64 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 71 71 106 77 111 101 76 93 61
normalized size | 1 1. 1.49 1.08 1.56 1.42 1.07 1.31 0.86
time (sec) N/A 0.151 0.594 0.008 0.807 0.294 4425 0.321 12.45
Problem 65 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 145 145 197 144 216 182 167 182 133
normalized size | 1 1. 1.36 0.99 1.49 1.26 1.15 1.26 0.92
time (sec) N/A 0.332 0.766 0.006 0.853 0.255 6.622 0.264 25.878
Problem 66 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 224 224 285 211 321 267 265 271 212
normalized size | 1 1. 1.27 0.94 1.43 1.19 1.18 1.21 0.95

time (sec) N/A 0.449 1.086 0.007 0.878 0.257 9355 0.24 37.185
Problem 67 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade N/A A A A A A A A A
verified N/A N/A N/A TBD TBD TBD TBD TBD TBD

size 22 0 0 0 0 0 0 0 0
normalized size | 1 0. 0. 0. 0. 0. 0. 0.

time (sec) N/A 0.063 0.352 0.038 0. 0. 0. 0. 0.
Problem 68 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade N/A A A A A A A A F(-1)
verified N/A N/A N/A TBD TBD TBD TBD TBD TBD

size 22 0 0 0 0 0 0 0 0
normalized size | 1 0. 0. 0. 0. 0. 0. 0. 0.

time (sec) N/A 0.06 0.785 0.062 0. 0. 0. 0. 0.
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Problem 69 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade N/A A A A A A F(-1) A F(-1)
verified N/A N/A N/A TBD TBD TBD TBD TBD TBD

size 22 0 0 0 0 0 0 0 0
normalized size | 1 0. 0. 0. 0. 0. 0. 0.

time (sec) N/A 0.059 1.061 0.075 0. 0. 0. 0. 0.
Problem 70 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A F F(-2) A F(-1) F A
verified N/A Yes N/A TBD TBD TBD TBD TBD TBD

size 340 340 0 0 0 365 0 0 333
normalized size | 1 1. 0. 0. 0. 1.07 0. 0.98

time (sec) N/A 0.833 0.258 0.064 0. 0.28 77.94
Problem 71 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A F F(-2) A F(-1) F A
verified N/A Yes N/A TBD TBD TBD TBD TBD TBD

size 228 228 0 0 0 258 0 0 219
normalized size | 1 1. 0. 0. 0. 1.13 0. 0. 0.96

time (sec) N/A 0.499 0.2 0.051 0. 0.276 0. 0. 50.253
Problem 72 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A F F(-2) A F(-1) F A
verified N/A Yes N/A TBD TBD TBD TBD TBD TBD

size 116 116 0 0 0 150 0 0 105
normalized size | 1 1. 0. 0. 0. 1.29 0. 0.91

time (sec) N/A 0.239 0.145 0.052 0. 0.271 0. 0. 22.981
Problem 73 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade N/A A A A A A F(-1) A A
verified N/A N/A N/A TBD TBD TBD TBD TBD TBD

size 29 0 0 0 0 0 0 0 0
normalized size | 1 0. 0. 0. 0. 0. 0. 0.

time (sec) N/A 0.181 0.11 0.08 0. 0. 0. 0. 0.
Problem 74 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade N/A A A A A A F(-1) A A
verified N/A N/A N/A TBD TBD TBD TBD TBD TBD

size 29 0 0 0 0 0 0 0 0
normalized size | 1 0. 0. 0. 0. 0. 0. 0.

time (sec) N/A 0.173 0.148 0.333 0. 0. 0. 0. 0.
Problem 75 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade N/A A A A A A F-1) A A
verified N/A N/A N/A TBD TBD TBD TBD TBD TBD

size 29 0 0 0 0 0 0 0 0
normalized size | 1 0. 0. 0. 0. 0. 0. 0. 0.

time (sec) N/A 0.172 0.354 0.246 0. 0. 0. 0. 0.
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Problem 76 Maxima Fricas

Mathematica Maple

Giac Rubi in Sympy

grade
verified

size

normalized size

time (sec)

F A
TBD TBD
0 104
0. 0.9
0. 32.533

Problem 77

Mathematica Maple

Giac Rubi in Sympy

grade
verified

size

normalized size

time (sec)

F A
TBD TBD
0 75
0. 0.88
0. 27.057

Problem 78

Mathematica Maple

Giac Rubi in Sympy

grade
verified

size

normalized size

time (sec)

F A
TBD TBD
0 44
0. 0.81
0. 18.6

Problem 79

Mathematica Maple

Giac Rubi in Sympy

grade
verified

size

normalized size

time (sec)

A A
TBD TBD
32 17
1.39 0.74
0.252 13.455

Problem 80

Mathematica Maple

Giac Rubi in Sympy

grade
verified

size

normalized size

time (sec)

A A
TBD TBD
0 0

0.
0. 0

Problem 81

Maxima Fricas

Mathematica Maple

Giac Rubi in Sympy

grade
verified

size

normalized size

time (sec)

A A
TBD TBD
0 0

0.
0. 0.

Problem 82

Maxima Fricas

Mathematica Maple

Sympy Giac Rubiin Sympy

grade
verified

size

normalized size

time (sec)

F A
TBD TBD TBD
0 110
0. 0.79
0. 39.027
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Problem 83 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A B A A F F A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 107 107 103 225 143 251 0 0 78
normalized size | 1 1. 0.96 2.1 1.34 2.35 0. 0.73

time (sec) N/A 0.286 0.115 0.028 0.803 0.255 0. 0. 29.054
Problem 84 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A A F A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 69 69 54 67 97 100 58 0 92
normalized size | 1 1. 0.78 0.97 1.41 1.45 0.84 1.33

time (sec) N/A 0.127 0.079 0.019 0.851 0.246  0.403 22.489
Problem 85 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 25 25 25 26 34 34 26 34 19
normalized size | 1 1. 1. 1.04 1.36 1.36 1.04 1.36 0.76
time (sec) N/A 0.057 0.02 0.003 0.777 0.256  0.268  0.227 7.625
Problem 86 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade N/A A A A A A A A A
verified N/A N/A N/A TBD TBD TBD TBD TBD TBD

size 61 0 0 0 0 0 0 0 0
normalized size | 1 0. 0. 0. 0. 0. 0.

time (sec) N/A 0.183 0.144 0.036 0. 0. 0. 0.
Problem 87 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade N/A A A A A A A A A
verified N/A N/A N/A TBD TBD TBD TBD TBD TBD

size 61 0 0 0 0 0 0 0 0
normalized size | 1 0. 0. 0. 0. 0. 0.

time (sec) N/A 0.181 0.153 0.048 0. 0. 0. 0.
Problem 88 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A F F F(-1)
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 261 261 220 488 355 779 0 0 0
normalized size | 1 1. 0.84 1.87 1.36 2.98 0. 0.

time (sec) N/A 0.804 0.458 0.053 0.813 0.273 0. 0. 0.
Problem 89 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A F F F
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 182 182 177 295 289 512 0 0 0
normalized size | 1 1. 0.97 1.62 1.59 2.81 0. 0. 0.

time (sec) N/A 0.486 0.215 0.04 0.799 0.267 0. 0. 0.
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Problem 90 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A A F A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 106 106 98 127 203 200 122 0 141
normalized size | 1 1. 0.92 1.2 1.92 1.89 1.15 1.33

time (sec) N/A 0.162 0.097 0.026 0.813 0.265  0.517 0. 30.51
Problem 91 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade A A A A A A A A A
verified N/A Yes Yes TBD TBD TBD TBD TBD TBD

size 27 27 27 26 34 62 53 34 22
normalized size | 1 1. 1. 0.96 1.26 2.3 1.96  1.26 0.81

time (sec) N/A 0.058 0.017 0.003 0.771 0.255 0.299 0.24 8.529
Problem 92 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade N/A A A A A A A A A
verified N/A N/A N/A TBD TBD TBD TBD TBD TBD

size 65 0 0 0 0 0 0 0 0
normalized size | 1 0. 0. 0. 0. 0 0 0. 0.

time (sec) N/A 0.183 0.832 0.091 0. 0 0 0. 0.
Problem 93 Optimal | Rubi Mathematica Maple Maxima Fricas Sympy Giac Rubiin Sympy
grade N/A A A A A A A A A
verified N/A N/A N/A TBD TBD TBD TBD TBD TBD

size 63 0 0 0 0 0 0 0 0
normalized size | 1 0. 0. 0. 0. 0. 0.

time (sec) N/A 0.179 0.908 0.119 0. 0 0. 0.

2.2 Detailed conclusion table specific for Rubi results

The following table is specific to Rubi. It gives additional statistics for each integral. the column steps is
the number of steps used by Rubi to obtain the antiderivative. The rules column is the number of unique

rules used. The integrand size column is the leaf size of the integrand. Finally the ratio

number of rules
integrand size

is given. The larger this ratio is, the harder the integral was to solve. In this test, problem number [19]
had the largest ratio of [ 0.7333 ]

Table 1: Rubi specific breakdown of results for each integral

number of number of normalized .
# grade steps unique antiderivative ITethgZ?zned %
used rules leaf size

1 A 6 6 1. 17 0.353

2 A 5 5 1. 17 0.294

3 A 4 4 1. 15 0.267

4 A 4 4 1. 13 0.308

5 A 0 0 0. 0 0.

6 A 0 0 0. 0 0.

7 A 4 4 1. 14 0.286

8 A 4 4 1. 16 0.25

9 A 13 8 1. 17 0.471

10 A 11 9 1. 17 0.529
Continued on next page




Table 1 — continued from previous page

number of number of normalized .
# | grade | steps wnique | antiderivative | e | mumbergfrles
used rules leaf size

11 A 10 10 1. 15 0.667
12 A 3 2 1. 13 0.154
13 A 0 0 0. 0 0.
14 A 0 0 0. 0 0.
15 A 3 2 1. 14 0.143
16 A 3 2 1. 16 0.125
17 A 26 10 1. 17 0.588
18 A 23 12 1. 17 0.706
19 A 15 11 1. 15 0.733
20 A 3 2 1. 13 0.154
21 A 0 0 0. 0 0.
22 A 0 0 0. 0 0.
23 A 3 2 1. 14 0.143
24 A 3 2 1. 16 0.125
25 A 6 3 1. 23 0.13
26 A 5 3 1. 23 0.13
27 A 4 3 1. 21 0.143
28 A 2 1 1. 15 0.067
29 A 4 3 1. 23 0.13
30 A 5 4 1. 23 0.174
31 A 6 4 1. 23 0.174
32 A 10 3 1. 25 0.12
33 A 8 3 1. 25 0.12
34 A 6 3 1. 23 0.13
35 A 4 3 1. 17 0.176
36 A 6 3 1. 25 0.12
37 A 8 4 1. 25 0.16
38 A 10 4 1. 25 0.16
39 A 14 3 1. 25 0.12
40 A 11 3 1. 25 0.12
41 A 3 1. 23 0.13
42 A 4 3 1. 17 0.176
43 A 3 1. 25 0.12
44 A 11 4 1. 25 0.16
45 A 14 4 1. 25 0.16
46 A 6 6 1. 25 0.24
47 A 5 5 1. 25 0.2
48 A 4 4 1. 23 0.174
49 A 5 5 1. 17 0.294
50 A 0 0 0. 0 0.
51 A 0 0 0. 0 0.
52 A 13 8 1. 25 0.32
53 A 11 9 1. 25 0.36
54 A 11 11 1. 23 0.478
55 A 4 3 1. 17 0.176
56 A 0 0. 0 0.
57 A 0 0 0. 0 0.

Continued on next page
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Table 1 — continued from previous page

number of number of normalized .

# | grade | steps wnique | antiderivative | e | mumbergfrles
used rules leaf size

58 A 26 10 1. 25 0.4
59 A 24 13 1. 25 0.52
60 A 17 12 1. 23 0.522
61 A 4 3 1. 17 0.176
62 A 0 0 0. 0 0.
63 A 0 0 0. 0 0.
64 A 5 4 1. 17 0.235
65 A 8 4 1. 19 0.21
66 A 11 4 1. 19 0.21
67 A 0 0 0. 0 0.
68 A 0 0 0. 0 0.
69 A 0 0 0. 0 0.
70 A 8 3 1. 25 0.12
71 A 6 3 1. 25 0.12
72 A 4 3 1. 23 0.13
73 A 0 0 0. 0 0.
74 A 0 0 0. 0 0.
75 A 0 0 0. 0 0.
76 A 5 5 1. 24 0.208
77 A 4 4 1. 24 0.167
78 A 3 3 1. 22 0.136
79 A 2 2 1. 21 0.095
80 A 0 0 0. 0 0.
81 A 0 0 0. 0 0.
82 A 6 6 1. 24 0.25
83 A 5 5 1. 24 0.208
84 A 5 5 1. 22 0.227
85 A 2 2 1. 21 0.095
86 A 0 0 0. 0 0.
87 A 0 0 0. 0 0.
88 A 12 9 1. 24 0.375
89 A 11 10 1. 24 0.417
90 A 4 3 1. 22 0.136
91 A 2 2 1. 21 0.095
92 A 0 0 0. 0 0.
93 A 0 0 0. 0 0.

24
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3 Listing of integrals

31 [—Xdx

a+bec+dx

Optimal. Leaf size=110

6PolyLog (4, —bec;dx) 6xPolyLog (3, —#) 3x?PolyLog (2, —@) x%log (@ + 1) et

B ad* " ad3 ad? ad i 4a

[Out] xnr4/(4*a) - (x~3*Log[1l + (b*EA(c + d*x))/al)/(a*d) - (3*x7A2*PolyL
ogl[2, -((b*EA(c + d*x))/a)])/(a*dr2) + (6*x*PolyLog[3, -((b*EA(c

+ d*x))/a)])/(a*dr3) - (6*PolyLog[4, -((b*EAr(c + d*x))/a)])/(a*dr

4)

Rubi [A]  time = 0.307828, antiderivative size = 110, normalized size of antiderivative = 1., number

number of rules _ ;355

of steps used = 6, number of rules used = 6, integrand size = 17, = =
integrand size

6PolyLog (4, - bec;dx) 6xPolyLog (3, - be:dx) 3x?PolyLog (2, - bezdx) x3log (@ + 1) A
- ad* " ad? - ad? - ad "4a

Antiderivative was successfully verified.

[In] Int[x23/(a + b*EA(c + d*x)),x]

[Out] x7r4/(4*a) - (xA3*Log[1 + (b*EA(c + d*x))/al)/(a*d) - (3*x72*PolyL
ogl[2, -((b*EA(c + d*x))/a)])/(a*dr2) + (6*x*PolyLog[3, -((b*E~A(c

+ d*x))/a)])/(a*dr3) - (6*PolyLog[4, -((b*EA(c + d*x))/a)])/(a*d~r

4)

Rubi in Sympy [A]  time = 21.5877, size = 92, normalized size = 0.84

x*log (ae_;_dx + 1) 3x? Liy (—“e_l:_dx) 6x Lis (_ae‘;‘dx) 6 Li, (_ae—z—dx)
- . . .

ad ad? ad’ ad*

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(x**3/(a+b*exp(d*x+c)),x)

[Out] -x**3*log(a*exp(-c - d*x)/b + 1)/(a*d) + 3*x**2*polylog(2, -a*exp
(-c - d*x)/b)/(a*d**2) + 6*x*polylog(3, -a*exp(-c - d*x)/b)/(a*d*
*3) + 6"polylog(4, -a*exp(-c - d*x)/b)/(a*d**4)

Mathematica [A] time = 0.0195039, size = 110, normalized size = 1.

6PolyLog (4, - bec;dx) 6xPolyLog (3, —@) 3x?PolyLog (2, —@) x3 log (@ + 1) 4
- ad* ! ad? - ad? - ad "4a

Antiderivative was successfully verified.

[In] Integrate[x~3/(a + b*EA(c + d*x)),x]
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[Out] xnr4/(4*a) - (x73*Log[1 + (b*EA(c + d*x))/al])/(a*d) - (3*x~2*PolyL
og[2, -((b*EAr(c + d*x))/a)])/(a*dr2) + (6*x*PolyLog[3, -((b*E~r(c

+ d*x))/a)])/(a*d”r3) - (6*PolyLog[4, -((b*EAr(c + d*x))/a)])/(a*d~

4)

Maple [A] time = 0.02, size = 191, normalized size = 1.7

x4 XC3 3 c4 x3 bedx+c c3 bedx+c X2 bedx+c
— ——ln(1+ )——ln(1+ )—S—polylog(z,— )
a a a a

4q i &a i 4d*a ad d* ad?
; x . 3 edx+c ] 1 . A bedx+c C3 In (edx+c) C3 In (a + bedx+c)
+6 — - -6 — - - +
d3apo VOB > a d4apo YOS d%a d*a

Verification of antiderivative is not currently implemented for this CAS.

[In] int(xA3/(a+b*exp(d*x+c)),x)

[Out] 1/4*x74/a+1/dr3/a*x*cr3+3/4/dr4/a*cr4-xA3* In(1+b*exp(d*x+c)/a)/a/
d-1/dr4/a*1In(1+b*exp(d*x+c)/a)*cr3-3*x7r2*polylog(2,-b*exp(d*x+c)/
a)/a/dr2+6*x*polylog(3,-b*exp(d*x+c)/a)/a/dr"3-6"polylog(4,-b*exp(
d*x+c)/a)/a/dr4-1/dr4*cr3/a* In(exp(d*x+c))+1/dr4*cAr3/a*In(a+b™*exp
(d*x+c))

Maxima [A]  time = 0.799311, size = 127, normalized size = 1.15

L @x’log (%ﬁc) + 1) +3d%x%Li, (—@) — 6dxLig(— £y 4 6LM(—W)

a

4q ad*

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(xA3/(b*er(d*x + ¢c) + a),x, algorithm="maxima"

[Out] 1/4*x74/a - (dr3*x73*log(b*er(d*x + c)/a + 1) + 3*dr2*xr2*dilog(-
b*er(d*x + c)/a) - 6*d*x*polylog(3, -b*er(d*x + c)/a) + 6*polylog
(4, -b*enr(d*x + c)/a))/(a*dr4)

Fricas [A]  time = 0.249467, size = 162, normalized size = 1.47

d*x* — 12d°x’Li, (—w + 1) +4clog (be(d’”c) + a) + 24 dxLis(—- 222y _ g (d*x* + ¢3) log (M) — 24 Liy(

a a a
4 ad*

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(xA3/(b*er(d*x + c) + a),x, algorithm="fricas")

[Out] 1/4* (dr4*xr4 - 12*dA2*xA2*dilog(-(b*er(d*x + ¢c) + a)/a + 1) + 4*c
A3*log(b*er(d*x + ¢c) + a) + 24*d*x*polylog(3, -b*er(d*x + c)/a) -

4* (dr3*x1~3 4+ cnr3)*log((b*enr(d*x + ¢) + a)/a) - 24*polylog(4, -b*
er(d*x + c)/a))/(a*dr4)

Sympy [F]  time = 0., size = 0, normalized size = 0.

33
——dx
a + betedx



Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x**3/(a+b*exp(d*x+c)),x)

[Out] Integral(x**3/(a + b*exp(c)*exp(d*x)), x)

27

GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

3
X
J beldx+0) 1 g dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x~3/(b*er(d*x + c) + a),x, algorithm="giac")

[Out] integrate(x~3/(b*er(d*x + c) + a), X)
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32 [—Xdx

a+bec*ax

Optimal. Leaf size=84

a a a
— + —_—
ad3 ad? ad 3a

2PolyLog (3, —berx ) 2xPolyLog (2, i L ) x%log ( bettdr 1) 3

[Out] xA3/(3*a) - (x72*Log[1 + (b*EA(c + d*x))/al])/(a*d) - (2*x*PolyLog
[2, -((b*EAr(c + d*x))/a)])/(a*dr2) + (2*PolyLog[3, -((b*EA(c + d*
x))/a)])/(a*dr3)

Rubi [A]  time = 0.262524, antiderivative size = 84, normalized size of antiderivative = 1., number of
number of rules _ 594

steps used = 5, number of rules used = 5, integrand size = 17, = -
integrand size

2PolyLog (3, - bezdx) 2xPolyLog (2, - be“dx) x?log (ﬂ + 1) 33

a a
+ —

ads ad? ad 3a

Antiderivative was successfully verified.

[In] 1Int[x72/(a + b*EA(c + d*x)),x]

[Out] xA3/(3*a) - (x72*Log[1l + (b*EA(c + d*x))/a]l)/(a*d) - (2*x*PolyLog
[2, -((b*EA(c + d*x))/a)])/(a*dr2) + (2*PolyLog[3, -((b*EA(c + d*
x))/a)])/(a*dnr3)

Rubi in Sympy [A]  time = 18.2331, size = 66, normalized size = 0.79

x%log ( “e_;_dx + 1) 2x Li, (— “e_;_dx) 2 Lis (— “e_;_dx )
- + +
ad ad? ad?

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(x**2/(a+b*exp(d*x+c)),x)

[Out] -x**2*log(a*exp(-c - d*x)/b + 1)/(a*d) + 2*x*polylog(2, -a*exp(-c
- d*x)/b)/(a*d**2) + 2*polylog(3, -a*exp(-c - d*x)/b)/(a*d**3)

Mathematica [A] time = 0.0157006, size = 84, normalized size = 1.

2PolyLog (3, - be:dx) 2xPolyLog (2, —#) x%log (@ + 1) 33

ad? ad? ad 3a

Antiderivative was successfully verified.

[In] Integrate[x~2/(a + b*EA(c + d*x)),x]

[Out] xA3/(3*a) - (x*2*Log[1 + (b*EA(c + d*x))/al)/(a*d) - (2*x*PolyLog
[2, -((b*EA(c + d*x))/a)])/(a*dr2) + (2*PolyLog[3, -((b*EAr(c + d*
x))/a)])/(a*d"3)
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Maple [B] time = 0.007, size = 166, normalized size = 2.

x3 xcz 2 C3 xz bedx+c 02 bedx+c x bedx+c
__—_———ln(1+—)+—ln(l+ )—2—polylog(2,— )
a

3a d?a 3d%a ad a d3a a d?a
1 bedx+c 02 In (edx+c) cz In (a + bedx+c)
+2 Epolylog 3,— + Ty - Ta

Verification of antiderivative is not currently implemented for this CAS.
[In] int(x~2/(a+b*exp(d*x+c)),x)

[Out] 1/3*x73/a-1/dr2/a*x*cr2-2/3/dr3/a*cr3-xA2* In(1+b*exp(d*x+c)/a)/a/
d+1/d~r3/a*1In(1+b*exp(d*x+c)/a)*cr2-2*x*polylog(2,-b*exp(d*x+c)/a)
/a/dr2+2*polylog(3,-b*exp(d*x+c)/a)/a/dr3+1/d”r3*cr2/a* In(exp (d* x+
c))-1/dr3*cAr2/a*In(a+b*exp(d*x+c))

Maxima [A]  time = 0.812129, size = 97, normalized size = 1.15

dx+c)

3 d*x? log (@ + 1) + 2dxLi, (—@) - 2Li3(——be(a )

3a ad?

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x~2/(b*er(d*x + ¢c) + a),x, algorithm="maxima"

[Out] 1/3*x73/a - (dr2*x7r2*log(b*er(d*x + c)/a + 1) + 2*d*x*dilog(-b*en
(d*x + c)/a) - 2*polylog(3, -b*er(d*x + c)/a))/(a*dr3)

Fricas [A] time = 0.2656, size = 135, normalized size = 1.61

d3x3 _ 6de12 (_be(dxa*'c)+a + 1) _ 302 log (be(dx+c) + a) -3 (dzxz _ CZ) log (be(d3;1+c)+a) + 6L13(_ be(‘;’ﬁ-c))
3ad?

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x~2/(b*er(d*x + c) + a),x, algorithm="fricas")

[Out] 1/3* (dr3*x7r3 - 6*d*x*dilog(-(b*er(d*x + ¢c) + a)/a + 1) - 3*cr2*1o
g(b*er(d*x + c) + a) - 3*(dr2*xn2 - cr2)*log((b*er(d*x + ¢c) + a)/
a) + 6*polylog(3, -b*er(d*x + c)/a))/(a*dr3)

Sympy [F] time = 0., size = 0, normalized size = 0.

52
——dx
a + betedx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x**2/(a+b*exp(d*x+c)),x)

[Out] Integral(x**2/(a + b*exp(c)*exp(d*x)), x)




GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

2
x
.[ beldx+c) 4 g dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x”"2/(b*er(d*x + c) + a),x, algorithm="giac")

[Out] integrate(xA2/(b*er(d*x + c) + a), X)

30
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3.3 I a+bec+dx dx

Optimal. Leaf size=58

POIYLOg (2’ _be:rdx) xlog ( c+dx + 1) x2

ad? ad 2a

[Out] x7r2/(2*a) - (x*Log[l + (b*EA(c + d*x))/a]l)/(a*d) - PolyLog[2, -((
b*EA(c + d*x))/a)]/(a*dr2)

Rubi [A] time = 0.15413, antiderivative size = 58, normalized size of antiderivative = 1., number of

e = 15, number of rules _  5¢~

steps used = 4, number of rules used = 4, integrand siz
integrand size

b c+dx b c+dx
PolyLog (2, —ET) xlog (eT + 1) 2
p— pa— + —_—
ad? ad 2a

Antiderivative was successfully verified.

[In] 1Int[x/(a + b*EA(c + d*x)),x]

[Out] xnr2/(2*a) - (x*Log[l + (b*EA(c + d*x))/a])/(a*d) - PolyLog[2, -((
b*EA(c + d*x))/a)]/(a*dr2)

Rubi in Sympy [A]  time = 9.74831, size = 39, normalized size = 0.67

“a1) i (-ep)
+

ad ad?

xlog(

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(x/(a+b*exp(d*x+c)),x)

[Out] -x*log(a*exp(-c - d*x)/b + 1)/(a*d) + polylog(2, -a*exp(-c - d*x)
/b)/(a*d**2)

Mathematica [A] time = 0.0138409, size = 58, normalized size = 1.

PolyLog(, ”e;dx) xlog( +1) 2
_ o

ad? ad 2a

Antiderivative was successfully verified.

[In] Integrate[x/(a + b*EA(c + d*x)),x]

[Out] x7r2/(2*a) - (x*Log[l + (b*EA(c + d*x))/a])/(a*d) - PolyLog[2, -((
b*EA(c + d*x))/a)]/(a*dr2)

Maple [B] time = 0.006, size = 133, normalized size = 2.3

xZ xc CZ x bedx+c ¢ bedx+c
—+—+ - —In|1+ - —1In
a a

2a da 2d%a da d%a
bed’”c) cln (edx*°) cln(a+bedx+c)

+

- 72, polylog (2 - g T,
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Verification of antiderivative is not currently implemented for this CAS.

[In] int(x/(a+b*exp(d*x+c)),x)

[Out] 1/2*x72/a+1/d/a*x*c+1/2/dr2/a*cr2-x*1In(1+b*exp(d*x+c)/a)/a/d-1/dA
2/a*1ln(1+b*exp(d*x+c)/a)*c-polylog(2,-b*exp(d*x+c)/a)/a/dr2-1/dr2
*c/a*1In(exp(d*x+c))+1/dr2*c/a*1In(a+b*exp(d*x+c))

Maxima [A] time = 0.871188, size = 65, normalized size = 1.12

(dx+c) . (dx+c)
52 dxlog (’”T + 1) +Lip (—’”T)

2a ad?

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x/(b*er(d*x + c) + a),x, algorithm="maxima"

[Out] 1/2*x72/a - (d*x*log(b*er(d*x + c)/a + 1) + dilog(-b*er(d*x + c)/
a))/(a*dr2)

Fricas [A] time = 0.266497, size = 97, normalized size = 1.67

d*x* +2clog (be(d’“c) + a) —2(dx +c)log (%) —2Li (—w + 1)
2 ad?

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x/(b*er(d*x + c) + a),x, algorithm="fricas")

[Out] 1/2* (dr2*x7r2 + 2*c*log(b*er(d*x + c) + a) - 2*(d*x + c)*log((b*er
(d*x + ¢c) + a)/a) - 2*dilog(-(b*er(d*x + ¢c) + a)/a + 1))/(a*dr2)

Sympy [F] time = 0., size = 0, normalized size = 0.

x
——dx
a + betedx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x/(a+b*exp(d*x+c)),x)

[Out] Integral(x/(a + b*exp(c)*exp(d*x)), x)

GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

X
J be(dx+c) +a dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x/(b*er(d*x + c) + a),x, algorithm="giac")

[Out] integrate(x/(b*er(d*x + c) + a), X)
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1
34 | S dx
Optimal. Leaf size=26
x log (a+ bectdx)
a ad

[Out] x/a - Log[a + b*Er(c + d*x)]/(a*d)

Rubi [A]  time = 0.0362134, antiderivative size = 26, normalized size of antiderivative = 1., number
number of rules _  39¢

of steps used = 4, number of rules used = 4, integrand size = 13, = =
integrand size

x log (a+ bec*dx)
a

ad

Antiderivative was successfully verified.

[In] Int[(a + b*EA(c + d*x))A(-1),x]

[Out] x/a - Logl[a + b*EA(c + d*x)]/(a*d)

Rubi in Sympy [A]  time = 8.03223, size = 56, normalized size = 2.15

e—c—dxec+dx log (a 4 bec+dx) e—c—dxec+dx Iog (ec+dx)
- +

ad ad

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(1l/(a+b*exp(d*x+c)),x)

[Out] -exp(-c - d*x)*exp(c + d*x)*log(a + b*exp(c + d*x))/(a*d) + exp(-
c - d*x)*exp(c + d*x)*log(exp(c + d*x))/(a*d)

Mathematica [A] time = 0.00683772, size = 26, normalized size = 1.

x log (a+ bec*dx)

ad
Antiderivative was successfully verified.

[In] 1Integrate[(a + b*EA(c + d*x))A(-1),x]

[Out] x/a - Logl[a + b*Er(c + d*x)]/(a*d)

Maple [A]  time = 0.001, size = 35, normalized size = 1.4

In (ed’”") In (a + bed’”c)

da da

Verification of antiderivative is not currently implemented for this CAS.

[In] int(1/(a+b*exp(d*x+c)),x)



[Out] 1/d/a*1n(exp(d*x+c))-1n(a+b*exp(d*x+c))/a/d

Maxima [A]  time = 0.780702, size = 43, normalized size = 1.65

dx+c 1og (be(d’”c) + a)

ad ad

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1l/(b*er(d*x + c) + a),x, algorithm="maxima"

[Out] (d*x + c)/(a*d) - log(b*er(d*x + c) + a)/(a*d)

Fricas [A] time = 0.247564, size = 32, normalized size = 1.23

dx —log (be(dx”) + a)
ad

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1l/(b*er(d*x + c) + a),x, algorithm="fricas")

[out] (d*x - log(b*er(d*x + ¢) + a))/(a*d)

Sympy [A]  time = 0.235303, size = 17, normalized size = 0.65

X log (% + ec+dx)
a ad

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1l/(a+b*exp(d*x+c)),x)

[Out] x/a - log(a/b + exp(c + d*x))/(a*d)

GIAC/XCAS [A]  time = 0.26498, size = 45, normalized size = 1.73

dx+c I (|be(dx+c) + a})
ad ad

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(l/(b*er(d*x + c) + a),x, algorithm="giac")

[Out] (d*x + c)/(a*d) - 1ln(abs(b*er(d*x + c) + a))/(a*d)
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3.5 | ey 4%

a+bec+dx) x
Optimal. Leaf size=20
o ——
nt| ———.x
x (a + bec+dx)

[Out] Unintegrable[1/((a + b*EA(c + d*x))*x), x]

Rubi [A]  time = 0.0741346, antiderivative size = 0, normalized size of antiderivative = 0., number of
number of rules _

steps used = 0, number of rules used = 0, integrand size = 0, = - =
integrand size

1
Int| ———,
B ((a+be°+dx) x x)

Verification is Not applicable to the result.

[In] Int[1/((a + D*EA(c + d*x))*x),x]

[Out] Defer[Int][1/((a + b*EA(c + d*x))*x), X]

Rubi in Sympy [A]  time = 0., size = 0, normalized size = 0.

1
——dx
I x (a + bec*dx)
Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(1l/(a+b*exp(d*x+c))/x,x)

[Out] Integral(1/(x*(a + b*exp(c + d*x))), Xx)

Mathematica [A] time = 0.104162, size = 0, normalized size = 0.

1
—d
J (a+ bec+dx) x X

Verification is Not applicable to the result.

[In] Integrate[l/((a + b*EA(c + d*x))*x),x]

[Out] Integrate[1/((a + b*EA(c + d*x))*x), x]

Maple [A]  time = 0.017, size = 0, normalized size = 0.

1
I L
(a + bedx+c) x
Verification of antiderivative is not currently implemented for this CAS.

[In] int(1/(a+b*exp(d*x+c))/x,X)



[Out] int(1/(a+b*exp(d*x+c))/x,X)
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Maxima [A]  time = 0., size = 0, normalized size = 0.

1
—d
I (beldx+e) 1 a) x x

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/((b*er(d*x + c) + a)*x),xXx, algorithm="maxima"

[Out] integrate(1/((b*er(d*x + c) + a)*x), X)

Fricas [A] time = 0., size = 0, normalized size = 0.
bxeldx+e) 1 gx’ x)

integral (

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(l/((b*er(d*x + c) + a)*x),x, algorithm="fricas")

[Out] integral(1/(b*x*er(d*x + c) + a*x), X)

Sympy [A]  time = 0., size = 0, normalized size = 0.

1
|
x (a + becedx)
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(l/(a+b*exp(d*x+c))/x,x)

[Out] Integral(1/(x*(a + b*exp(c)*exp(d*x))), x)

GIAC/XCAS [A]  time = 0., size = 0, normalized size = 0.

1
-y
J (beldx+e) + a) x x

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1l/((b*er(d*x + c) + a)*x),x, algorithm="giac")

[Out] integrate(l/((b*er(d*x + c) + a)*x), X)
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1
3.6 I m dx

Optimal. Leaf size=20

1

Int x2 (a + bec+dx) X

[Out] Unintegrable[1/((a + b*EA(c + d*x))*x/r2), X]

Rubi [A]  time = 0.0710737, antiderivative size = 0, normalized size of antiderivative = 0., number of
number of rules _

steps used = 0, number of rules used = 0, integrand size = 0, = - =
integrand size

1
fnt (a + becrdx) 2

Verification is Not applicable to the result.

[In] Int[1/((a + D*EA(c + d*x))*x"2),x]

[Out] Defer[Int][1/((a + b*EA(c + d*x))*x72), X]

Rubi in Sympy [A]  time = 0., size = 0, normalized size = 0.

1
| s
x% (a + bec+dx)
Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(1l/(a+b*exp(d*x+c))/x**2,x)

[Out] Integral(1l/(x**2*(a + b*exp(c + d*x))), x)

Mathematica [A]  time = 0.235548, size = 0, normalized size = 0.

1
| o
(a + bec+dx) x2
Verification is Not applicable to the result.

[In] 1Integrate[l/((a + b*EA(c + d*x))*x/2),x]

[Out] Integrate[1/((a + b*EA(c + d*x))*x7r2), X]

Maple [A]  time = 0.019, size = 0, normalized size = 0.

1
[ o
(a + bedx+c) x?
Verification of antiderivative is not currently implemented for this CAS.

[In] int(1/(a+b*exp(d*x+c))/x"2,X)



[Out] int(1/(a+b*exp(d*x+c))/x"2,X)
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Maxima [A]  time = 0., size = 0, normalized size = 0.

1
I (beldx+0) + g) x2 dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1l/((b*er(d*x + c) + a)*x72),x, algorithm="maxima"

[Out] integrate(1l/((b*er(d*x + c) + a)*x"r2), X)

Fricas [A] time = 0., size = 0, normalized size = 0.

1

1ntegral (m, X)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1l/((b*er(d*x + c) + a)*x~2),x, algorithm="fricas")

[Out] integral(1/(b*xA2*er(d*x + c) + a*x"2), Xx)

Sympy [A]  time = 0., size = 0, normalized size = 0.

1
————dx
J x% (a + becedx)
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(l/(a+b*exp(d*x+c))/x**2,x)

[Out] Integral(1/(x**2*(a + b*exp(c)*exp(d*x))), x)

GIAC/XCAS [A]  time = 0., size = 0, normalized size = 0.

1
J (be@a 5 a2

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1l/((b*er(d*x + c) + a)*x72),x, algorithm="giac")

[Out] integrate(l/((b*er(d*x + c) + a)*x"A2), Xx)
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1
3.7 Im dx

Optimal. Leaf size=26
log (a + bec=4)

ad

+ —
a

[Out] x/a + Log[a + b*Er(c - d*x)]/(a*d)

Rubi [A]  time = 0.0413536, antiderivative size = 26, normalized size of antiderivative = 1., number

number of rules _ ( 9g¢

of steps used = 4, number of rules used = 4, integrand size = 14, = =
integrand size

log (a + bec_dx)
T

ad

Antiderivative was successfully verified.

[In] Int[(a + b*EA(c - d*x))"A(-1),x]

[Out] x/a + Log[a + b*EA(c - d*x)]/(a*d)

Rubi in Sympy [A]  time = 9.0251, size = 53, normalized size = 2.04

e—c+dxec—dx 10g (a 4 bec—dx) e—c+dxec—dx log (ec—dx)

ad ad

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(1l/(a+b*exp(-d*x+c)),x)

[Out] exp(-c + d*x)*exp(c - d*x)*log(a + b*exp(c - d*x))/(a*d) - exp(-c
+ d*x)*exp(c - d*x)*log(exp(c - d*x))/(a*d)

Mathematica [A] time = 0.0134729, size = 21, normalized size = 0.81

log (aedx + be)
ad

Antiderivative was successfully verified.

[In] 1Integrate[(a + b*EA(c - d*x))A(-1),x]

[out] Log[b*EAc + a*EA(d*x)]/(a*d)

Maple [A]  time = 0.004, size = 37, normalized size = 1.4

_ln (e_dx”) . In (a+ be_d’”c)

da da

Verification of antiderivative is not currently implemented for this CAS.

[In] int(1/(a+b*exp(-d*x+c)),x)
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[Out] -1/d/a*1ln(exp(-d*x+c))+1In(a+b*exp(-d*x+c))/a/d

Maxima [A]  time = 0.785641, size = 46, normalized size = 1.77

dx — ¢ log (be(_dx*c) + a)

+
ad ad

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1l/(b*er(-d*x + c) + a),x, algorithm="maxima"

[Out] (d*x - c)/(a*d) + log(b*er(-d*x + c) + a)/(a*d)

Fricas [A]  time = 0.258958, size = 31, normalized size = 1.19

dx + log (be(_d’”c) + a)
ad

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(l/(b*er(-d*x + c) + a),x, algorithm="fricas")

[Out] (d*x + log(b*er(-d*x + c) + a))/(a*d)

Sympy [A]  time = 0.249047, size = 17, normalized size = 0.65

x log (% + ec_dx)
~+

a ad
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(l/(a+b*exp(-d*x+c)),x)

[Out] x/a + log(a/b + exp(c - d*x))/(a*d)

GIAC/XCAS [A]  time = 0.245254, size = 47, normalized size = 1.81

dx — ¢ . In (|be(_dx+c) + a|)

ad ad

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/(b*er(-d*x + c) + a),x, algorithm="giac")

[Out] (d*x - c)/(a*d) + 1ln(abs(b*er(-d*x + c) + a))/(a*d)
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38 [—Ldx

a+be—cdx

Optimal. Leaf size=28

log (a +be™*79%) x
+ —

ad a

[Out] x/a + Log[a + b*EA(-c - d*x)]/(a*d)

Rubi [A]  time = 0.0439113, antiderivative size = 28, normalized size of antiderivative = 1., number
number of rules _ 55

of steps used = 4, number of rules used = 4, integrand size = 16, = =
integrand size

log (a +bec"%)
+ —

ad a

Antiderivative was successfully verified.

[In] Int[(a + b*EA(-c - d*x))A(-1),x]

[Out] x/a + Log[a + b*EA(-c - d*x)]/(a*d)

Rubi in Sympy [A]  time = 8.75816, size = 60, normalized size = 2.14

e—c—dxec+dx log (a 4 be—c—dx) e—c—dxec+dx log (e—c—dx)

ad ad

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(1l/(a+b*exp(-d*x-c)),x)

[Out] exp(-c - d*x)*exp(c + d*x)*log(a + b*exp(-c - d*x))/(a*d) - exp(-
c - d*x)*exp(c + d*x)*log(exp(-c - d*x))/(a*d)

Mathematica [A] time = 0.0130159, size = 19, normalized size = 0.68

log (ae®** + b)
ad

Antiderivative was successfully verified.

[In] 1Integrate[(a + b*EA(-c - d*x))A(-1),x]

[Out] Log[b + a*EA(c + d*x)]/(a*d)

Maple [A]  time = 0.004, size = 41, normalized size = 1.5

_ln (e_dx_c) . In (a+ be_dx_c)

da da

Verification of antiderivative is not currently implemented for this CAS.

[In] int(1/(a+b*exp(-d*x-c)),x)
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[Out] -1/d/a*1n(exp(-d*x-c))+1In(a+b*exp(-d*x-c))/a/d

Maxima [A]  time = 0.756931, size = 46, normalized size = 1.64

log (be(_dx‘c) + a)

dx +c
+

ad ad

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1l/(b*er(-d*x - c) + a),x, algorithm="maxima"

[Out] (d*x + c)/(a*d) + log(b*er(-d*x - c) + a)/(a*d)

Fricas [A] time = 0.258171, size = 34, normalized size = 1.21

dx + log (be(_dx_c) + a)
ad

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1l/(b*er(-d*x - c) + a),x, algorithm="fricas")

[Out] (d*x + log(b*er(-d*x - c) + a))/(a*d)

Sympy [A]  time = 0.254066, size = 19, normalized size = 0.68

x log (% + e_c_dx)
+

a ad

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(l/(a+b*exp(-d*x-c)),x)

[Out] x/a + log(a/b + exp(-c - d*x))/(a*d)

GIAC/XCAS [A]  time = 0.285751, size = 47, normalized size = 1.68

In (|be(_dx‘c) + a|)

dx +c
+

ad ad

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/(b*er(-d*x - c) + a),x, algorithm="giac")

[Out] (d*x + c)/(a*d) + 1ln(abs(b*er(-d*x - c) + a))/(a*d)
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3.9 I (x—3‘2 dx

a+becx)

Optimal. Leaf size=217

6PolyLog (3, - bec(;dx ) 6PolyLog (4, - bec‘;dx ) 6xPolyLog (2, - be:dx )
- 22d* - adt i a’d?
6xPolyLog (3, - bezdx) 3x*PolyLog (2, —#)
+ 2d3 - a?d?
2 pec+dx 3 bectdx
. 3x°log (eT + 1) x> log (—ea + 1) P I— 3
- — =t
a’d? a’d a*d  4a*  ad (a+ bec+dx)

[Out] -(x73/(ar2*d)) + x73/(a*d*(a + b*EA(c + d*x))) + x74/(4*ar2) + (3
*xA2*Log[1 + (b*EA(c + d*x))/a]l)/(ar2*dr2) - (xA3*Log[1l + (b*EA(c

+ d*x))/a]l)/(ar2*d) + (6*x*PolyLog[2, -((b*EA(c + d*x))/a)])/(ar
2*dn~3) - (3*x72*PolyLog[2, -((b*Er(c + d*x))/a)])/(ar2*dr2) - (6*
PolyLog[3, -((b*EA(c + d*x))/a)])/(ar2*dr4) + (6*x*PolyLog[3, -((
b*EA(c + d*x))/a)])/(ar2*dr3) - (6*PolyLog[4, -((b*EAr(c + d*x))/a

Y1)/ (ar2rdr4)

Rubi [A]  time = 0.789913, antiderivative size = 217, normalized size of antiderivative = 1., number
number of rules _ ( 471

of steps used = 13, number of rules used = 8, integrand size = 17, = -
integrand size

ec+dx

6PolyLog (3, —beo

a

bec+dx

) 6xPolyLog (2, et )

a

) 6PolyLog (4, -

a?d4 a?d4 ad3
6xPolyLog (3, —#) 3x?PolyLog (2, - bezdx)
" ad3 B a?d?
2 b c+dx 3 b c+dx
3x° log (eT + 1) x> log (eT + 1) P I— 3
+ - ——— —
a’d? a’d a*d  4a®>  ad (a+ bec+dx)

Antiderivative was successfully verified.

[In] Int[xA3/(a + b*EA(c + d*x))"2,Xx]

[Out] -(x73/(ar2*d)) + x73/(a*d*(a + b*EA(c + d*x))) + x74/(4*ar2) + (3
*xA2*Log[1 + (b*EA(c + d*x))/a]l)/(ar2*dr2) - (x~A3*Log[1 + (b*E~(c

+ d*x))/a]l)/(ar2*d) + (6*x*PolyLog[2, -((b*EA(c + d*x))/a)])/(ar
2*dn~3) - (3*x72*PolyLog[2, -((b*Er(c + d*x))/a)])/(ar2*dr2) - (6*
PolyLog[3, -((b*EA(c + d*x))/a)])/(ar2*dr4) + (6*x*PolyLog[3, -((
b*EA(c + d*x))/a)])/(ar2*dr3) - (6*PolyLog[4, -((b*EAr(c + d*x))/a

Y1)/ (ar2*drg)

Rubi in Sympy [F(-2)] time = 0., size = 0, normalized size = 0.

Exception raised: PolificationFailed

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(x**3/(a+b*exp(d*x+c))**2,x)

[Out] Exception raised: PolificationFailed
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Mathematica [A] time = 0.277544, size = 158, normalized size = 0.73

ectdx )

24(dx—1)PolyLog(3,— be”dx) 24PolyL0g(4,—@) 12x(dx—2)PolyLog(2,—” a

4x3 1o

a

9 bec+dx )
. 12x log( ZE——+1 . dax 3
d* d* d? d? ad+bdecrdx
4q?

Antiderivative was successfully verified.

[In] Integrate[x”3/(a + b*EA(c + d*x))"r2,x]

[Out] ((-4*x73)/d + (4*a*x73)/(a*d + b*d*E~r(c + d*x)) + x" + (12*x"2*L
og[1 + (b*EA(c + d*x))/al)/dr2 - (4*x7A3*Log[1l + (b*EA(c + d*x))/a

1)/d - (12*x* (-2 + d*x)*PolyLog[2, -((b*EA(c + d*x))/a)])/dr3 + (

24* (-1 + d*x)*PolyLog[3, -((b*EA(c + d*x))/a)])/dr4 - (24*PolyLog

[4, -((D*EA(c + d*x))/a)])/dr4)/(4*ar2)

Maple [A] time = 0.072, size = 382, normalized size = 1.8

x3 364 1 . bedx+c 1 ol bedx+c
da (a+bedx+c) + 4 a?d4 _6azd4poy0g (4,_ ) —6Wp0y0g (3,— 2 )
(,‘3 C2 In (edx+c) C2 In ((1 + bedx+c) c3 In (edx+c)
*e a?dt a?d* +3 a?d* B a?d*
C3 In (a + bedx+c) N x_4 _ x_3 _ iln (1 . bedx+c) 4 CZ n (1 . bedx+c)
a?d4 4a2 a?d a2d* a ad* a
x2 bedx+c x3 bedx+c x2 bedx+c
—3ﬁpolylog(2,— " )—%ln(1+ . )+3a2d21n(1+ . )
+6 Lpolylog (2, - edx+c) +6— polylog (3, - edx+C) +3 cx + cx
ad3 a a?d3 a a’d’  a?d?

Verification of antiderivative is not currently implemented for this CAS.

[In] int(xA3/(a+b*exp(d*x+c))"r2,x)

[Oout] x73/a/d/(a+b*exp(d*x+c))+3/4/ar2/dr4*cr4-6*polylog(4,-b*exp(d*x+c
Y/a)/ar2/dr4-6"polylog(3,-b*exp(d*x+c)/a)/ar2/dr4+2/ar2/dr4*cAr3-3
/an2/dr4d*cr2* In(exp(d*x+c))+3/ar2/dr4*cr2* In(a+b*exp(d*x+c))-1/an
2/dnr4*cr3* In(exp(d*x+c))+1/ar2/dr4*cr3*In(a+b*exp(d*x+c))+1/4*xr4
/an2-xn3/anr2/d-1/ar2/dr4*cAr3* In(1+b*exp(d*x+c)/a)-3/ar2/dr4*cr2*1
n(l+b*exp(d*x+c)/a)-3*xr2*polylog(2,-b*exp(d*x+c)/a)/ar2/dr2-xr3*
In(1l+b*exp(d*x+c)/a)/ar2/d+3*xA2* In(1+b*exp(d*x+c)/a)/ar2/dr2+6*x
*polylog(2,-b*exp(d*x+c)/a)/ar2/dr3+6*x*polylog(3,-b*exp(d*x+c)/a
Y/ar2/dAr3+3/ar2/dr3*cr2*x+1/ar2/dAr3* cA3*x

Maxima [A]  time = 0.797398, size = 263, normalized size = 1.21

x3 d*x* —4d3x3

+
abdeldx+c) 4+ g2 4 q2d*

d3x3 log (@ + 1) +3 dzsziz (_be(ijﬁc)) -6 dXLi3(— be(i)ﬁc)) + 6L14(— be(dax+c))
) a’d*
3 (d2x2 log (@ + 1) +2dxLi, (_ be(«ixm)) — 2 Lis(— be(dax+c)))

+
a?d*

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x~3/(b*er(d*x + c) + a)~2,x, algorithm="maxima"
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[Out] x7A3/(a*b*d*er(d*x + c) + anr2*d) + 1/4*(dr4*x7r4 - 4*dr3*x7A3)/(ar2*
dr4) - (dr3*xA3*log(b*enr(d*x + c)/a + 1) + 3*dr2*xr2*dilog(-b*en(
d*x + c)/a) - 6*d*x*polylog(3, -b*er(d*x + c)/a) + 6*polylog(4, -
b*er(d*x + c)/a))/(ar2*dr4) + 3*(dr2*xnr2*log(b*er(d*x + c)/a + 1)

+ 2*d*x*dilog(-b*er(d*x + c)/a) - 2*polylog(3, -b*er(d*x + c)/a)

)/ (ar2*dnr4)

Fricas [A]  time = 0.260912, size = 446, normalized size = 2.06

a

ad*x* —ac* —4ac® - 12 (adzx2 —2adx + (bdzx2 -2 bdx) e(dx+c))Lig (—M + 1) + (bd4x4 —4bd3x3 — bt - 4bc3)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x~3/(b*er(d*x + ¢c) + a)~2,x, algorithm="fricas")

[Out] 1/4* (a*dr4*x74 - a*chr4 - 4*a*cnh3 - 12* (a*dr2*xr2 - 2*a*d*x + (b*d
A2*xAN2 - 2*b*d*x)*er(d*x + c))*dilog(-(b*er(d*x + c) + a)/a + 1)

+ (b*dnr4*xMr4 - 4*b*dA3*x7A3 - b*cr4 - 4*b*cAr3)*er(d*x + c) + 47 (a*

cA3 + 3%a*ch2 + (b*ch3 + 3'b*cAr2)*er(d*x + c))*log(b*er(d*x + C)

+ a) - 4*(a*d”r3*xA3 - 3*a*dA2*xA2 + a*cMr3 + 3*a*cnh2 + (b*dA3TxA3

- 3*b*dA2*xA2 + b*cAr3 + 3*b*cAr2)*er(d*x + c))*log((b*er(d*x + c)

+ a)/a) - 24*(b*er(d*x + c) + a)*polylog(4, -b*er(d*x + c)/a) + 2
4*(a*d*x + (b*d*x - b)*eAr(d*x + c) - a)*polylog(3, -b*er(d*x + c)
/a))/(ar2*b*drd*er(d*x + ¢c) + ar3*dr4g)

Sympy [F] time = 0., size = 0, normalized size = 0.

3x? dx3
x3 .[( a+beced") dx + I a+becedx dx

a?d + abdec+dx ’ ad

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x**3/(a+b*exp(d*x+c))**2,x)

[Out] x**3/(a**2*d + a*b*d*exp(c + d*x)) + (Integral(-3*x**2/(a + b exp
(c)*exp(d*x)), x) + Integral(d*x**3/(a + b*exp(c)*exp(d*x)), x))/
(a*d)

GIAC/XCAS [F]  time = 0., size = 0, normalized size = 0.

3
J x—z dx
(beldx+e) 1 q)
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x~3/(b*er(d*x + c) + a)~2,x, algorithm="giac")

[Out] integrate(xA3/(b*er(d*x + c) + a)r2, x)
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310 | (X—Z dx

a+bec+dx)?

Optimal. Leaf size=165

2PolyLog (2, —g) 2PolyLog (3, - bezdx ) 2xPolyLog (2, - bezdx )
atd? i 2d3 - 2d°
Zrlog (¥ " 1) xlog (¥ " 1) ¥ X x?
+ a2d? - a2d - @ + g + m

[Out] -(x~2/(ar2*d)) + xr2/(a*d*(a + b*EA(c + d*x))) + x~3/(3*ar2) + (2
*x*Log[1 + (b*EA(c + d*x))/a])/(ar2*dr2) - (xA2*Log[l + (b*EA(c +
d*x))/al])/(ar2*d) + (2*PolyLog[2, -((b*EA(c + d*x))/a)])/(ar2*dn

3) - (2*x*PolyLog[2, -((b*EA(c + d*x))/a)])/(ar2*d”r2) + (2*PolyLo

g3, -((b*E~r(c + d*x))/a)])/(ar2*d"3)

Rubi [A]  time = 0.633445, antiderivative size = 165, normalized size of antiderivative = 1., number

number of rules _ ; 599

of steps used = 11, number of rules used = 9, integrand size = 17, = -
integrand size

2PolyLog (2, —#) 2PolyLog (3, _ beca*d") 2xPolyLog (2, _ bec;dx)
2d3 * a?d3 B a’d?
2xlog (@ + 1) x%log (@ + 1) PR X2
* 242 - a2d T @2d 3@ " ad (a+ beerdx)

Antiderivative was successfully verified.

[In] 1Int[x7A2/(a + b*EA(c + d*x))"2,X]

[Out] -(x~2/(ar2*d)) + x72/(a*d*(a + b*EA(c + d*x))) + xA3/(3*ar2) + (2
*x*Log[1 + (b*EAr(c + d*x))/a]l)/(ar2*dr2) - (x~2*Log[l + (b*EAr(c +
d*x))/al)/(ar2*d) + (2*PolyLog[2, -((b*EA(c + d*x))/a)])/(ar2*d~

3) - (2*x*PolyLog[2, -((b*EA(c + d*x))/a)])/(ar2*dr2) + (2*PolyLo

gl3, -((b*Er(c + d*x))/a)])/(ar2*dr3)

Rubi in Sympy [F(-1)]  time = 0., size = 0, normalized size = 0.

Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(x**2/(a+b*exp(d*x+c))**2,x)

[Out] Timed out

Mathematica [A] time = 0.32725, size = 113, normalized size = 0.68

c+dx cidx d?x*(adx+b(dx—3)ec*ax crdx
(6 — 6dx)PolyLog (2, - bea ) + 6PolyLog (3, —bea ) + ( — ) — 3dx(dx — 2) log (beT +1

3a’d?
Antiderivative was successfully verified.

[In] Integrate[x”2/(a + b*EA(c + d*x))/r2,x]



47

[Out] ((dr2*x72*(a*d*x + D*EA(c + d*x)*(-3 + d*x)))/(a + b*EA(c + d*x))
- 3*d*x* (-2 + d*x)*Log[1 + (b*E~r(c + d*x))/a] + (6 - 6*d*x)*Poly
Log[2, -((b*E~r(c + d*x))/a)] + 6*PolyLog[3, -((b*EA(c + d*x))/a)]

)Y/ (3*anr2*dA3)

Maple [B] time = 0.062, size = 324, normalized size = 2.

x2 2ln (e9*¢)  c?In(a+bed¢) x3  2x 2
+ - —_
da (a + bedx+c) a?d’ a?d’ 3a2 a?d? 3a2d3
2 bedx+c C2 bedx+c x edx+c
—ﬁln(1+ p; )+Wln(1+—)—2ﬁpolylog(2,— . )
1 edx+c cln (edx*c) cln(a+ bedx*c) x2 xc
*e a?d3 polylog|3, - a’d3 B a?d3 S a2d a2
CZ x bedx+c c bedx+c 1 edx+c
-=F +2 D In (1 + p ) +2 ey In (1 + ) +2 a2d3polylog (2, - )

Verification of antiderivative is not currently implemented for this CAS.
[In] int(x72/(a+b*exp(d*x+c))"2,x)

[Out] x72/a/d/(a+b*exp(d*x+c))+1/ar2/dAr3*cAr2*In(exp(d*x+c))-1/ar2/dAr3*c
A2*1In(a+b*exp(d*x+c))+1/3*xr3/ar2-1/ar2/dr2*cr2*x-2/3/ar2/dA3*cA3
-xA"2*1In(1+b*exp(d*x+c)/a)/ar2/d+1/ar2/d"3*In(1+b*exp(d*x+c)/a) *cA
2-2*x*polylog(2,-b*exp(d*x+c)/a)/ar2/dr2+2*polylog(3,-b*exp(d*x+c
Y/a)/anr2/dr3+2/ar2/dr3*c* In(exp(d*x+c))-2/ar2/dr"3*c* In(a+b*exp(d*
X+c))-xA2/ar2/d-2/ar2/dr2*c*x-1/ar2/dr3*cr2+2*x* In(1+b*exp (d*x+cC)
/a)/anr2/dr2+2/ar2/dA3* In(1+b*exp(d*x+c)/a)*c+2*polylog(2,-b*exp(d
*x+c)/a)/ar2/d 3

Maxima [A] time = 0.802697, size = 201, normalized size = 1.22

52 B33 — 3422 d*x? log (w + 1) + 2dxLi, (—@) - 2Lh(—@)
+ pa—
abde(dx+0) 1 q24 3 a’d? a’d?
2 (dxlog (m + 1) +Li, (—m))
a a

+
a’d?

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x~2/(b*er(d*x + c) + a)~2,x, algorithm="maxima"

[Out] xA2/(a*b*d*er(d*x + c) + ar2*d) + 1/3*(dr3*xA3 - 3*dA2*xA2)/(ar2*
dr3) - (dr2*xr2*log(b*er(d*x + c)/a + 1) + 2*d*x*dilog(-b*er(d*x

+ c)/a) - 2*polylog(3, -b*er(d*x + c)/a))/(ar2*dr3) + 2*(d*x*log(
b*er(d*x + c)/a + 1) + dilog(-b*er(d*x + c)/a))/(ar2*dr3)

Fricas [A] time = 0.25524, size = 355, normalized size = 2.15

ad®*x® +ac® +3ac’* -6 (adx + (bdx — b)eldx+e) — a) Li, (—% + 1) + (bd3x — 3bd?x? + bc® + 3 be?) eldx+¢) — 3 (ac2

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x~2/(b*er(d*x + ¢c) + a)~2,x, algorithm="fricas")
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[Out] 1/3*(a*d”r3*x73 + a*c”r3 + 3*a*cnr2 - 6*(a*d*x + (b*d*x - b)*er(d*x
+ c) - a)*dilog(-(b*er(d*x + ¢c) + a)/a + 1) + (b*dr3*x7A3 - 3*b*d~»
2*xX7A2 + b*cA3 + 3*b*cA2)*er(d*x + ¢c) - 3*(a*cr2 + 2*a*c + (b*cA2

+ 2*b*c)*er(d*x + c))*log(b*er(d*x + c) + a) - 3*(a*dr2*x"r2 - a*c

A2 - 2*a*d*x - 2%*a*c + (b*dA2*xA2 - b*cA2 - 2*b*d*x - 2*b*c)*er(d

*x + ¢c))*log((b*er(d*x + c) + a)/a) + 6*(b*er(d*x + c) + a)*polyl
og(3, -b*er(d*x + c)/a))/(ar2*b*dr3*er(d*x + c) + ar3*dr3)

Sympy [F] time = 0., size = 0, normalized size = 0.

2 I(_—zx )dx+f—dx2 dx

X a+beCedx a+becedx

22d + abdecrdx ad

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x**2/(a+b*exp(d*x+c))**2,x)

[Out] x**2/(a**2*d + a*b*d*exp(c + d*x)) + (Integral(-2*x/(a + b*exp(c)
*exp(d*x)), x) + Integral(d*x**2/(a + b*exp(c)*exp(d*x)), x))/(a*
d)

GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

2
X
—  —dx
I (be(dx+c) + a)z

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x~2/(b*er(d*x + c) + a)~2,x, algorithm="giac")

[Out] integrate(xA2/(b*er(d*x + c) + a)r2, x)
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311 | ey 0¥

a+bec+dx)2

Optimal. Leaf size=107

PolyLog (2, —be:dx) log (a + bec*?x) x log (# + 1) v 2 X
- a2d? * a2d? B a’d  a2d * 2a? * m

[Out] -(x/(ar2*d)) + x/(a*d*(a + b*EA(c + d*x))) + x7r2/(2*ar2) + Logla
+ b*EA(c + d*x)]/(ar2*dr2) - (x*Log[l + (b*EA(c + d*x))/a]l)/(anr2*
d) - PolyLog[2, -((b*Er(c + d*x))/a)]/(ar2*dr2)

Rubi [A]  time = 0.324003, antiderivative size = 107, normalized size of antiderivative = 1., number
number of rules _ ¢

of steps used = 10, number of rules used = 10, integrand size = 15, = -
integrand size

c+dx

_PolyLog (2, —”ET) log (a + bec*%) ) x log (bec;dx + 1) x i X

¥ - I S—
a2d? a?d? ad a*d  2a*  ad (a+ bec+dx)

Antiderivative was successfully verified.
[In] 1Int[x/(a + b*EA(c + d*x))"2,x]
[Out] -(x/(ar2*d)) + x/(a*d*(a + b*EA(c + d*x))) + x"2/(2*anr2) + Log[a

+ b*EA(c + d*x)]/(ar2*dr2) - (x*Log[1l + (b*EA(c + d*x))/a]l)/(ar2*
d) - PolyLog[2, -((b*Er(c + d*x))/a)]/(ar2*dr2)

Rubi in Sympy [F]  time = 0., size = 0, normalized size = 0.

xe—c—dxec+dx Ix dx xe—c—dxec+dx log (a + bec+dx)

ad (a + bec*dx) TR a’d
bec+dx
xe—c—dx pordx log (ec+dx) xlog (l + = ) xlog (a 4 bec+dx)
* a?d - ad i a?d
. bec+dx
xlog (ec+dx) log (a + bec+dx) log (ec+dx) Li, (— 2 )
- ad a?d? &2 - ad?

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(x/(a+b*exp(d*x+c))**2,x)

[Out] x*exp(-c - d*x)*exp(c + d*x)/(a*d*(a + b*exp(c + d*x))) + Integra
1(x, x)/a**2 - x*exp(-c - d*x)*exp(c + d*x)*log(a + b*exp(c + d*x
Y)/(a**2*d) + x*exp(-c - d*x)*exp(c + d*x)*log(exp(c + d*x))/(a**

2*d) - x*log(1 + b*exp(c + d*x)/a)/(a**2*d) + x*log(a + b*exp(c +
d*x))/(a**2*d) - x*log(exp(c + d*x))/(a**2*d) + log(a + b*exp(c

+ d*x))/(a**2*d**2) - log(exp(c + d*x))/(a**2*d**2) - polylog(2,
-b*exp(c + d*x)/a)/(a**2*d**2)

Mathematica [A] time = 0.153561, size = 85, normalized size = 0.79

dx(adx+b(dx—2)ec*dx)
a+bec+dx

2a2d>?

c+dx

- 2(dx - 1log (25 + 1)

—2PolyLog (2, — berd ) +

a

Antiderivative was successfully verified.
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[In] Integrate[x/(a + b*EA(c + d*x))"2,x]

[Out] ((d*x*(a*d*x + b*EA(c + d*x)* (-2 + d*x)))/(a + b*EA(c + d*x)) - 2
*(-1 + d*x)*Log[1 + (b*EA(c + d*x))/a] - 2*PolyLog[2, -((b*EAr(c +
d*x))/a)])/(2*ar2*dAr2)

Maple [C]  time = 0.041, size = 231, normalized size = 2.2

x? xc c? In (a + bedx*c) bed*+cx
2a2 " daz " 2da? T d?a? " da? (a + bedx+c)
) pedx+c, 1 dilog(a . bedx+c) EN (a N bedx+c)
d?a® (a + bedx+c)  d*a? da? a
o (a + bed’”c) ~ cln (edx+c) . cln (a + bedx+c) ~ c
d?a? a d?a? d’a? d2a (a + bedx+c)

Verification of antiderivative is not currently implemented for this CAS.
[In] int(x/(a+b*exp(d*x+c))Ar2,x)

[Out] 1/2*x72/anr2+1/d/ar2*x*c+1/2/dr2/ar2*cr2+1n(a+b*exp(d*x+c))/ar2/dA
2-1/d/ar2*b*exp(d*x+c)/(a+b*exp(d*x+c)) *x-1/dr2/ar2*b*exp(d*x+c)/
(a+b*exp(d*x+c))*c-1/dr2/ar2*dilog((a+b*exp(d*x+c))/a)-1/d/ar2*1n
((a+b*exp(d*x+c))/a)*x-1/dr2/ar2*1n((a+b*exp(d*x+c))/a)*c-1/dr2*c
/ar2*1n(exp(d*x+c))+1/dr2*c/ar2* In(a+b*exp(d*x+c))-1/dr2*c/a/ (a+b

*exp(d*x+c))

Maxima [A]  time = 0.791863, size = 128, normalized size = 1.2

dxlog (w + 1) + Liy (_W) log (be(dx+c) N a)

x x x
+
a?d>?

SR
abdeldx+c) + q2d = 2a®> a?d a’d?

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x/(b*er(d*x + c) + a)*2,x, algorithm="maxima"

[Out] x/(a*b*d*er(d*x + c) + ar2*d) + 1/2*xnr2/ar2 - x/(ar2*d) - (d*x*1lo
g(b*er(d*x + c)/a + 1) + dilog(-b*eAr(d*x + c)/a))/(ar2*dr2) + log
(b*er(d*x + ¢c) + a)/(ar2*dr2)

Fricas [A]  time = 0.255239, size = 238, normalized size = 2.22

ad*x* — ac® —2ac -2 (be(d’”c) + a) Li, (—w + 1) + (bd®x* = bc? — 2 bdx — 2 bc) eldx+e) 4 o (ac + (be + b)el*+e) 4

a
2 (a®bd?eldx+c) + g3d?)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x/(b*er(d*x + c) + a)?2,x, algorithm="fricas")

[Out] 1/2* (a*dAr2*xA2 - a*chr2 - 2*a*c - 2*(b*er(d*x + c) + a)*dilog(-(b*
er(d*x + ¢c) + a)/a + 1) + (b*dr2*xA2 - b*cAr2 - 2*b*d*x - 2*b*c)*e
A(d*x + ¢c) + 2" (a*c + (b*c + b)*er(d*x + c) + a)*log(b*er(d*x + cC

) + a) - 2*(a*d*x + a*c + (b*d*x + b*c)*er(d*x + c))*log((b*er(d*

X + c) + a)/a))/(ar2*b*dr2*er(d*x + c) + ar3*dr2)
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Sympy [F] time = 0., size = 0, normalized size = 0.

—dx _ -1
x fa+becedx dx + I( a+becedx) dx

22d + abdecrdx ad

Verification of antiderivative is not currently implemented for this CAS.
[In] integrate(x/(a+b*exp(d*x+c))**2,x)

[Out] x/(a**2*d + a*b*d*exp(c + d*x)) + (Integral(d*x/(a + b*exp(c)*exp
(d*x)), x) + Integral(-1/(a + b*exp(c)*exp(d*x)), x))/(a*d)

GIAC/XCAS [F]  time = 0., size = 0, normalized size = 0.

J S
(beldx+e) + q) 2

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x/(b*er(d*x + c) + a)~2,x, algorithm="giac")

[Out] integrate(x/(b*er(d*x + c) + a)”r2, x)
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312 [ —l—dx

(a+bec+dx) ?

Optimal. Leaf size=46

log (a + be X 1
- + =+

a?d a*  ad (a + bectdx)

c+dx)

[Out] 1/(a*d*(a + b*EA(c + d*x))) + x/ar2 - Logl[a + b*EA(c + d*x)]/(ar2
*d)

Rubi [A]  time = 0.0647441, antiderivative size = 46, normalized size of antiderivative = 1., number
number of rules _ ( 154

of steps used = 3, number of rules used = 2, integrand size = 13, = -
integrand size

log (a + bec*dx)

a?d a? i ad (a + bec+dx)

Antiderivative was successfully verified.

[In] Int[(a + b*EA(c + d*x))A(-2),x]

[Out] 1/(a*d*(a + b*EA(c + d*x))) + x/ar2 - Logl[a + b*E~r(c + d*x)]/(ar2
*d)

Rubi in Sympy [A]  time = 12.9474, size = 88, normalized size = 1.91

e—c—dxec+dx e—c—dxec+dx10g(a_+bec+dx) e—c—dxec+dx10g(ec+dx)
— +
ad (a + bec*dx) a’d ad

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(1l/(a+b*exp(d*x+c))**2,x)

[Out] exp(-c - d*x)*exp(c + d*x)/(a*d*(a + b*exp(c + d*x))) - exp(-c -
d*x)*exp(c + d*x)*log(a + b*exp(c + d*x))/(a**2*d) + exp(-c - d*x
Y*exp(c + d*x)*log(exp(c + d*x))/(a**2*d)

Mathematica [A] time = 0.0577621, size = 41, normalized size = 0.89

c+dx
a log(a+be

ad+bdecdx d
aZ

+ X

Antiderivative was successfully verified.

[In] 1Integrate[(a + b*EA(c + d*x))A(-2),x]

[Out] (a/(a*d + b*d*EA(c + d*x)) + x - Log[a + b*EA(c + d*x)]/d)/ar2

Maple [A] time = 0.003, size = 54, normalized size = 1.2

In (e9**¢)  In (a + be?**c) 1

da? da? * ad (a + bedx+c)
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Verification of antiderivative is not currently implemented for this CAS.

[In] int(1/(a+b*exp(d*x+c))Ar2,x)

[Out] 1/d/ar2*1n(exp(d*x+c))-1ln(a+b*exp(d*x+c))/ar2/d+1/a/d/(a+b*exp(d*
X+C))

Maxima [A] time = 0.862244, size = 69, normalized size = 1.5

1 dx+c 1og (be(d’”c) + a)
(abeldx+o) + g2)d T ad

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((b*er(d*x + c) + a)”(-2),x, algorithm="maxima"

[Out] 1/((a*b*er(d*x + c) + anr2)*d) + (d*x + c)/(ar2*d) - log(b*er(d*x
+ ¢c) + a)/(ar2*d)

Fricas [A]  time = 0.254929, size = 81, normalized size = 1.76

bdxe'@**¢) + adx — (be<d’”c) + a) log (be(dx*c) + a) +a

a?bdeldx+c) 1+ g3d

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((b*er(d*x + c) + a)~r(-2),x, algorithm="fricas")

[Out] (b*d*x*eA(d*x + c) + a*d*x - (b*er(d*x + c) + a)*log(b*er(d*x + cC
) + a) + a)/(ar2*b*d*er(d*x + ¢c) + ar3*d)

Sympy [A]  time = 0.310755, size = 39, normalized size = 0.85

1 x ) log (% +ec+dx)

_— 4
a?d + abdec*dx  a? a’d
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(l/(a+b*exp(d*x+c))**2,x)

[Out] 1/(a**2*d + a*b*d*exp(c + d*x)) + x/a**2 - log(a/b + exp(c + d*x)
)/(a**z*d)

GIAC/XCAS [A]  time = 0.269408, size = 70, normalized size = 1.52

dx+c n (!be(d’”c) + a|) 1
a2d a’d i (beldx+9) + q) ad

Verification of antiderivative is not currently implemented for this CAS.
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[In] integrate((b*er(d*x + c) + a)~(-2),x, algorithm="giac")

[Out] (d*x + c)/(ar2*d) - 1ln(abs(b*er(d*x + ¢c) + a))/(ar2*d) + 1/((b*er
(d*x + ¢c) + a)*a*d)
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313 [ —L—dx

(a+bec+dx) ’x

Optimal. Leaf size=20

Int ;z,x
x (a + bec+dx)

[Out] Unintegrable[1/((a + b*EA(c + d*x))"2*x), X]

Rubi [A]  time = 0.0698353, antiderivative size = 0, normalized size of antiderivative = 0., number of

number of rules _

steps used = 0, number of rules used = 0, integrand size = 0, = - =
integrand size

(a + bec+dx) x

Verification is Not applicable to the result.

[In] Int[1/((a + bD*EA(c + d*x))"2*x),X]

[Out] Defer[Int][1/((a + b*EA(c + d*x))"A2*x), X]

Rubi in Sympy [A]  time = 0., size = 0, normalized size = 0.

1
[
x (a + bec+dx)
Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(1l/(a+b*exp(d*x+c))**2/x,x)

[Out] Integral(1l/(x*(a + b*exp(c + d*x))**2), x)

Mathematica [A] time = 0.859048, size = 0, normalized size = 0.

1
[ w
(a + bec+dx) x
Verification is Not applicable to the result.

[In] Integrate[l/((a + b*EA(c + d*x))"2*x),X]

[Out] Integrate[1l/((a + b*EA(c + d*x))"A2"x), X]

Maple [A] time = 0.041, size = 0, normalized size = 0.

J i
- dx
(a+bedx*c)2x

Verification of antiderivative is not currently implemented for this CAS.
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[In] int(1/(a+b*exp(d*x+c))r2/x,X)

[Out] int(1/(a+b*exp(d*x+c))r2/x,X)

Maxima [A]  time = 0., size = 0, normalized size = 0.

1 . I dx +1 d
x
abdxeldx+c) 4 g2y abdx?eldx+c) 4 q2dx2

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1l/((b*er(d*x + c) + a)”2*x),x, algorithm="maxima"

[Out] 1/(a*b*d*x*enr(d*x + c) + anr2*d*x) + integrate((d*x + 1)/(a*b*d*xA
2*er(d*x + c) + anr2*d*xn2), x)

Fricas [A] time = 0., size = 0, normalized size = 0.

1

X
b2xe2dx+2¢) 4 9 ghxeldx+c) 4 azx’

integral
Verification of antiderivative is not currently implemented for this CAS.
[In] integrate(1l/((b*er(d*x + c) + a)”2*x),x, algorithm="fricas")

[Out] integral(1/(br2*x*er(2*d*x + 2*c) + 2*a*b*x*er(d*x + c) + ar2*x),
X)

Sympy [A]  time = 0., size = 0, normalized size = 0.

dx 1
1 J ax?+bx2ecedx dx + I ax?+bx2ecedx dx
a?dx + abdxec*dx ad

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(l/(a+b*exp(d*x+c))**2/x,x)

[Out] 1/(a**2*d*x + a*b*d*x*exp(c + d*x)) + (Integral(d*x/(a*x**2 + b*x
**2*exp(c)*exp(d*x)), x) + Integral(l/(a*x**2 + b*x**2*exp(c)*exp
(d*x)), x))/(a*d)

GIAC/XCAS [A]  time = 0., size = 0, normalized size = 0.

1
j 5 dx
(beldx+e) + q) °x
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1l/((b*er(d*x + c) + a)”r2*x),x, algorithm="giac")

[Out] integrate(l/((b*er(d*x + c) + a)”r2*x), X)
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314 [ —Ll——dx

(a+bec+dx) ’x?

Optimal. Leaf size=20

x2 ((1 + bec+dx)

[Out] Unintegrable[1/((a + b*EA(c + d*x))"2*xr2), X]

Rubi [A]  time = 0.0659959, antiderivative size = 0, normalized size of antiderivative = 0., number of

number of rules _

steps used = 0, number of rules used = 0, integrand size = 0, = - =
integrand size

(a+ bec+dx) x2

Verification is Not applicable to the result.

[In] Int[1/((a + b*EA(c + d*x))"2*x"2),X]

[Out] Defer[Int][1/((a + D*EA(c + d*x))"2*xr2), Xx]

Rubi in Sympy [A]  time = 0., size = 0, normalized size = 0.

1
[t
x2 (a + bec+dx)
Verification of antiderivative is not currently implemented for this CAS.

[In] <rubi_integrate(1l/(a+b*exp(d*x+c))**2/x**2,x)

[Out] Integral(1l/(x**2*(a + b*exp(c + d*x))**2), x)

Mathematica [A] time = 0.748621, size = 0, normalized size = 0.

1
[t
(a + bec+dx) x2
Verification is Not applicable to the result.

[In] Integrate[l/((a + b*EA(c + d*x))N2*x"2),X]

[Out] Integrate[1l/((a + b*EA(c + d*x))"2*xA2), X]

Maple [A] time = 0.051, size = 0, normalized size = 0.

1
———dx
I (a + bedx+e) ? x2

Verification of antiderivative is not currently implemented for this CAS.
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[In] dint(1/(a+b*exp(d*x+c))N2/xXA2,X)

[Out] int(1/(a+b*exp(d*x+c))r2/xA2,x)

Maxima [A]  time = 0., size = 0, normalized size = 0.

1 d 2
+J’ X + dx

abdx?eldx+c) 4 g2dx? abdx3eldx+c) + g2dx3

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/((b*er(d*x + c) + a)”r2*x72),x, algorithm="maxima"

[Out] 1/(a*b*d*x"2*er(d*x + c) + anr2*d*x~2) + integrate((d*x + 2)/(a*b*
d*xr3*er(d*x + ¢c) + ar2*d*xA3), x)

Fricas [A] time = 0., size = 0, normalized size = 0.

1
b2x2e(2dx+2¢) L 2 abx2eldx+c) 4 g252°

integral
Verification of antiderivative is not currently implemented for this CAS.
[In] integrate(1l/((b*er(d*x + c) + a)”r2*x72),x, algorithm="fricas")

[Out] integral(1/(br2*xr2*er(2*d*x + 2*c) + 2*a*b*xr2*er(d*x + c) + anr2
*XN2), X)

Sympy [A]  time = 0., size = 0, normalized size = 0.

dx J 2
1 -|~ ax3+bx3ecedx dx + ax3+bx3ecedx dx
a’dx? + abdx?ectdx ad

Verification of antiderivative is not currently implemented for this CAS.
[In] integrate(1l/(a+b*exp(d*x+c))**2/x**2,x)

[Out] 1/(a**2*d*x**2 + a*b*d*x**2*exp(c + d*x)) + (Integral(d*x/(a*x**3
+ b*x**3*exp(c)*exp(d*x)), x) + Integral(2/(a*x**3 + b*x**3*exp(
c)*exp(d*x)), x))/(a*d)

GIAC/XCAS [A]  time = 0., size = 0, normalized size = 0.

1
J S— dx
(be(dx+c) + a) x2
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1l/((b*er(d*x + c) + a)”r2*x72),x, algorithm="giac")

[Out] integrate(1l/((b*er(d*x + c) + a)”r2*xA2), X)
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1
315 [ —L dx
(a+bec_dx)2
Optimal. Leaf size=48
log (a +be™®) & 1
+ —_———_————
a?d a?  ad (a+ be=9)

[Out] -(1/(a*d*(a + b*E~A(c - d*x)))) + x/ar2 + Log[a + b*EA(c - d*x)]/(
ar2*d)

Rubi [A] time = 0.0659949, antiderivative size = 48, normalized size of antiderivative = 1., number
number of rules _ 143

of steps used = 3, number of rules used = 2, integrand size = 14, = -
integrand size

log (a +bec )  x 1

a’d T2 ad (a + bec=4x)

Antiderivative was successfully verified.

[In] Int[(a + b*EA(c - d*x))A(-2),x]

[Out] -(1/(a*d*(a + b*E~r(c - d*x)))) + x/ar2 + Log[a + b*EAr(c - d*x)]/(
an2*d)

Rubi in Sympy [A] time = 14.0406, size = 83, normalized size = 1.73

e—c+dxec—dx e—c+dxec—dxlog(a_+bec—dx) e—c+dxec—dxlog(ec—dx)

ad (a + bec—ax) ’ a’d a’d

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(1/(a+b*exp(-d*x+c))**2,x)

[Out] -exp(-c + d*x)*exp(c - d*x)/(a*d*(a + b*exp(c - d*x))) + exp(-c +
d*x)*exp(c - d*x)*log(a + b*exp(c - d*x))/(a**2*d) - exp(-c + d*
x)*exp(c - d*x)*log(exp(c - d*x))/(a**2*d)

Mathematica [A]  time = 0.0519499, size = 42, normalized size = 0.88

+log (aed™ + be®)
a’d

aedxipec

Antiderivative was successfully verified.

[In] Integrate[(a + b*EA(c - d*x))A(-2),x]

[out] ((b*EAc)/(b*Erc + a*EA(d*x)) + Log[b*EAc + a*EA(d*x)])/(ar2*d)

Maple [A] time = 0.003, size = 58, normalized size = 1.2

In (e79**¢) In (a + be~9x*c) 1
 da? " da? ad (a + be~dx+c)
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Verification of antiderivative is not currently implemented for this CAS.
[In] int(1/(a+b*exp(-d*x+c))~2,x)

[Out] -1/d/ar2*1n(exp(-d*x+c))+1In(a+b*exp(-d*x+c))/ar2/d-1/a/d/ (a+b*exp
(-d*x+c))

Maxima [A] time = 0.789147, size = 74, normalized size = 1.54

) 1 . dx — ¢ . log (be(_d’”c) + a)
(abet-dx+e) + q2)d  a*d a’d

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((b*er(-d*x + c) + a)~(-2),x, algorithm="maxima"

[Out] -1/((a*b*er(-d*x + ¢c) + ar2)*d) + (d*x - c)/(ar2*d) + log(b*er(-d
*xX + ¢c) + a)/(ar2*d)

Fricas [A]  time = 0.274957, size = 88, normalized size = 1.83

bdxe=4+) 1 adx + (be(_d’”c) + a) log (be(_d’”c) + a) -a

a?bde-dx+c) 1 g3d

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((b*er(-d*x + c) + a)~(-2),x, algorithm="fricas")

[Out] (b*d*x*er(-d*x + c) + a*d*x + (b*er(-d*x + c) + a)*log(b*er(-d*x
+ c) + a) - a)/(ar2*b*d*er(-d*x + ¢c) + ar3*d)

Sympy [A]  time = 0.318285, size = 39, normalized size = 0.81

1 x log (% + e"‘d")

-
a?d + abdec—4x g2 a?d

Verification of antiderivative is not currently implemented for this CAS.
[In] integrate(l/(a+b*exp(-d*x+c))**2,x)

[Out] -1/(a**2*d + a*b*d*exp(c - d*x)) + x/a**2 + log(a/b + exp(c - d*x
))/(a**2*d)

GIAC/XCAS [A]  time = 0.25544, size = 76, normalized size = 1.58

dx—c¢ In (!be(_d’“c) + a!) 1
2d a?d - (be(=dx+c) + g) ad

Verification of antiderivative is not currently implemented for this CAS.
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[In] integrate((b*er(-d*x + c) + a)~(-2),x, algorithm="giac")

[Out] (d*x - c)/(ar2*d) + 1ln(abs(b*er(-d*x + c) + a))/(ar2*d) - 1/((b*e
A(-d*x + ¢c) + a)*a*d)
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1
316 [ —L1—dx
(a+be‘c_dx)2
Optimal. Leaf size=52
log (a +be™7%*)  x 1
a’d a*>  ad(a+ becdx)

[Out] -(1/(a*d*(a + b*EA(-c - d*x)))) + x/ar2 + Logl[a + b*EA(-c - d*x)]
/(ar2*d)

Rubi [A] time = 0.0699595, antiderivative size = 52, normalized size of antiderivative = 1., number
number of rules _ 195

of steps used = 3, number of rules used = 2, integrand size = 16, = -
integrand size

log (a + be=c=4%)

a?d T2 ad (a + be=¢=9x)

Antiderivative was successfully verified.

[In] 1Int[(a + b*EA(-c - d*x))A(-2),x]

[Out] -(1/(a*d*(a + b*EA(-c - d*x)))) + x/ar2 + Logl[a + b*EA(-c - d*x)]
/(ar2*d)

Rubi in Sympy [A] time = 13.867, size = 94, normalized size = 1.81

e—c—dxec+dx e—c—dxec+dx log (a 4 be—c—dx) e—c—dxec+dx 10g (e—c—dx)

ad (a + be~c~dx) ’ a’d a’d

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(1/(a+b*exp(-d*x-c))**2,x)

[Out] -exp(-c - d*x)*exp(c + d*x)/(a*d*(a + b*exp(-c - d*x))) + exp(-c
- d*x)*exp(c + d*x)*log(a + b*exp(-c - d*x))/(a**2*d) - exp(-c -
d*x)*exp(c + d*x)*log(exp(-c - d*x))/(a**2*d)

Mathematica [A] time = 0.0511566, size = 35, normalized size = 0.67

+log (ae*9x + b)

a’d

b
aectdx . p

Antiderivative was successfully verified.

[In] Integrate[(a + b*EA(-c - d*x))"(-2),x]

[Out] (b/(b + a*EA(c + d*x)) + Log[b + a*EA(c + d*x)])/(ar2*d)

Maple [A] time = 0.003, size = 64, normalized size = 1.2

In (€79¥=¢)  In(a + be 9x¢) 1
 da? " da? Cad (a + be~dx=c)
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Verification of antiderivative is not currently implemented for this CAS.
[In] int(1/(a+b*exp(-d*x-c))~2,x)

[Out] -1/d/ar2*1n(exp(-d*x-c))+1In(a+b*exp(-d*x-c))/ar2/d-1/a/d/ (a+b*exp
(-d*x-c))

Maxima [A] time = 0.861881, size = 77, normalized size = 1.48

! + dx +c + log (be(_dx_c) + a)

- (abet-dx=9) + g2)d ~ a?*d a’d

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((b*er(-d*x - c) + a)~(-2),x, algorithm="maxima"

[Out] -1/((a*b*er(-d*x - ¢c) + anr2)*d) + (d*x + c)/(ar2*d) + log(b*er(-d
*x - ¢c) + a)/(ar2*d)

Fricas [A] time = 0.259679, size = 99, normalized size = 1.9

bdxe=%*=) 4+ adx + (be(‘dx‘c) + a) log (be(_dx‘c) + a) -a

a?bde(-4x=¢) 4 g3

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((b*er(-d*x - c) + a)~(-2),x, algorithm="fricas")

[Out] (b*d*x*er(-d*x - c) + a*d*x + (b*er(-d*x - c) + a)*log(b*er(-d*x
- ¢c) +a) - a)/(ar2*b*d*er(-d*x - ¢c) + ar3*d)

Sympy [A]  time = 0.334785, size = 42, normalized size = 0.81

L x egees)
a?d + abde=c—4x g2 ad

Verification of antiderivative is not currently implemented for this CAS.
[In] integrate(l/(a+b*exp(-d*x-c))**2,x)

[Out] -1/(a**2*d + a*b*d*exp(-c - d*x)) + x/a**2 + log(a/b + exp(-c - d
*X))/(a**z*d)

GIAC/XCAS [A] time = 0.256108, size = 78, normalized size = 1.5

de+c In (|be(_d"‘c) + a!) 1
2d a’d B (be=dx=) + q) ad

Verification of antiderivative is not currently implemented for this CAS.
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[In] integrate((b*er(-d*x - c¢c) + a)~(-2),x, algorithm="giac")

[Out] (d*x + c)/(ar2*d) + 1ln(abs(b*er(-d*x - c) + a))/(ar2*d) - 1/((b*e
A(-d*x - ¢c) + a)*a*d)
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317 | (X—3 dx

a+bectdx)’

Optimal. Leaf size=333

3PolyLog (2, - be:dx ) 9PolyLog (3, - bezdx ) 6PolyLog (4’ _ beca*dx )
a3d* B3d? B
9xPolyLog (2’ - bec;dx) 6xPolyLog (3, b e‘;d") 3x2PolyLog (z, _M)
' @d® ' a’d? a 3d?
_ BL + wy - = toa
3x3 x* 3x2 33 3

T23d 1B 28 (a + becrdx) " @d (a + becrdx) i 2ad (a + bec+dx) ?

[out] (3*x72)/(2*anr3*dr2) - (3*xA2)/(2*ar2*dr2*(a + b*EA(c + d*x))) - (
3*xA3)/(2*anr3*d) + xA3/(2*a*d*(a + b*EA(c + d*x))~2) + x7r3/(ar2*d
*(a + b*EAr(c + d*x))) + xnr4/(4*ar3) - (3*x*Log[1 + (b*EA(c + d*x)
Y/al)/(ar3*dAr3) + (9*xA2*Log[1 + (b*EA(c + d*x))/a])/(2*anr3*dAr2)
- (x~3*Log[1 + (b*EA(c + d*x))/a])/(ar3*d) - (3*PolyLog[2, -((b*E
A(c + d*x))/a)])/(ar3*dr4) + (9*x*PolyLog[2, -((b*EA(c + d*x))/a)

1)/ (ar3*dr3) - (3*x72*PolyLog[2, -((b*EA(c + d*x))/a)])/(ar3*dr2)

- (9*PolyLog[3, -((b*EAr(c + d*x))/a)])/(ar3*dr4) + (6*x*PolyLog[
3, -((b*EAr(c + d*x))/a)])/(ar3*dr3) - (6*PolyLog[4, -((b*EA(c + d
*x))/a)l)/(ar3*dr4)

Rubi [A]  time = 1.69361, antiderivative size = 333, normalized size of antiderivative = 1., number of
number of rules _ ( sgg

steps used = 26, number of rules used = 10, integrand size = 17, = -
integrand size

3PolyLog (2, - bezdx ) 9PolyLog (3, - be:dx ) 6PolyLog (4’ - bec;dx )
3d* a3dt a’d*
9xPolyLog (2, - be:dx ) 6xPolyLog (3, - be‘;dx) 3x2PolyLog (2, —#)
+ B3 * a3d3 B a’d?
3x log (# + 1) 9x? log (# + 1) x> log (# + 1) 352
B a’d3 ’ 2a3d? B a’d MPYERT
3x° x? 3x? x? x

T2d 1B 2dd (a + bec+dx) " @d (a + bectdx) : 2ad (a + bec+dx)*

Antiderivative was successfully verified.

[In] 1Int[x73/(a + b*EA(c + d*x))"3,x]

[out] (3*x72)/(2*ar3*dr2) - (3*x7r2)/(2*ar2*dr2*(a + b*EA(c + d*x))) - (
3*x73)/(2*ar3*d) + x~3/(2*a*d*(a + b*EA(c + d*x))1r2) + xA3/(ar2*d

*(a + b*EAr(c + d*x))) + x74/(4*ar3) - (3*x*Log[1 + (b*EA(c + d*x)
Y/al)/(ar3*dAr3) + (9*xA2*Log[1 + (b*EA(c + d*x))/a])/(2*anr3*dAr2)
- (x~3*Log[1 + (b*EA(c + d*x))/a])/(ar3*d) - (3*PolyLog[2, -((b*E

A(c + d*x))/a)])/(ar3*dr4) + (9*x*PolyLog[2, -((b*EA(c + d*x))/a)

1)/ (ar3*dr3) - (3*x72*PolyLog[2, -((b*EA(c + d*x))/a)])/(ar3*dr2)

- (9*PolyLog[3, -((b*EA(c + d*x))/a)])/(ar3*dr4) + (6*"x*PolyLogl[

3, -((b*EAr(c + d*x))/a)])/(ar3*dr3) - (6*PolyLog[4, -((b*EA(c + d
*x))/a)])/(ar3*dr4)

Rubi in Sympy [F(-2)]  time = 0., size = 0, normalized size = 0.

Exception raised: PolificationFailed
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Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(x**3/(a+b*exp(d*x+c))**3,x)

[Out] Exception raised: PolificationFailed

Mathematica [A] time = 0.304879, size = 241, normalized size = 0.72

ectdx

12(2dx—3)PolyLog(3,—”7) z4PolyL0g(4,—@)

d* dt - dt

12(d2x2—3dx+1)PolyLog(2,— bectdx )

a

d
20?53 12x10g( bec{; x+1)

* d(a+becrdx)? a d?

4a3
Antiderivative was successfully verified.

[In] 1Integrate[x~3/(a + b*EA(c + d*x))~3,x]

[out] ((6*x72)/dr2 - (6*a*x72)/(dr2*(a + bD*EA(c + d*x))) - (6*x73)/d +
(2*ar2*x73)/(d*(a + b*EA(c + d*x))A2) + (4*a*x73)/(a*d + b*d*E/(c

+ d*x)) + xM - (12*x*Log[1l + (b*Er(c + d*x))/a])/dr3 + (18*x12*
Log[1l + (b*EAr(c + d*x))/a])/dr2 - (4*x~3*Log[1 + (b*EAr(c + d*x))/
al])/d - (12*(1 - 3*d*x + dr2*x~2)*PolyLog[2, -((b*EA(c + d*x))/a)
1)/dr4 + (12* (-3 + 2*d*x)*PolyLog[3, -((b*EA(c + d*x))/a)])/dr4 -
(24*PolyLog[4, -((b*EA(c + d*x))/a)])/dr4)/(4*ar3)

Maple [A] time = 0.089, size = 548, normalized size = 1.7
result too large to display

Verification of antiderivative is not currently implemented for this CAS.

[In] int(x73/(a+b*exp(d*x+c))"3,x)

[Out] 1/4*x74/ar3+3/4/ar3/dr4*cr4+3/ar3/dr4*cr3+3/2/ar3/dr4*cr2-1/ar3/d
A *In(1+b*exp(d*x+c)/a)*cr3-9/2/ar3/dr4* In(1+b*exp(d*x+c)/a)“cr2-
9/2/anr3/dr4*cr2* In(exp(d*x+c))+9/2/ar3/dr4*cr2* In(a+b*exp(d*x+c))
-1/anr3/d”r4*cr3* In(exp(d*x+c))-3/ar3/dr4*c*1In(exp(d*x+c))+3/ar3/dA
4*c*1In(a+b*exp(d*x+c))+1/ar3/dr4*cr3*1In(a+b*exp(d*x+c))+3/ar3/d 3
*c*x+1/ar3/dr3*cA3*x+9/2/ar3/dr3*cr2*x-3/ar3/dr4* In(1+b*exp(d* x+cC
Y/a)*c+3/2*xr2/ar3/dr2-3/2*xA3/ar3/d-3*polylog(2,-b*exp(d*x+c)/a)
/anr3/dr4-9*polylog(3,-b*exp(d*x+c)/a)/ar3/dr4-6*"polylog(4,-b*exp(
d*x+c)/a)/ar3/dr4-3*x*1In(1+b*exp(d*x+c)/a)/ar3/dr3+9/2*xA2* 1In(1+b
*exp(d*x+c)/a)/ar3/dr2-x~r3*1n(1+b*exp(d*x+c)/a)/ar3/d+9*x*polylog
(2,-b*exp(d*x+c)/a)/ar3/dr3-3*xr2*polylog(2,-b*exp(d*x+c)/a)/ar3/
dr2+6*x*polylog(3,-b*exp(d*x+c)/a)/ar3/dr3+1/2*xr2* (2*x*b*d*exp(d
*x+c)+3*x*d*a-3*b*exp(d*x+c)-3*a)/dr2/ar2/(a+b*exp(d*x+c)) A2

Maxima [A] time = 0.866038, size = 409, normalized size = 1.23

3adx® — 3ax? + (2bdx®e¢ — 3bx%ec) el ) gyt — 6 d%x3 + 6 dx?

2 (aZbZdze(Z dx+2c) 4 2 a3bdze(dx+c) + a4d2) + 4 a3d4
4 log (P77 1) + 3dxLip (77 ) = 6 daLis(- 2T + 6 L2470
- add*
(dx+c) . (dx+c) 3 (dx+c)
9 (dzx2 log (beT + 1) + 2dxLi, (—beT) — 2Lig(-2¢ — ))
+
2a3d*

3 (dx log (be(dax+c) 4 1) + le (_be(dax+c) ))

a’d*
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Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(xA3/(b*er(d*x + c) + a)73,x, algorithm="maxima"

[Out] 1/2*(3*a*d*x~3 - 3*a*x"2 + (2*b*d*xA3*eAc - 3*b*x72*eArc)*enr(d*x))
/(an2*br2*dr2*er(2*d*x + 2*c) + 2*anr3*b*dr2*er(d*x + c) + ard*dn2

) + 1/4* (drd*xAd - 6*dA3*xA3 + 6*dA2*xA2)/(ar3*dAd) - (dA3*xA3*10
g(b*er(d*x + c)/a + 1) + 3*dr2*x~2*dilog(-b*er(d*x + c)/a) - 6*d*
x*polylog(3, -b*er(d*x + c)/a) + 6*polylog(4, -b*er(d*x + c)/a))/
(anr3*dr4) + 9/2*(dr2*xnr2*log(b*er(d*x + c)/a + 1) + 2*d*x*dilog(-
b*er(d*x + c)/a) - 2*polylog(3, -b*er(d*x + c)/a))/(ar3*dr4) - 3*
(d*x*log(b*er(d*x + c)/a + 1) + dilog(-b*er(d*x + c)/a))/(ar3*dr4

)

Fricas [A] time = 0.256813, size = 948, normalized size = 2.85

result too large to display

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x~3/(b*er(d*x + c) + a)~3,x, algorithm="fricas")

[Out] 1/4* (ar2*dr4*xr4 - ar2*chrd - 6%anr2*cA3 - 6*anr2*cr2 - 12* (ar2*dr2*
XA2 - 3*an2*d*x + ar2 + (bA2*dA2*xA2 - 3*bA2*d*x + bA2)*er(2*d*x
+ 2*c) + 2*(a*b*dr2*x7r2 - 3*a*b*d*x + a*b)*er(d*x + c))*dilog(-(b
*er(d*x + ¢c) + a)/a + 1) + (bA2*dr4*xr4 - 6*bA2*dA3*xA3 - bA2*ch4
+ 6*DA2*dA2*XA2 - 6*bA2*CA3 - 6*bA2*cA2)*enr(2*d*x + 2%c) + 2*(a*
b*drd4*xr4 - 4*a*b*dr3*xA3 - a*b*cnrd + 3*a*b*dA2*xA2 - 6%*a*b*cr3 -
6*a*b*cA2)*er(d*x + c) + 2*(2*ar2*cA3 + 9*anr2*chr2 + 6%anr2*c + (2
*bA2*cA3 + 9*bA2*cA2 + 6*bA2*c)*enr(2*d*x + 2*c) + 2*(2*a*b*cA3 +
9*a*b*cr2 + 6¥a*b*c)*er(d*x + c))*log(b*er(d*x + c) + a) - 2*(2*a
A2*dA3*xA3 - 9*an2*dA2*xAMA2 + 2*anr2*cMh3 + 9Far2*ch2 + 6Far2*drx +
6*an2*c + (2*br2*dA3*xA3 - 9*bA2*dA2*xXA2 + 2*DbA2*cA3 + 9*DbA2*cA2
+ 6*bA2*d*x + 6*bA2*c)*en(2*d*x + 2*c) + 2*(2*a*b*dA3*x7A3 - 9*a*b
*da2*xA2 + 2*a*b*cA3 + 9*a*b*cAr2 + 6*a*b*d*x + 6*a*b*c)*er(d*x +
c))“log((b*er(d*x + ¢c) + a)/a) - 24* (br2*er(2*d*x + 2*c) + 2*a*b*
er(d*x + ¢c) + ar2)*polylog(4, -b*er(d*x + c)/a) + 12*(2*ar2*d*x -

3*an2 + (2*br2*d*x - 3*bA2)*er(2*d*x + 2*c) + 2*(2*a*b*d*x - 3*a
*b)*er(d*x + c))*polylog(3, -b*er(d*x + c)/a))/(ar3*br2*drd*en(2*
d*x + 2*c) + 2*ar4*b*dr4*er(d*x + c) + ar5*dr4g)

Sympy [F] time = 0., size = 0, normalized size = 0.

6x 9dx? 2d°x3
3adx® — 3ax? + (2bdx® — 3bx?) ec*d* I arbeceds X ¥ I (_a+becedx) dx + j arboceds 4%

2a4d? + 4a3bdzec+dx + 2a2b2d2e20+2dx 2a2d?

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x**3/(a+b*exp(d*x+c))**3,x)

[Out] (3*a*d*x**3 - 3*a*x**2 + (2*b*d*x**3 - 3*b*x**2)*exp(c + d*x))/(2
*a**4*d**2 + 4*a**3*b*d**2*exp(c + d*x) + 2*a**2*b**2*d**2"exp(2*

c + 2*d*x)) + (Integral(6*x/(a + b*exp(c)*exp(d*x)), x) + Integra
1(-9*d*x**2/(a + b*exp(c)*exp(d*x)), x) + Integral(2*d**2*x**3/(a

+ b*exp(c)*exp(d*x)), x))/(2*a**2*d**2)




GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

3

X
- d
I(be(dx+c)+a)3 x

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(xA3/(b*er(d*x + c) + a)73,x, algorithm="giac")

[Out] integrate(xA3/(b*er(d*x + c) + a)”3, x)
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318 | (X—Zg dx

a+becx)

Optimal. Leaf size=243

3PolyLog (2, - bec(;dx) 2PolyLog (3, —@) 2xPolyLog (2, - be:dx )
Bd3 * a3d3 B a’d?
c+dx c+dx
log (a + becrdx)  3xlog (bea + 1) x*log (—bea + 1) X
- + - +
a’d3 add? a’d a’d?
3x? x? X x? x’

T2d 38 @ (a + becrdx) " @d (a + bec+dx) i 2ad (a + bec+dx)?

[Out] x/(ar3*dr2) - x/(ar2*dr2*(a + b*EA(c + d*x))) - (3*xA2)/(2*ar3*d)
+ xA2/(2*a*d*(a + b*EA(c + d*x))"2) + x~2/(ar2*d*(a + b*EA(c + d

*x))) + x73/(3*ar3) - Log[a + b*EA(c + d*x)]/(ar3*d”r3) + (3*x*Log

[1 + (b*E~r(c + d*x))/a])/(ar3*dr2) - (x~r2*Log[1 + (b*EA(c + d*x))
/al)/(ar3*d) + (3*PolyLog[2, -((b*Er(c + d*x))/a)])/(ar3*dr3) - (
2*x*PolyLog[2, -((b*Er(c + d*x))/a)])/(ar3*dr2) + (2*PolyLog[3, -
((b*EAr(c + d*x))/a)])/(ar3*dr3)

Rubi [A] time = 1.19326, antiderivative size = 243, normalized size of antiderivative = 1., number of

steps used = 23, number of rules used = 12, integrand size = 17, number of rules _ 704
integrand size

b crdx b c+dx b c+dx
3PolyLog (2,— € ) 2PolyLog (3,— — ) 2xPolyLog (2,—‘*7)

a

a3d? i asd? a’d>?
b c+dx b c+dx
log (a + bec+dx) 3x log (eT + 1) x?log (eT + 1) X
- + - +
a’d? a’d>? a3d a3d?
3x2 X3 x x2 x?

28d " 38 ad? (a + becrdx) T @d (a + becrdx) ’ 2ad (a + bec+dx)z

Antiderivative was successfully verified.

[In] Int[x7A2/(a + b*EA(c + d*x))"3,x]

[Out] x/(ar3*dr2) - x/(ar2*dr2*(a + b*EA(c + d*x))) - (3*x7r2)/(2*ar3*d)
+ x72/(2*a*d*(a + b*EA(c + d*x))7*2) + x72/(ar2*d*(a + b*EA(c + d

*x))) + x~3/(3*ar3) - Logl[a + b*EA(c + d*x)]/(ar3*dA3) + (3*x*Log

[1 + (b*EA(c + d*x))/a])/(ar3*dr2) - (x~2*Log[1l + (b*EA(c + d*x))
/al)/(ar3*d) + (3*PolyLog[2, -((b*Er(c + d*x))/a)])/(ar3*dr3) - (
2*x*PolyLog[2, -((b*EA(c + d*x))/a)])/(ar3*dr2) + (2*PolyLog[3, -
((b*EAr(c + d*x))/a)])/(ar3*dr3)

Rubi in Sympy [F(-1)]  time = 0., size = 0, normalized size = 0.

Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(x**2/(a+b*exp(d*x+c))**3,x)

[Out] Timed out




Mathematica [A] time = 0.229566, size = 203, normalized size = 0.84

c+dx

6(2dx—3)PolyLog(2,—”e?) . 12P01yL0g(3,— o 3al? sax

peCtdx
a

6 log( becrdx +1)

a
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18x log(

peCtdx

a

+1)

a3 d3 d(a+bec+dx)? da’ T d?(a+becrdx)

d?

+
ad

6a’
Antiderivative was successfully verified.

[In] 1Integrate[x22/(a + b*EA(c + d*x))73,x]

[out] ((6*x)/d 2 - (6*a*x)/(d*2*(a + b*Er(c + d*x))) - (9*x72)/d + (3*a

A2*xA2)/(d*(a + b*EA(c + d*x))A2) + (6*a*x72)/(a*d + b*d*EA(c + d
*x)) + 2*x73 - (6*Log[1 + (b*EA(c + d*x))/a]l)/d»3 + (18*x*Log[1 +
(b*Er(c + d*x))/a])/dr2 - (6*x7r2*Log[1 + (b*EA(c + d*x))/a]l)/d -
(6* (-3 + 2*d*x)*PolyLog[2, -((b*EA(c + d*x))/a)])/d*3 + (12*Poly
Log[3, -((b*EA(c + d*x))/a)])/dr3)/(6*ar3)

Maple [A] time = 0.078, size = 385, normalized size = 1.6

(2 xbded**¢ + 3 xda — 2 be®x+c — 2 a) x In (ed’”c) In (a + bed’”c)

2d2a2 (a + bedx+c) 2 " asd3 - asds?
CZ In (edx+c) _ CZ In (a + bedx+c) X x_3 _ cz_x _ 2C3 _ x_z n (1 . bedx+c)
a’d? a’d3 3a3 add? 3a3d® aid a
02 ealx+c x bedx+c 1 edx+c
t =5 In (1 r— ) -2 613dzpolylozgr (2, - ) +2 agdapolylog (3, - )
V3 cln (edx+°) _3cln (a + bedx+c) _3x*  xe 3¢
a’d? a’d? 2a3d ad?  2a3d3
x bedx+c c bedx+c 1 bedx+c
+3ﬁln(1+ . )+3a3d3ln(1+ - )+3a3d3polylog(2,— p; )

Verification of antiderivative is not currently implemented for this CAS.

[In] int(x~2/(a+b*exp(d*x+c))r3,x)

[Out] 1/2*x*(2*x*b*d*exp(d*x+c)+3*x*d*a-2"b*exp(d*x+c)-2"a)/dr2/ar2/ (a+

b*exp(d*x+c))r2+1/ar3/dr3* In(exp(d*x+c))-1n(a+b*exp(d*x+c))/ar3/d
A3+1/ar3/dr3*cAr2* In(exp(d*x+c))-1/ar3/dAr3*cr2* In(a+b*exp(d*x+c) )+
1/3*xA3/anr3-1/ar3/dr2*cr2*x-2/3/ar3/dr3*cAr3-xA2* In(1+b*exp (d*x+cC)
/a)/anr3/d+1/ar3/dr"3*1In(1+b*exp(d*x+c)/a)*cr2-2*x*polylog(2,-b*exp
(d*x+c)/a)/ar3/dr2+2*polylog(3, -b*exp(d*x+c)/a)/ar3/dr3+3/ar3/dA3
*c*1In(exp(d*x+c))-3/ar3/dr3*c*1In(a+b*exp(d*x+c))-3/2*xr2/ar3/d-3/
an3/dr2*c*x-3/2/anr3/dr3*cr2+3*x* In(1+b*exp(d*x+c)/a)/ar3/dr2+3/an
3/d"3*1In(1+b*exp(d*x+c)/a) *c+3*polylog(2,-b*exp(d*x+c)/a)/ar3/dA3

Maxima [A] time = 0.981267, size = 316, normalized size = 1.3

3adx? — 2 ax + 2 (bdx?e® — bxe®)eld x  2d3x3 —9d%x?
2 (aZbZdZe(de+2 c) 4+ 2a3bdze(dx+c) + a4d2) + a3d? + 6 a3d3
d’x*log (% + 1) +2dxLip (_%ﬂ) _ 2Li3(_be<”;’“c))
- a’d’?
3 (dxlog (M + 1) +Li, (_be(ix»fc))) IOg (be(dx+c) N a)

a
a’d? a’d?

+

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x~2/(b*er(d*x + ¢c) + a)~3,x, algorithm="maxima"
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[Out] 1/2*(3*a*d*x"2 - 2*a*x + 2*(b*d*xA2*erc - b*x*erc)*er(d*x))/(ar2*
br2*dr2*enr(2*d*x + 2*c) + 2*ar3*b*dr2*enr(d*x + c) + ard*dr2) + x/
(ar3*dr2) + 1/6*(2*dA3*xA3 - 9*dA2*xA2)/(ar3*dr3) - (dr2*xA2*log(
b*er(d*x + c)/a + 1) + 2*d*x*dilog(-b*er(d*x + c)/a) - 2*polylog(

3, -b*er(d*x + c)/a))/(ar3*d”r3) + 3*(d*x*log(b*er(d*x + c)/a + 1)

+ dilog(-b*er(d*x + c)/a))/(ar3*d”r3) - log(b*er(d*x + c) + a)/(a
A3*dn3)

Fricas [A] time = 0.270182, size = 703, normalized size = 2.89

_beldx9a
a

2a°dx3 +2a%c +9a*c? +6a*c—6 (2 a’dx —3a® + (2b%dx — 3b%) e@9**2¢) + 2 (2 abdx - 3 ab)e(d’“c))Liz (

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x~2/(b*er(d*x + ¢) + a)A3,x, algorithm="fricas")

[Out] 1/6*(2*ar2*dAr3*xA3 + 2*anr2*cA3 + 9%an2*chr2 + 6%ar2*c - 6*(2*ar2*d
*x - 3*ar2 + (2*bMr2*d*x - 3*bA2)*enr(2*d*x + 2*c) + 2*(2*a*b*d*x -
3*a*b)*enr(d*x + c))*dilog(-(b*er(d*x + c) + a)/a + 1) + (2*br2*d
A3*xXAN3 - 9*bA2*dA2"xA2 + 2*DbA2*cA3 + 9*bA2*cA2 + 6*bA2¥d*X + 67bA
2*c)*en(2*d*x + 2*c) + 2*(2*a*b*dA3*x~3 - 6*a*b*dA2*xA2 + 2*a*b*c
A3 4+ 9%a*b*cMr2 + 3*a*b*d*x + 6*a*b*c)*er(d*x + c) - 6*(ar2*chr2 +
3*anr2*c + ar2 + (bA2*cA2 + 3*bA2%c + bA2)*en(2*d*x + 2*c) + 2% (a”
b*cA2 + 3*a*b*c + a*b)*er(d*x + c))*log(b*er(d*x + ¢c) + a) - 6*(a
A2*dA2*xA2 - anr2*cA2 - 3*anr2*d*x - 3*anr2*c + (bA2*dA2*xA2 - bA2*c
A2 - 3*bA2*d*x - 3*bA2*c)*en(2*d*x + 2*c) + 2*(a*b*dr2*xr2 - a*b*
ch2 - 3*a*b*d*x - 3*a*b*c)*er(d*x + c))*log((b*er(d*x + c) + a)/a
) + 12* (bA2*enr(2*d*x + 2"c) + 2*a*b*er(d*x + c) + ar2)*polylog(3,

-b*er(d*x + c)/a))/(ar3*br2*dAr3*er(2*d*x + 2*c) + 2%¥ar4*b*dr3*en
(d*x + c) + ar5*dA3)

Sympy [F] time = 0., size = 0, normalized size = 0.

3dx d?x? 1
3adx? — 2ax + (2bdx* — 2bx) ecrdx I (_a+becedx) dx + I arbeceds X ¥ j arbeceds 4%

2a4d? + 4a3bdzec+dx + 2a2b2d2e20+2dx ad?

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x**2/(a+b*exp(d*x+c))**3,x)

[Out] (3*a*d*x**2 - 2*a*x + (2*b*d*x**2 - 2*b*x)*exp(c + d*x))/(2*a**4*
d**2 + 4*a**3*b*d**2%exp(c + d*x) + 2*a**2*b**2*d**2*exp(2*c + 2~

d*x)) + (Integral(-3*d*x/(a + b*exp(c)*exp(d*x)), x) + Integral(d
**2*x**2/(a + b*exp(c)*exp(d*x)), x) + Integral(l/(a + b*exp(c)*e
xp(d*x)), x))/(a**2*d**2)

GIAC/XCAS [F]  time = 0., size = 0, normalized size = 0.

2
x
N |
j (beldx+e) + a)3 ¥

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(xA2/(b*er(d*x + c) + a)73,x, algorithm="giac")

[Out] integrate(xA2/(b*er(d*x + c) + a)”3, x)
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319 | (e 0¥

a+bec+dx)3

Optimal. Leaf size=159

ec+dx ec+dx
PolyLog (2, _b - ) 3log (a + bec+dx) x log (” — + 1) 3y
— + — pa—
a3d? 2a3d? a3d 2a3d

x? 1 X X
+__

2a%  2a%d? (a + bec*dx) " ad (a + becrdx) v 2ad (a + bec+dx)®

[out] -1/(2*ar2*dr2*(a + b*EA(c + d*x))) - (3*x)/(2*ar3*d) + x/(2*a*d*(
a + b*EAr(c + d*x))"2) + x/(ar2*d*(a + b*EA(c + d*x))) + xA2/(2*an
3) + (3*Log[a + b*EA(c + d*x)])/(2*ar3*dr2) - (x*Log[l + (b*EAr(c
+ d*x))/a]l)/(ar3*d) - PolyLog[2, -((b*Er(c + d*x))/a)]/(ar3*dAr2)

Rubi [A]  time = 0.534349, antiderivative size = 159, normalized size of antiderivative = 1., number
of steps used = 15, number of rules used = 11, integrand size = 15, M =0.733
integrand size

bec+dx bec+dx
PolyLog (2, —eT) 3log (a + bec*4¥) xlog( —+ 1) 3x
— + —_— —_—
a’d? 2a3d> a’d 2a3d
x? 1 X X

"W 2ad (a + bectdx) " ad (a + bec+dx) ’ 2ad (a + be””l")2

Antiderivative was successfully verified.

[In] Int[x/(a + b*EA(c + d*x))"3,x]

[out] -1/(2*ar2*dr2*(a + b*EA(c + d*x))) - (3*x)/(2*ar3*d) + x/(2*a*d*(
a + b*EA(c + d*x))A2) + x/(ar2*d*(a + b*EA(c + d*x))) + xA2/(2*ar
3) + (3*Log[a + b*Er(c + d*x)])/(2*ar3*dr2) - (x*Log[l + (b*EA(c
+ d*x))/a])/(ar3*d) - PolyLog[2, -((b*EA(c + d*x))/a)]/(ar3*dr2)

Rubi in Sympy [F]  time = 0., size = 0, normalized size = 0.

xe—¢—dx ge+dx xe—¢—dx ge+dx 1 fx:dx
2ad (a + bec+dx)2 ’ a*d (a + bec+dx)  2a%d? (a + bectdx) o
) xe=¢=4%edx Jog (g 4 heo+dx) . xe=c-dx erdx Jog (gerdx) ) x log (1 + #)
a’d a’d a’d
xlog (a + bec*d¥) _ xlog (ec+dx) . 3log (a + bec*d¥) _ 3log (ec*dx) ~ Lip (_be‘:dx)
a’d ad 2a3d? 2a3d? a’d?

Verification of antiderivative is not currently implemented for this CAS.
[In] rubi_integrate(x/(a+b*exp(d*x+c))**3,x)

[Out] x*exp(-c - d*x)*exp(c + d*x)/(2*a*d*(a + b*exp(c + d*x))**2) + x*

exp(-c - d*x)*exp(c + d*x)/(a**2*d*(a + b*exp(c + d*x))) - 1/(2*a
**2*d**2*(a + b*exp(c + d*x))) + Integral(x, x)/a**3 - x*exp(-c -
d*x)*exp(c + d*x)*log(a + b*exp(c + d*x))/(a**3*d) + x*exp(-c -

d*x)*exp(c + d*x)*log(exp(c + d*x))/(a**3*d) - x*log(1l + b*exp(c

+ d*x)/a)/(a**3*d) + x*log(a + b*exp(c + d*x))/(a**3*d) - x*log(e

xp(c + d*x))/(a**3*d) + 3*log(a + b*exp(c + d*x))/(2*a**3*d**2) -
3*log(exp(c + d*x))/(2*a**3*d**2) - polylog(2, -b*exp(c + d*x)/a

Y/ (a**3*d**2)
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Mathematica [A]  time = 0.182841, size = 120, normalized size = 0.75

dx(dx—z log( becrdx +1) ) —zPolyLog(z,— becrdx )

adx 2dx—1

310g(

pectdx
a

+1) —3dx

a (a+bec+dx)2 a+bec+dx

a

2a%d?
Antiderivative was successfully verified.

[In] Integrate[x/(a + b*EA(c + d*x))"3,x]

[Out] ((a*d*x)/(a + b*EA(c + d*x))*2 + (-1 + 2*d*x)/(a + b*EA(c + d*x))
+ (-3*d*x + 3*Log[1 + (b*EAr(c + d*x))/a])/a + (d*x*(d*x - 2*Log[
1 + (b*E~r(c + d*x))/a]) - 2*PolyLog[2, -((b*Er(c + d*x))/a)])/a)/

(2*anr2*dn2)

Maple [C]  time = 0.036, size = 393, normalized size = 2.5

1 3 1n (a + bedx+c) b2 (edx+c) 2 X b2 (edx+c) 2 c
- + _ B
2 a%d? (a + bedx+c) 2 a3d? 2 dad (a + bedx+c) 2 94342 (a + bedx+c) 2
bedx+cy pedx+c, x2 xc c2 pedx+cy

da? (a + bedx+c)2 a?d? (a + bedx+c)2 26 T4 T 288 ddd (a + bedx+c)

_ bedx+ce 1 dilog(a+bedx+c) _x n(a+bed’”c) _c 1n(a+bed’”°)
a3dz? (a + bedx+c) a3d? da3 a a3d? a
cln (e9**¢)  cln (a + bedx*c) c c

- B2 a3d2  a2d? (a + bedx+c) B 2d2a(a+ bed’“c)z

Verification of antiderivative is not currently implemented for this CAS.

[In] int(x/(a+b*exp(d*x+c))Ar3,x)

[Out] -1/2/ar2/d”r2/(a+b*exp(d*x+c))+3/2* In(a+b*exp(d*x+c))/ar3/dr2-1/2/

d/anr3*br2*exp(d*x+c)r2/(a+b*exp(d*x+c))r2*x-1/2/dr2/ar3*br2*exp(d

*x+c)A2/(a+b*exp(d*x+c))r2*c-1/d/ar2*b*exp(d*x+c)/(a+b*exp(d*x+c)

YA2*x-1/dr2/ar2*b*exp(d*x+c)/(a+b*exp(d*x+c))A2*c+1/2*xr2/ar3+1/d

/anr3*x*c+1/2/dr2/ar3*cr2-1/d/ar3*b*exp(d*x+c)/(a+b*exp(d*x+c)) *x-

1/dr2/ar3*b*exp(d*x+c)/(a+b*exp(d*x+c))*c-1/dr2/ar3*dilog((a+b*ex

p(d*x+c))/a)-1/d/ar3*1In((a+b*exp(d*x+c))/a)*x-1/dr2/ar3*In((a+b*e
xp(d*x+c))/a)*c-1/dr2*c/ar3* In(exp(d*x+c))+1/dr2*c/ar3*1In(a+b*exp
(d*x+c))-1/dr2*c/ar2/(a+b*exp(d*x+c))-1/2/dr2*c/a/ (a+b*exp(d*x+c)

) N2

Maxima [A]  time = 0.923559, size = 201, normalized size = 1.26

3adx + (2 bdxe® — be)eld®) — g x? 3x

2 (a?b?d?e2dx+2¢) 4 2 g3pd?eldx+c) + gid?) i 2a3 2a3d

dxlog (@ + 1) + Li, (_W) 3 log (be(dx+c) N a)

a’d? 2 a3d?

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x/(b*er(d*x + c) + a)*3,x, algorithm="maxima"

[Out] 1/2*(3*a*d*x + (2*b*d*x*erc - b*eAc)*er(d*x) - a)/(ar2*br2*dr2*enr
(2*d*x + 2*c) + 2*ar3*b*dr2*er(d*x + c) + ar4d*dAr2) + 1/2*xA2/ar3
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- 3/2*x/(ar3*d) - (d*x*log(b*er(d*x + c)/a + 1) + dilog(-b*er(d*x
+ c)/a))/(ar3*dr2) + 3/2*log(b*er(d*x + c) + a)/(ar3*dr2)

Fricas [A] time = 0.255066, size = 456, normalized size = 2.87

ad?x?* — a?c* —3a*c—-a* -2 (bze(z”l"+2 ©) 1 2 gbeldx+e) 4 aZ)LiZ (—&;@*“ + 1) + (b2d*x* — b*c* — 3b%dx — 3 b%c) el2¢

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x/(b*er(d*x + c) + a)?3,x, algorithm="fricas")

[Out] 1/2* (ar2*dr2*xA2 - ar2*cA2 - 3*ar2*c - ar2 - 2% (bA2*er(2*d*x + 2°
c) + 2*a*b*er(d*x + ¢) + ar2)*dilog(-(b*er(d*x + c) + a)/a + 1) +
(br2*dA2*xA2 - bA2¥cA2 - 3*bA2*d*x - 3*bA2*c)*er(2*d*x + 2%c) +
(2*a*b*dA2*xA2 - 2*a*b*chr2 - 4"a*b*d*x - 6*a*b*c - a*b)*er(d*x +

c) + (2*ar2*c + 3*anr2 + (2*bA2*c + 3*bA2)*en(2*d*x + 2*c) + 2*(2*

a*b*c + 3*a*b)*er(d*x + c))*log(b*er(d*x + c) + a) - 2*(ar2*d*x +
ar2*c + (bA2*d*x + bA2*c)*er(2*d*x + 2*c) + 2*(a*b*d*x + a*b*c)*
er(d*x + c))*log((b*er(d*x + c) + a)/a))/(ar3*bA2*dr2*er(2*d*x +

2*c) + 2*anrd*b*dr2*er(d*x + c) + ar5*dr2)

Sympy [F] time = 0., size = 0, normalized size = 0.

2dx 3
3adx — a + (2bdx — b) ectdx f a+becedx dx + I (_a+be”ed’f) dx
2a4d? + 4a3bd2ec+dx + 2g2p2J2e2¢c+2dx * 2a2d

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x/(a+b*exp(d*x+c))”**3,x)

[Out] (3*a*d*x - a + (2*b*d*x - b)*exp(c + d*x))/(2*a**4*d**2 + 4*a**3*
b*d**2*exp(c + d*x) + 2*a**2*b**2*d**2*exp(2*c + 2*d*x)) + (Integ
ral(2*d*x/(a + b*exp(c)*exp(d*x)), x) + Integral(-3/(a + b*exp(c)
*exp(d*x)), x))/(2*a**2*d)

GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

—  dx
(beldx+e) + q) 3

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(x/(b*er(d*x + c) + a)?3,x, algorithm="giac")

[Out] integrate(x/(b*er(d*x + c) + a)~3, x)
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320 | (; dx

a+becx) :
Optimal. Leaf size=69

log (a + bec*dx) & 1 1
—_———_— + —

a3d a3 + azd (a+bec+dx) * Zad (a+bec+dx)2

[Out] 1/(2*a*d*(a + b*EA(c + d*x))72) + 1/(ar2*d*(a + b*EA(c + d*x))) +
x/ar3 - Log[a + b*EA(c + d*x)]/(ar3*d)

Rubi [A]  time = 0.0847248, antiderivative size = 69, normalized size of antiderivative = 1., number
number of rules _ ( 154

of steps used = 3, number of rules used = 2, integrand size = 13, = =
integrand size

log (a + bec*dx) 1 1

a’d BT 2 (a + becrdx) * 2ad (a + bec+dx)2

Antiderivative was successfully verified.

[In] Int[(a + b*EAr(c + d*x))A(-3),x]

[Out] 1/(2*a*d*(a + b*EA(c + d*x))A2) + 1/(ar2*d*(a + b*EA(c + d*x))) +
x/ar3 - Logl[a + b*EA(c + d*x)]/(ar3*d)

Rubi in Sympy [A]  time = 16.6242, size = 122, normalized size = 1.77

e—c—dxec+dx e—c—dxec+dx e—c—dxec+dx10g(a_Fbec+dx) e—c—dxec+dx10g(ec+dx)
+

2ad (a + be”dx)z : a*d (a + bec+dx) - a’d add

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(1l/(a+b*exp(d*x+c))**3,x)

[Out] exp(-c - d*x)*exp(c + d*x)/(2*a*d*(a + b*exp(c + d*x))**2) + exp(
-c - d*'x)*exp(c + d*x)/(a**2*d*(a + b*exp(c + d*x))) - exp(-c - d
*x)*exp(c + d*x)*log(a + b*exp(c + d*x))/(a**3*d) + exp(-c - d*x)
*exp(c + d*x)*log(exp(c + d*x))/(a**3*d)

Mathematica [A] time = 0.117286, size = 69, normalized size = 1.

c+dx)

log (a + be x 1 1

a’d B 2d (a + bectdx) " 2ad (a + bec+dx)*

Antiderivative was successfully verified.

[In] 1Integrate[(a + b*EA(c + d*x))A(-3),x]

[Out] 1/(2*a*d*(a + b*EA(c + d*x))72) + 1/(ar2*d*(a + b*EA(c + d*x))) +
x/ar3 - Logl[a + b*EA(c + d*x)]/(ar3*d)
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Maple [A] time = 0.001, size = 74, normalized size = 1.1

In (edx+c) In (a 4 bedx+c) 1 1

da’ da’ " @d (a + bedx+e) ’ 2 ad (a + bedx+c) 2

Verification of antiderivative is not currently implemented for this CAS.

[In] int(1/(a+b*exp(d*x+c))~r3,x)

[Out] 1/d/ar3*1In(exp(d*x+c))-1n(a+b*exp(d*x+c))/ar3/d+1/ar2/d/ (a+b*exp(
d*x+c))+1/2/a/d/ (a+b*exp(d*x+c) ) "2

Maxima [A] time = 0.799186, size = 113, normalized size = 1.64

2 be(dx+c) +3a dx +c log (be(dX+C) + a)
+ —

2 (a2b26(2 dx+2c) 4 2 a3be(dx+c) + a4) d ad3d add

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((b*er(d*x + c) + a)~(-3),x, algorithm="maxima"

[Out] 1/2*(2*b*er(d*x + ¢c) + 3*a)/((ar2*br2*er(2*d*x + 2*c) + 2*ar3*b*e
A(d*x + ¢c) + ard)*d) + (d*x + c)/(ar3*d) - log(b*er(d*x + c) + a)
/(anr3*d)

Fricas [A]  time = 0.245999, size = 171, normalized size = 2.48

2 b2dxe@dx+2¢) 4 2 g2dx + 3 % + 2 (2 abdx + ab)eld¥*) — 2 (bze(2 dx+2¢) | 9 gheldx+e) 4 az) log (be(d’”c) + a)

2 (a3b2de(2 dx+2c) 4 2 a4bde(dx+c) + a5d)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((b*er(d*x + c) + a)~(-3),x, algorithm="fricas")

[Out] 1/2* (2*br2*d*x*er(2*d*x + 2*c) + 2*anr2*d*x + 3*anr2 + 2*(2*a*b*d*x
+ a*b)*er(d*x + ¢c) - 2*(bA2*er(2*d*x + 2*c) + 2*a*b*er(d*x + ¢)

+ anr2)*log(b*er(d*x + c) + a))/(ar3*br2*d*enr(2*d*x + 2*c) + 2*ar4
*b*d*er(d*x + c) + ar5*d)

Sympy [A]  time = 0.39217, size = 76, normalized size = 1.1

3aq + 2bec+dx . x ~ log (% + ec+dx)
2a4d + 4a3bdec+dx + 2a2b2de?c+2dx g3 add

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(l/(a+b*exp(d*x+c))**3,x)

[Out] (3*a + 2*b*exp(c + d*x))/(2*a**4*d + 4*a**3*b*d*exp(c + d*x) + 2~
a**2*b**2*d*exp(2*c + 2*d*x)) + x/a**3 - log(a/b + exp(c + d*x))/
(a**3*d)
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GIAC/XCAS [A]  time = 0.250399, size = 93, normalized size = 1.35

dx+
dx+c (|be( )+ a’) 2 abeldx+¢) 4 3 g2
+

a’d a’d 2 (beldx+o) 1 q) 23d

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((b*er(d*x + c) + a)~r(-3),x, algorithm="giac")

[Out] (d*x + c)/(ar3*d) - ln(abs(b*er(d*x + c¢) + a))/(ar3*d) + 1/2*(2*a
*b*er(d*x + c) + 3*ar2)/((b*er(d*x + c) + a)r2*ar3*d)
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321 [ —L—dx

(a+bec+dx) ’x

Optimal. Leaf size=20

Int %,x
x (a + bec+dx)

[Out] Unintegrable[1/((a + b*EA(c + d*x))"3*x), X]

Rubi [A]  time = 0.0712577, antiderivative size = 0, normalized size of antiderivative = 0., number of

number of rules _

steps used = 0, number of rules used = 0, integrand size = 0, = - =
integrand size

(a + bec+dx) x

Verification is Not applicable to the result.

[In] Int[1/((a + bD*EA(c + d*x))"3*x),X]

[Out] Defer[Int][1/((a + b*EA(c + d*x))A3*x), X]

Rubi in Sympy [A]  time = 0., size = 0, normalized size = 0.

1
[t
x (a + bec+dx)
Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(1l/(a+b*exp(d*x+c))**3/x,x)

[Out] Integral(1l/(x*(a + b*exp(c + d*x))**3), x)

Mathematica [A] time = 0.983702, size = 0, normalized size = 0.

1
N
(a + bec+dx) x
Verification is Not applicable to the result.

[In] Integrate[l1l/((a + b*EA(c + d*x))"3*x),X]

[Out] Integrate[l/((a + b*EA(c + d*x))A3*'x), X]

Maple [A] time = 0.055, size = 0, normalized size = 0.

J i
- dx
(a+bedx*c)3x

Verification of antiderivative is not currently implemented for this CAS.
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[In] int(1/(a+b*exp(d*x+c))r3/x,X)

[Out] int(1/(a+b*exp(d*x+c))Ar3/x,x)

Maxima [A]  time = 0., size = 0, normalized size = 0.

3adx + (2 bdxe® + be®)el?) + g 2d°x% +3dx + 2
+
2 (a®b?d?x?e2d4x+20) + 2 a3bd?x2eldx+<) + qtd?x?) 2 (a®bd?x3eldx+0) + g3d2x3)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1l/((b*er(d*x + c) + a)”3*x),x, algorithm="maxima"

[Out] 1/2*(3*a*d*x + (2*b*d*x*erc + b*erc)*er(d*x) + a)/(ar2*br2*dr2*xA
2*en(2*d*x + 2*c) + 2*ar3*b*dr2*xA2%er(d*x + c) + anrd*dA2*xA2) +
integrate(1/2*(2*dr2*x72 + 3*d*x + 2)/(ar2*b*dr2*x7r3*er(d*x + C)

+ an3*dA2*xA3), x)

Fricas [A] time = 0., size = 0, normalized size = 0.

1

, X
b3xeBdx+3¢c) 1 3 gh2xe2dx+2¢c) L 3 g2phxeldx+c) 4 g3y

integral
Verification of antiderivative is not currently implemented for this CAS.
[In] integrate(1l/((b*er(d*x + c) + a)”3*x),x, algorithm="fricas")

[Out] integral(1/(b”r3*x*eAr(3*d*x + 3*c) + 3*a*br2*x*er(2*d*x + 2*c) + 3
*ar2*b*x*er(d*x + ¢c) + ar3*x), X)

Sympy [A] time = 0., size = 0, normalized size = 0.

d 3dx 2d*x* 2
3adx + a + (Zbdx + b) efrax _[ ax3+bx3ecedx dx + _[ ax3+bx3ecedx dx + f ax3+bx3ecedx dx

2a4d?x? + 4a3bd2xzec+dx + 202b2d2x262C+2dx 2a2d2

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(l/(a+b*exp(d*x+c))**3/x,x)

[Out] (3*a*d*x + a + (2*b*d*x + b)*exp(c + d*x))/(2*a**4*d**2*x**2 + 4~
a**3*b*d**2*x**2*exp(c + d*x) + 2*a**2*b**2*d**2*x**2*exp(2*c + 2
*d*x)) + (Integral(3*d*x/(a*x**3 + b*x**3*exp(c)*exp(d*x)), x) +
Integral (2*d**2*x**2/(a*x**3 + b*x**3*exp(c)*exp(d*x)), x) + Inte
gral(2/(a*x**3 + b*x**3*exp(c)*exp(d*x)), x))/(2*a**2*d**2)

GIAC/XCAS [A]  time = 0., size = 0, normalized size = 0.

—dx
(beldx+e) + q) x

Verification of antiderivative is not currently implemented for this CAS.



[In] integrate(1l/((b*er(d*x + c) + a)”3*x),x, algorithm="giac")

[Out] integrate(l/((b*er(d*x + c) + a)”r3*x), Xx)

80
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322 [ —L——dx

(a+bec+dx) Ox2

Optimal. Leaf size=20

x2 ((1 + bec+dx)

[Out] Unintegrable[1/((a + b*EA(c + d*x))"3*xr2), X]

Rubi [A]  time = 0.0687579, antiderivative size = 0, normalized size of antiderivative = 0., number of

number of rules _

steps used = 0, number of rules used = 0, integrand size = 0, = - =
integrand size

(a+ bec+dx) x2

Verification is Not applicable to the result.

[In] 1Int[1/((a + b*EA(c + d*x))A3*x72),X]

[Out] Defer[Int][1/((a + D*EA(c + d*x))A3*x72), Xx]

Rubi in Sympy [A]  time = 0., size = 0, normalized size = 0.

1
[t
x2 (a + bec+dx)
Verification of antiderivative is not currently implemented for this CAS.

[In] <rubi_integrate(1l/(a+b*exp(d*x+c))**3/x**2,x)

[Out] Integral(1l/(x**2*(a + b*exp(c + d*x))**3), x)

Mathematica [A] time = 0.841222, size = 0, normalized size = 0.

1
[
(a + bec+dx) x2
Verification is Not applicable to the result.

[In] Integrate[l1l/((a + b*EA(c + d*x))"3*x72),X]

[Out] Integrate[1l/((a + b*EA(c + d*x))A3*xA2), X]

Maple [A] time = 0.085, size = 0, normalized size = 0.

1
— ——dx
I (a+ bed’”c)gx2

Verification of antiderivative is not currently implemented for this CAS.
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[In] dint(1/(a+b*exp(d*x+c))N3/xXA2,X)

[Out] int(1/(a+b*exp(d*x+c))A3/xr2,x)

Maxima [A]  time = 0., size = 0, normalized size = 0.

3adx + 2 (bdxe® + be®)eld) + 24 d’x? +3dx +3
2 (a202d2x3e2dx+20) 4 2 B3bd2xdeldx0) + gid2x3) ) @bdixted ) 1 gddixt

Verification of antiderivative is not currently implemented for this CAS.

[In] dintegrate(1/((b*er(d*x + c) + a)”r3*x72),x, algorithm="maxima"

[Out] 1/2*(3*a*d*x + 2*(b*d*x*erc + b*erc)*er(d*x) + 2%a)/(ar2*br2*dr2*
xXA3*er(2*d*x + 2*c) + 2*anr3*b*dA2*xA3*enr(d*x + c) + ard*dAr2*xA3)

+ integrate((dr2*x72 + 3*d*x + 3)/(ar2*b*dr2*x7r4*er(d*x + c) + ar
3*dA2*xr4), x)

Fricas [A] time = 0., size = 0, normalized size = 0.

1
b3x2eBdx30) 1 3 gb?x2eCdX20) 1 3 @2ba2eldx 0 5 gdx2

integral
Verification of antiderivative is not currently implemented for this CAS.
[In] integrate(1l/((b*er(d*x + c) + a)A3*xA2),x, algorithm="fricas")

[Out] integral(1/(bA3*xA2*er(3*d*x + 3*c) + 3*a*bA2*xA2*eAr(2*d*x + 2*cC)
+ 3*anr2*b*xA2*er(d*x + c) + ar3*xA2), X)

Sympy [A] time = 0., size = 0, normalized size = 0.

3dx d*x? 3
3adx + 2 + (2bdx + 2b) e°*4 | e dx + | oy g A+ | g e dx
2a4d2x3 + 4a3bd2x3ec+dx + 2a2b2d2x362c+2dx a2d2

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(l/(a+b*exp(d*x+c))**3/x**2,x)

[Out] (3*a*d*x + 2*a + (2*b*d*x + 2*b)*exp(c + d*x))/(2*a**4*d**2*x**3
+ 4*a**3*b*d**2*x**3*exp(c + d*x) + 2*a**2*b**2*d**2*x**3*exp(2*c

+ 2*d*x)) + (Integral(3*d*x/(a*x**4 + b*x**4*exp(c)*exp(d*x)), x

) + Integral(d**2*x**2/(a*x**4 + b*x**4*exp(c)*exp(d*x)), x) + In
tegral(3/(a*x**4 + b*x**4*exp(c)*exp(d*x)), x))/(a**2*d**2)

GIAC/XCAS [A]  time = 0., size = 0, normalized size = 0.

J 1+
x
(be(dx+c) a) Syx2

Verification of antiderivative is not currently implemented for this CAS.



[In] integrate(1l/((b*er(d*x + c) + a)~3*x72),x, algorithm="giac")

[Out] integrate(l/((b*er(d*x + c) + a)A3*xA2), Xx)
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323 | (; dx

a+bec_dx)3

Optimal. Leaf size=72

log (a + bec™9%) & 1 1
— + —_—— —
a’d a3 ad (a + bec‘d") 2ad (a + bec_dx) 2

[Out] -1/(2*a*d*(a + b*E~r(c - d*x))72) - 1/(ar2*d*(a + b*EA(c - d*x)))
+ x/a”r3 + Log[a + b*EA(c - d*x)]/(ar3*d)

Rubi [A]  time = 0.0854364, antiderivative size = 72, normalized size of antiderivative = 1., number

number of rules _ 143

of steps used = 3, number of rules used = 2, integrand size = 14, = =
integrand size

log (a +be™®)  x 1 1

a’d TP 2d (a + becdx) " 2ad (a+ bec—dx)z

Antiderivative was successfully verified.

[In] Int[(a + b*EAr(c - d*x))A(-3),x]

[Out] -1/(2*a*d*(a + b*EA(c - d*x))"2) - 1/(ar2*d*(a + b*EA(c - d*x)))
+ x/ar3 + Logl[a + b*EA(c - d*x)]/(ar3*d)

Rubi in Sympy [A]  time = 17.7489, size = 116, normalized size = 1.61

e—c+dxec—dx e—c+dxec—dx e—c+dxec—dx log (a + bec—dx) e—c+dxec—dx 10g (ec—dx)

2ad (a + bec—d")2 ad (a + becdx) ’ a’d add

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(1l/(a+b*exp(-d*x+c))**3,x)

[Out] -exp(-c + d*x)*exp(c - d*x)/(2*a*d*(a + b*exp(c - d*x))**2) - exp
(-¢c + d*x)*exp(c - d*x)/(a**2*d*(a + b*exp(c - d*x))) + exp(-c +
d*x)*exp(c - d*x)*log(a + b*exp(c - d*x))/(a**3*d) - exp(-c + d*x
)*exp(c - d*x)*log(exp(c - d*x))/(a**3*d)

Mathematica [A] time = 0.0806117, size = 62, normalized size = 0.86

bec(4aed"+3bec)

(aed*+bec)?

+2log (aed™ + be®)

2a%d
Antiderivative was successfully verified.

[In] 1Integrate[(a + b*EA(c - d*x))A(-3),x]

[Out] ((b*EAc*(3*b*EAc + 4*a*EA(d*x)))/(b*EAc + a*EA(d*x))"2 + 2*Log[b*
EArc + a*EA(d*x)])/(2*ar3*d)
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Maple [A] time = 0.003, size = 79, normalized size = 1.1

In (e—dx+c) In (a " be—dx+c) 1 1
— + — —
da3 da3 a’d (a + be—d’”c) 2 ad (a 4 be—dx+c) 2

Verification of antiderivative is not currently implemented for this CAS.

[In] int(1/(a+b*exp(-d*x+c))"3,x)

[Out] -1/d/ar3*1n(exp(-d*x+c))+1In(a+b*exp(-d*x+c))/ar3/d-1/ar2/d/(a+b*e
xp(-d*x+c))-1/2/a/d/(a+b*exp(-d*x+c))r2

Maxima [A]  time = 0.790788, size = 119, normalized size = 1.65

2 bel=dx+0) 4 34 dx — ¢ log (be(—dx+c) + a)
2 (2 adbeldx+c) 1 g2p2e(-2dx+2¢) 4 g4) d TTad T a’d

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((b*er(-d*x + c) + a)~(-3),x, algorithm="maxima"

[Out] -1/2*(2*b*er(-d*x + c) + 3*a)/((2*ar3*b*er(-d*x + c) + ar2*br2*eAr
(-2*d*x + 2*c) + anr4)*d) + (d*x - c)/(ar3*d) + log(b*er(-d*x + c)
+ a)/(ar3*d)

Fricas [A]  time = 0.25864, size = 178, normalized size = 2.47

2 b2dxe724x+2¢) 1 9 g2dx — 3% + 2(2 abdx — ab)e~9¥+) 4+ 2 (2 abe-dx+¢) 4 p2e(-2dx+2c) az) log (be(*d’”c) + a)

2 (2 a4bde(—dx+c) + a3b2de(‘2 dx+2c) 4 a5d)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((b*er(-d*x + c) + a)~(-3),x, algorithm="fricas")

[Out] 1/2* (2*br2*d*x*enr(-2*d*x + 2*c) + 2*anr2*d*x - 3*ar2 + 2*(2*a*b*d*
X - a*b)*er(-d*x + ¢c) + 2*(2*a*b*er(-d*x + c) + bAr2¥er(-2*d*x + 2

*c) + ar2)*log(b*er(-d*x + c) + a))/(2*ard*b*d*er(-d*x + ¢c) + a3
*br2*d*er(-2*d*x + 2*c) + ar5*d)

Sympy [A]  time = 0.424403, size = 78, normalized size = 1.08

—3q — 2bec~9x x log (% + ec_dx)

4
2a4d + 4a3bde 9% + 2q2b2de2c—2dx g3 add

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(l/(a+b*exp(-d*x+c))**3,x)

[Out] (-3*a - 2*b*exp(c - d*x))/(2*a**4*d + 4*a**3*b*d*exp(c - d*x) + 2
*a**2*b**2*d*exp(2*c - 2*d*x)) + x/a**3 + log(a/b + exp(c - d*x))
/(a**s*d)
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GIAC/XCAS [A]  time = 0.262228, size = 99, normalized size = 1.38

dx — ¢ In (lbe(_dx+c) + a|) 2 abe(—dx+c) 4 3 42
+ -

a’d a’d 2 (bel-dx+<) + q) 23d

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((b*er(-d*x + c) + a)~(-3),x, algorithm="giac")

[Out] (d*x - c)/(ar3*d) + ln(abs(b*er(-d*x + c) + a))/(ar3*d)
a*b*er(-d*x + ¢) + 3*ar2)/((b*er(-d*x + c) + a)r2*ar3*d)

- 1/2*(2*
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324 | (; dx

a+be=¢%) )
Optimal. Leaf size=78

—c—dx)

log (a + be x 1 1

ad TP 2d (a+becdx) 944 (a + beme=dx)?

[Out] -1/(2*a*d*(a + b*EAr(-c - d*x))72) - 1/(ar2*d*(a + b*EA(-c - d*x))
) + x/ar3 + Log[a + b*EA(-c - d*x)]/(ar3*d)

Rubi [A]  time = 0.0920927, antiderivative size = 78, normalized size of antiderivative = 1., number

number of rules _ 195

of steps used = 3, number of rules used = 2, integrand size = 16, = =
integrand size

log (a+be %) & 1 1

a’d TP 2d (a + be~e~dx)  oad (a+ be—c—alx)2

Antiderivative was successfully verified.

[In] Int[(a + b*ErA(-c - d*x))A(-3),x]

[Out] -1/(2*a*d*(a + b*EA(-c - d*x))72) - 1/(ar2*d*(a + b*EA(-c - d*x))
) + x/ar3 + Log[a + b*EA(-c - d*x)]/(ar3*d)

Rubi in Sympy [A]  time = 17.4879, size = 129, normalized size = 1.65

e—c—dx€c+dx e—c—dxec+dx e—c—dxec+dx10g(a_Fbe—c—dx) e—c—dxec+dxlog(e—c—dx)

2ad (a + be=¢~9x) 2 gid (a + be~c=ax) * a’d add

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(1l/(a+b*exp(-d*x-c))**3,x)

[Out] -exp(-c - d*x)*exp(c + d*x)/(2*a*d*(a + b*exp(-c - d*x))**2) - ex
p(-c - d*x)*exp(c + d*x)/(a**2*d*(a + b*exp(-c - d*x))) + exp(-c

- d*x)*exp(c + d*x)*log(a + b*exp(-c - d*x))/(a**3*d) - exp(-c -
d*x)*exp(c + d*x)*log(exp(-c - d*x))/(a**3*d)

Mathematica [A] time = 0.0804936, size = 54, normalized size = 0.69

b(4ae”*dx+3b)

(aec+dx+b)z

+2log (ae¢*9* + b)

2a%d
Antiderivative was successfully verified.

[In] 1Integrate[(a + b*EA(-c - d*x))"(-3),x]

[Out] ((b*(3*b + 4*a*EA(c + d*x)))/(b + a*EA(c + d*x))"~2 + 2*Log[b + a*
EAr(c + d*x)])/(2*ar3*d)
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Maple [A] time = 0.003, size = 87, normalized size = 1.1

In (e_dx_c) In (a+ be_d"_c) 1 1
— + —_— —_—
da3 da3 a’d (a + be‘dx_c) 2 ad (a 4 be—dx—c) 2

Verification of antiderivative is not currently implemented for this CAS.

[In] int(1/(a+b*exp(-d*x-c))"3,x)

[Out] -1/d/ar3*1n(exp(-d*x-c))+1In(a+b*exp(-d*x-c))/ar3/d-1/ar2/d/(a+b*e
xp(-d*x-c))-1/2/a/d/(a+b*exp(-d*x-c)) 2

Maxima [A] time = 0.768719, size = 124, normalized size = 1.59

2be~4x=¢) 1 34 dx +c¢ log (be(_dx_C) * a)
+

2 (2 a3be-dx=¢) + q2h2e(-2dx-20) 4+ g4)d T a’d

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((b*er(-d*x - c) + a)~(-3),x, algorithm="maxima"

[Out] -1/2*(2*b*er(-d*x - c) + 3*a)/((2*ar3*b*er(-d*x - c) + ar2*br2*eAr
(-2*d*x - 2*c) + anr4)*d) + (d*x + c)/(ar3*d) + log(b*er(-d*x - c)
+ a)/(ar3*d)

Fricas [A]  time = 0.262441, size = 189, normalized size = 2.42

2 b2dxe(724x-2¢) 4 2 g2dx — 3 a% + 2 (2 abdx — ab)e"4X~9) 4 2 (2 abe-dx=¢) 4 p2e(-2dx-2¢) , az) log (be(*dx"’) + a)
2 (2 a*bde-4x=<) + a3b2de(-2dx=20) + g5()

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((b*er(-d*x - c) + a)~(-3),x, algorithm="fricas")

[Out] 1/2* (2*br2*d*x*enr(-2*d*x - 2*c) + 2*anr2*d*x - 3*ar2 + 2*(2*a*b*d*
X - a*b)*er(-d*x - c) + 2*(2*a*b*er(-d*x - c) + bAr2¥er(-2*d*x - 2

*c) + ar2)*log(b*er(-d*x - c) + a))/(2*ard*b*d*er(-d*x - ¢c) + a3
*br2*d*er(-2*d*x - 2*c) + ar5*d)

Sympy [A]  time = 0.422483, size = 85, normalized size = 1.09

—3q — 2be~¢74x x log (% + e_c_dx)
+ R
2a4d + 4a3bde—c—9% + 2q2h2de~2¢—2dx g3 add

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(l/(a+b*exp(-d*x-c))**3,x)

[Out] (-3*a - 2*b*exp(-c - d*x))/(2*a**4*d + 4*a**3*b*d*exp(-c - d*x) +
2*a**2*b**2*d*exp(-2*c - 2*d*x)) + x/a**3 + log(a/b + exp(-c - d
*X))/(a**3*d)
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GIAC/XCAS [A]  time = 0.248816, size = 104, normalized size = 1.33

—dx—
dx+c 1o (|be( 9+ a|) 2 abe-dx=¢) 4 3 g2
+ pa—

a’d a’d 2 (bel-dx=¢) + q) 2.3d

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((b*er(-d*x - c) + a)~(-3),x, algorithm="giac")

[Out] (d*x + c)/(ar3*d) + ln(abs(b*er(-d*x - c) + a))/(ar3*d)
a*b*er(-d*x - ¢c) + 3*ar2)/((b*er(-d*x - c) + a)r2*ar3*d)

- 1/2*(2*
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3.25 I (a +b (Fg(e+fx)) n) (c + dx) dx
Optimal. Leaf size=153

a(c +dx)* 6bd*(c +dx) (Fe99%)"  3bd(c + dx)? (Fe9F9%)" b(c +dx)® (Fe9f9x)"  6bd® (Fe99%)"
+ - + -
4d f3¢°n’ log’ (F) f2g?n? log?(F) fgnlog(F) fig'ntlog'(F)

d*x)r4)/(4*d) - (6*b*dr3* (FA(e*g + f£*g*x))An)/(£r4*gr4d*nA
(6*b*dr2* (Fr(e*g + £*g*x))An*(c + d*x))/(£A3*gr3*nA
(3*b*d* (Fr(e*g + £*g*x))An*(c + d*x)"2)/(£r2*gnr2*nA
(b*(Fr(e*g + £ g*x))An*(c + d*x)73)/(f*g*n*Log[F])

[Out] (a*(c
4*Log[F]r4)
3*Log[F]"3)
2*Log[F]r2)

+ 0+ +

Rubi [A]  time = 0.412296, antiderivative size = 153, normalized size of antiderivative = 1., number

number of rules _ ;3

of steps used = 6, number of rules used = 3, integrand size = 23, = =
integrand size

a(c +dx)* 6bd*(c +dx) (Fe99%)"  3bd(c + dx)? (Fe99%)" b(c +dx)® (Fe9*f9%)"  6bd® (Fe9+/9%)"
+ — + -
4d f3g*n3log’(F) f2g*n?log(F) fgnlog(F) fig*n*log(F)

Antiderivative was successfully verified.

[In] Int[(a + b*(FAr(g*(e + £*x)))2n)*(c + d*x)"3,x]

d*x)7d)/(4*d) - (6*b*dr3*(FA(e*g + £*g*x))An)/(£r4*gnrd*nn
(6*b*dr2* (FA(e*g + £ g*x))An*(c + d*x))/(£A3*gA3*nA
(3*b*d* (FA(e*g + £*g*x))An*(c + d*x)A2)/(£A2*gA2*nA
(b* (FA(e*g + £*g*x))An*(c + d*x)A3)/(f*g*n*Log[F])

[Oout] (a*(c
4*Log[F]74)
3*Log[F]"3)
2*Log[F]"2)

+ 1+ +

Rubi in Sympy [A]  time = 45.5903, size = 144, normalized size = 0.94

alc+ dx)4 6bd> (Fg(e+fx)) n 6bd? (c + dx) (Fg(e+fx)) n
- +
4d figintlog (F)* f3g3n log (F)?
3bd (c + dn)? (FOeT) " b (e v du)* (Fotet)
- +
fg*n?log (F)? fgnlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((a+b* (F**(g*(f*x+e)))**n)* (d*x+c)**3,x)

[out] a*(c + d*x)**4/(4*d) - 6*b*d**3*(F**(g*(e + £*x)))**n/(£**4*g**4*
n**4*log(F)**4) + 6*b*d**2*(c + d*x)*(F**(g* (e + £*x)))**n/(£**3*
g**3*n**3*log(F)**3) - 3*b*d*(c + d*x)**2*(F**(g*(e + £*x)))**n/(
£**2*g**2*n**2*1og(F)**2) + b*(c + d*x)**3*(F**(g*(e + £*x)))**n/
(f*g*n*log(F))

Mathematica [A] time = 0.209358, size = 130, normalized size = 0.85

3 1
ac’x + Eaczdxz + acd’x> + Zad3x4

b (Fg(“fx)) " (6d%fgnlog(F)(c + dx) + f3g°n® log®(F)(c + dx)* — 3d f2g*n? 1og®(F)(c + dx)* — 6d°)
+

figin*log"(F)

Antiderivative was successfully verified.
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[In] 1Integrate[(a + b*(FA(g*"(e + £*x)))*n)*(c + d*x)"3,x]

[Out] a*cAr3*x + (3*a*cnr2*d*xA2)/2 + a*c*dr2*xA3 + (a*dr3*x74)/4 + (b*(F
Agr(e + £'x)))Mn*(-6*dA3 + 6*dr2*f*g*n* (c + d*x)*Log[F] - 3*d*fA
2*gn2*nA2* (c 4+ d*x)N2*Log[F]r2 + £A3*gA3*nA3* (¢ + d*x)A3"Log[F]~3
))/(£r4*grd*nr4*Log[F]r4)

Maple [F] time = 0.039, size = 0, normalized size = 0.
J (a +b (Fg(fx”)) n) (dx +¢)® dx

Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b* (FA(g* (f*x+e)))An)* (d*x+c)"3,x)

[Out] int((a+b* (FA(g* (f*x+e)))An)* (d*x+c)"3,x)

Maxima [F(-2)]  time = 0., size = 0, normalized size = 0.

Exception raised: ValueError

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)*(d*x + c)"3,x, algorithm="maxima"

[Out] Exception raised: ValueError

Fricas [A] time = 0.262087, size = 360, normalized size = 2.35

(ad’ fig*n'x* + 4 acd® fg*ntx® + 6 ac’d fig*n'x? + 4 ac® fig*n'x) log (F)* — 4 (6 bd® — (bd® f3g°n®x® + 3bcd? F3gPn3x? +

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)*(d*x + c)"3,x, algorithm="fricas")

[Out] 1/4* ((a*dr3*frd*gnra*nrd*xnd + 4*a*c*dr2*fr4*grd*nrd*xA3 + 6*a*ch2
*d*fA4*gAdtnrdtxA2 + 47a*ch3*fA4Tgrda nnd T x)*1og(F)r4 - 4 (6*b*dA3

- (b*dnr3*£fA3*gA3*nA3*xA3 + 3*b*c*dr2*fA3*gA3*nA3*xA2 + 3*b*cA2*d
*fA3*gA3*nA3*x + b*cA3*fA3*gA3*nA3)*log(F)A3 + 3*(b*dA3*fA2*gA2*n
A2*XA2 4+ 2*b*c*dA2*fA2*gA2*nA2*x + b*cr2*d*fA2%gr2*nA2)*log(F)A2

- 6*(b*dr3*f*g*n*x + b*c*dr2*f*g*n)*log(F)) *FA(f*g*n*x + e*g*n))/
(frd*grd*nrd*log(F)N4)

Sympy [A]  time = 0.655762, size = 332, normalized size = 2.17

3ac?dx? ad3x*
ac’x + +acd®x® + ——

(bc3f3g3n3 log (F)*+3bc?df3g®n3x log (F)*-3bc2df2g?n? log (F)2+3bcd?f3g* n®x? log (F)*—6bcd?f2g*n?x log (F)?+6bcd*f gnlog (F)+bd> £ g>n’ x* log
+ Y - fig*ntlog (F)*
bc3x + 3bczdx + bed?x3 + bd4x
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Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b* (F**(g*(f*x+e)))**n)*(d*x+c)**3,x)

[Out] a*c**3*x + 3*a*c**2*d*x**2/2 + a*c*d**2*x**3 + a*d**3*x**4/4 + Pi
ecewise(((b*c**3*f**3*g**3*n**3*1log(F)**3 + 3*b*c**2*d*f**3*g**3*
n**S*X*log(F)**3 - 3*b~kc**z*d*f**z*g**z*n**z*log(F)**z + 3*b*C*d*
*z*f**3*g**3*n**3*X**2*log(F)**3 - 6*b*c*d**2*f**z*g**z*n**z*x*lo
g(F)**z + 6*b*C*d**2*f*g*n*log(F) + b*d**g*f**3*g**3*n**3ﬁx~k*3*lo
g(F)**S - 3*b*d**3*f**z*g**z*n**Z*X**z*log(F)**z + 6*b*d**3*f*g*n
*X*log(F) - 6*b*d**3)*(F**(g*(e + f*X)))**n/(f**4*g**4*n**4*log(F
Y**4), Ne(f**4*g**4*n**4*log(F)**4, 0)), (b*c**3*x + 3*b*c**2*d*x
**2/2 4+ b*c*d**2*x**3 + b*d**3*x**4/4, True))

GIAC/XCAS [A]  time = 0.318312, size = 1, normalized size = 0.01

Done

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))?n*b + a)*(d*x + c)"3,x, algorithm="giac")

[Out] Done
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3.26 I (a +b (Fg(e+fx)) n) (c + dx)* dx
Optimal. Leaf size=115

a(c +dx)®>  2bd(c + dx) (Feg+ffJX) " b(c + dx)? (Feg+fgx) " obd? (Feg*fgx) n
_ N .
3d f2q2n? IOgZ(F) fgnlog(F) f3g3n3 10g3(F)

[Out] (a*(c + d*x)A3)/(3*d) + (2*b*dr2*(Fr(e*g + £*g*x))An)/(£23*gAr3*nA
3*Log[F]"3) - (2*b*d*(Fr(e*g + £*g*x))An*(c + d*x))/(£r2*gnr2*nr2*
Log[F]"r2) + (b*(Fr(e*g + f*g*x))rn*(c + d*x)7*2)/(f*g*n*Log[F])

Rubi [A]  time = 0.268511, antiderivative size = 115, normalized size of antiderivative = 1., number
23, number of rules - 013

of steps used = 5, number of rules used = 3, integrand size =
integrand size

a(c +dx)®>  2bd(c + dx) (Feg+f9x) " b(c + dx)? (Feg+f9x) 2bd2 (Feg+f9x)
- +
3d f2g*n?log*(F) fgnlog(F) C TP log (F)

Antiderivative was successfully verified.

[In] Int[(a + b*(FA(g*(e + £*x)))An)*(c + d*x)"r2,x]

[Out] (a*(c + d*x)73)/(3*d) + (2*b*dr2*(Fr(e*g + £*g*x))An)/(£2r3*gr3*nA
3*Log[F]A3) - (2*b*d*(Fr(e*g + £*g*x))An*(c + d*x))/(£A2*gnr2*nr2*
Log[F]A2) + (b*(FAr(e*g + f*g*x))rn*(c + d*x)A2)/(f*g*n*Log[F])

Rubi in Sympy [A] time = 28.9089, size = 105, normalized size = 0.91

alerdey 268 (FT9)" gbd(cr dn) (FUe)" b dn? (Poeer)”
+ - +
3d f2g*n’ log (F)? f*g*n?log (F)’ fgnlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((a+b* (F**(g*(f*x+e)))**n)* (d*x+c)**2,x)

[Oout] a®(c + d*x)**3/(3"d) + 2°b*d"*2"(F*"(g"(e + £*x)))**n/(£"*3"g"*3"
n**3*log(F)**3) - 2*b*d*(c + d*x)* (F**(g*(e + £'x)))"*n/(f*"2°g*"
2*n**2*1log(F)**2) + b*(c + d*x)**2* (F**(g* (e + £'x)))**n/(f*g*n*1
0g(F))

Mathematica [A] time = 0.145187, size = 91, normalized size = 0.79

b (FIN" (2622 log?(F)(c + dx)? — 2d fgnlog(F)(c + dx) + 2d?)
f3g3n3log’(F)

1
ac’x + acdx?® + gadzx3 +

Antiderivative was successfully verified.

[In] 1Integrate[(a + b*(FA(g"(e + £*x))) n)*(c + d*x)"2,x]

[Out] a*cr2*x + a*c*d*xr2 + (a*dr2*x73)/3 + (b*(FAr(g*(e + £*x)))An*(2*d
A2 - 2*d*f*g*n* (c + d*x)*Log[F] + £A2*gA2*nAr2*(c + d*x)"A2*Log[F]A
2))/(£A3*gA3*nA3*Log[F]A3)
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Maple [A]  time = 0.046, size = 199, normalized size = 1.7

,ﬂnvaanmw) ) ,ﬂn&gvxwﬂmm) ,ﬂnGngwnmm)dz

ac’x + acdx?® + be ¢ _ 2 be ed +2 be
ngf In (F) (In (F))? f2g%n? (In (P’ fign’
nln(edV x+e)n nln(ed(fx+e)In(F)
b (corezermin) L adx® | bd(In(F)efgn - d)xe"" (eorxeermn)
ngf In (F) 3 (In (F))* f2¢%n?

Verification of antiderivative is not currently implemented for this CAS.
[In] int((a+b* (FA(g* (f*x+e))) n)* (d*x+Cc)"2,Xx)

[Out] a*cr2*x+a*c*d*xA2+b/1n(F)/f/g/n*exp(n*1ln(exp(g* (£*x+e)*1In(F))))*c
N2-2*b/1In(F)nr2/£fr2/gr2/nr2*exp(n*In(exp(g* (£f*x+e)*1In(F))))*c*d+2*
b/1In(F)A3/£fA3/gr3/nr3*exp(n*In(exp(g* (£*x+e) *1In(F)))) *dr2+1/n/g/f
/In(F)*b*dr2*xr2*exp(n*In(exp(g* (£*x+e)*1In(F))))+1/3*a*dr2*xAr3+2*

b*d* (In(F)*c*f*g*n-d)/1In(F)r2/fr2/gr2/nr2*x*exp(n*1n(exp(g* (£*x+e
)*1In(F))))

Maxima [F(-2)] time = 0., size = 0, normalized size = 0.

Exception raised: ValueError

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)*(d*x + c)"2,x, algorithm="maxima"

[Out] Exception raised: ValueError

Fricas [A]  time = 0.261793, size = 224, normalized size = 1.95

(ad?f3g°n3x3 + 3acd f3g°n3x? + 3ac? f3g°n3x) log (F)* + 3 (2bd? + (bd® f2g%n?x? + 2 bed f2g?n?x + be? f2g%n?) log (F)” -
3 f3g°n’ log (F)’

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)*(d*x + c)"2,x, algorithm="fricas")

[Out] 1/3* ((a*dr2*fA3*gA3*nA3*xA3 + 3*a*c*d*fA3*gA3*nA3*xA2 + 3*a*cr2*f
A3*gA3*nA3*x)*1og (F)A3 + 3*(2*b*dA2 + (b*dA2*fA2*gA2*nA2*xA2 + 2*
b*c*d*fA2*gA2*nA2*x + b*cA2*fA2*gr2*nr2)*log(F)Ar2 - 2*(b*dr2*f*g*

n*x + b*c*d*f*g*n)*log(F))*FA(f*g*n*x + e*g*n))/(£A3*gr3*n”r3*log(

F)"3)

Sympy [A]  time = 0.514271, size = 196, normalized size = 1.7

9 , ad®x®
ac’x + acdx” +

(bczfzgznzlog(F)2+2bcd zgznzxlog(F)z—Zbcdfgnlog(F)+bd2fZgznzx2log(F)Z—Zbdzfgnxlog(F)+2bd2)(Fg("’*fx))n 3 3 3 3
+ f3g3n3log(F)3 fOI‘f gn log(F) #

2.3 .
belx + bedx? + dex otherwise

Verification of antiderivative is not currently implemented for this CAS.
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[In] integrate((a+b* (F**(g*(f*x+e)))**n)*(d*x+c)**2,x)

[Out] a*c**2*x + a*c*d*x**2 + a*d**2*x**3/3 + Piecewise(((b*c**2"f**2*g
**z*n**z*log(F)**z + 2*b*c*d*f**z*g**z*n**z*x*log(F)**z - z*b*c*d
*f*g*n*log(F) + b*d**Z*f**z*g**z*n**Z*X**z*log(F)**z - 2*b*d**2*f
*g*n*x*log(F) + z*b*d**z)*(F**(g*(e + f*X)))**n/(f**3*g**3*n**3*l
og(F)**3), Ne(f**3*g**3*n**3*log(F)**3, 0)), (b*c**2*x + b*c*d*x*

*2 + b*d**2*x**3/3, True))

GIAC/XCAS [A]  time = 0.277035, size = 1, normalized size = 0.01

Done

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g)) n*b + a)*(d*x + c)"2,x, algorithm="giac")

[Out] Done
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3.27 I (a +b (Fg(e+fx)) n) (c +dx)dx

Optimal. Leaf size=77

alc +dx)?  b(c+dx) (Fe9tf9x)"  pd (Fegf9x)"
+ _
2d fgnlog(F) f2g%n? log?(F)

[Out] (a*(c + d*x)72)/(2*d) - (b*d* (Fr(e*g + f*g*x))An)/(£fr2*gr2*n"r2*Lo
glF]1r2) + (b*(Fr(e"g + £7g"x)) " (c + d*x))/(£"g"n"Log[F])

Rubi [A]  time = 0.135804, antiderivative size = 77, normalized size of antiderivative = 1., number of
number of rules _ ( 143

steps used = 4, number of rules used = 3, integrand size = 21, = -
integrand size

a(c+dx)?  b(c+dx) (Fe9+f9x)"  bd (Fe9+fox)"
+ -—
2d fgnlog(F) f2g*n? log*(F)

Antiderivative was successfully verified.

[In] Int[(a + b*(FA(g*(e + £*x)))*n)*(c + d*x),x]

[out] (a*(c + d*x)A2)/(2*d) - (b*d*(Fr(e*g + £*g*x)) n)/(£A2*gAr2*n 2*Lo
glF]r2) + (b*"(Fr(e*g + f£rg"x)) " (c + d*x))/(£*g"n"Log[F])

Rubi in Sympy [A]  time = 13.937, size = 65, normalized size = 0.84

eoa_ () oesaoforer)
2d f2g*n?log (F)° fgnlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((a+b* (F**(g*(f*x+e)))**n)* (d*x+c),x)

[out] a*(c + d*x)**2/(2*d) - b*d* (F**(g* (e + £*x)))**n/(f**2*g**2*n**2*
log(F)**2) + b*(c + d*x)*(F**(g*(e + £*x)))**n/(f*g*n*log(F))

Mathematica [A] time = 0.168407, size = 73, normalized size = 0.95

b(c + dx) (F9E0)"  pq (Folef0)"
fgnlog(F) f2g%n? log?(F)

1

5ax(2c +dx) +
Antiderivative was successfully verified.
[In] 1Integrate[(a + b*(FA(g*(e + £*x)))"n)*(c + d*x),x]

[Out] (a*x*(2*c + d*x))/2 - (b*d*(Fr(g*(e + £*x)))An)/(fr2*gr2*nr2*Log[
F]72) + (b*(Fr(g*(e + £*x)))*n*(c + d*x))/(£*g*n*Log[F])

Maple [A] time = 0.03, size = 105, normalized size = 1.4

n ln(eg(fx+e) ln(F)) b n ln(eg(fx+e)ln(F)) n In(eg(fx+e)ln(F)) )
€

c . bdxe . adx
ngf In (F) (In (F))? f2g*n? ngf In (F) 2

be

acx +
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Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b* (FA(g* (£f*x+€))) n)* (d*x+c),x)

[Out] a*c*x+b/n/g/f/1In(F)*exp(n*1In(exp(g* (£*x+e)*1n(F))))*c-b/nr2/gr2/f
A2/1n(F)r2*exp(n*1ln(exp(g* (£*x+e)*1In(F))))*d+1/n/g/£/1n(F)*b*d*x*
exp(n*ln(exp(g* (£*x+e)*1In(F))))+1/2*a*d*x"2

Maxima [F(-2)] time = 0., size = 0, normalized size = 0.

Exception raised: ValueError

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)*(d*x + c),x, algorithm="maxima"

[Out] Exception raised: ValueError

Fricas [A] time = 0.279655, size = 117, normalized size = 1.52

(adf?g?n?x? + 2 acf2g*n’x) log (F)* — 2 (bd — (bd fgnx + be fgn) log (F))F/9nx+egn
2 f2g?n? log (F)’

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)*(d*x + c),x, algorithm="fricas")

[out] 1/2* ((a*d*fA2*gr2*nA2*xA2 + 2*a*c*fA2*gr2*nAr2*x)*log(F)A2 - 2*(b*
d - (b*d*f*g*n*x + b*c*f*g*n)*log(F))*FA(f*g*n*x + e*g*n))/(fr2*g
A2*nA2* log (F)A2)

Sympy [A]  time = 0.397601, size = 94, normalized size = 1.22

(bef gnlog (F)+bdf gnx log (F)-bd)( Fote=)"
. g Iog () ( ) for f2g*n?log (F)* # 0

2 .
bex + % otherwise

adx?

acx +

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b* (F**(g*(f*x+e)))**n)*(d*x+c),x)

[Out] a*c*x + a*d*x**2/2 + Piecewise(((b*c*f*g*n*log(F) + b*d*f*g*n*x*1
og(F) - b*d)*(F**(g*(e + £*x)))**n/(f**2*g**2*n**2"1log(F)**2), Ne
(f**2*g**2*n**2*log(F)**2, 0)), (b*c*x + b*d*x**2/2, True))

GIAC/XCAS [A] time = 0.275421, size = 1, normalized size = 0.01

Done

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))*n*b + a)*(d*x + ¢c),x, algorithm="giac")



[Out] Done
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3.28 j(a +b (F9<e+fX>)”) dx

Optimal. Leaf size=30
b (F9te*f) "
fgnlog(F)

[Out] a*x + (b*(FA(g* (e + £*x))) )/ (£*g*n*Log[F])

Rubi [A]  time = 0.0346001, antiderivative size = 30, normalized size of antiderivative = 1., number
number of rules _ ) (6~

of steps used = 2, number of rules used = 1, integrand size = 15, = -
integrand size

b (Fg(e+fx)) "
X+ ——
fgnlog(F)

Antiderivative was successfully verified.

[In] 1Int[a + b*(FA(g*(e + f£*x)))"n,x]

[Out] a*x + (b*(FAr(g*(e + £*x)))* )/ (£*g*n*Log[F])

Rubi in Sympy [F]  time = 0., size = 0, normalized size = 0.

b ( Fg(e+fx)) "
T i |adx
fgnlog (F) J

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(a+b* (F**(g*(f*x+e)))**n,x)

[Out] b*(F**(g*(e + £*x)))**n/(£f*g*n*log(F)) + Integral(a, x)

Mathematica [A] time = 0.03314, size = 30, normalized size = 1.

b (Fo(e+f)"
ax + ————
fgnlog(F)

Antiderivative was successfully verified.

[In] Integrate[a + b*(FA(g*(e + £*x)))"n,x]

[Out] a*x + (b*(FA(g*(e + £*x)))Mn)/(£*g*n*Log[F])

Maple [A] time = 0.004, size = 31, normalized size = 1.

b (Fg(fx+e)) "
ngfIn(F)

ax +

Verification of antiderivative is not currently implemented for this CAS.
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[In] int(a+b*(FA(g*(£f*x+e)))"n,x)

[Out] a*x+b* (FA(g* (f*x+e)))rn/f/g/n/1In(F)

Maxima [F(-2)] time = 0., size = 0, normalized size = 0.

Exception raised: ValueError

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((FA((f*x + e)*g))An*b + a,x, algorithm="maxima"

[Out] Exception raised: ValueError

Fricas [A] time = 0.259679, size = 50, normalized size = 1.67

af gnx log (F) + Ff9nx+egnp
fgnlog(F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((FA((f*x + e)*g))*n*b + a,x, algorithm="fricas")

[out] (a*f*g*n*x*log(F) + FA(f*g*n*x + e*g*n)*b)/(£f*g*n*log(F))

Sympy [A]  time = 0.2318, size = 32, normalized size = 1.07

b(Fg(e+fx) "
ax + | Fanogry  for fgnlog(F) # 0
bx otherwise

Verification of antiderivative is not currently implemented for this CAS.
[In] integrate(a+b* (F**(g*(f*x+e)))*"n,x)

[Out] a*x + Piecewise((b*(F**(g* (e + £*x)))**n/(£f*g*n*log(F)), Ne(f*g*n
“log(F), 0)), (b"x, True))

GIAC/XCAS [A]  time = 0.264939, size = 43, normalized size = 1.43

ngnx+gneb

" Fgnin (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((FA((f*x + e)*g))An*b + a,x, algorithm="giac")

[Oout] a*x + FA(f*g*n*x + g*n*e)*b/(£*g*n*1n(F))
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a+b(F9(e+fx)

c+dx

)dx

3.29

Optimal. Leaf size=68

A + +
alog(c + dx) b (Feg+fgx) " an(e d ) gne fx)EprntegralEi (f—gnlog(j)(c dx))
+
d d

[Out] (b*FA((e - (c*f)/d)*g*n - g'n*(e + £*x))*"(Fr(e*g + £*g"x)) n*Expl
ntegralEi[ (f*g*n* (c + d*x)*Log[F])/d])/d + (a*Log[c + d*x])/d

Rubi [A]  time = 0.225586, antiderivative size = 68, normalized size of antiderivative = 1., number of

number of rules _ ;13

steps used = 4, number of rules used = 3, integrand size = 23, = -
integrand size

—<L) —gn(e+ c+
slogle + d) lewﬁyﬂnFW@ d)gﬂeﬂ%kmhmgdm(ﬁﬂ@%14§»
+
d d

Antiderivative was successfully verified.

[In] Int[(a + b*(Fr(g*(e + £*x)))*n)/(c + d*x),x]

[Out] (b*FA((e - (c*f)/d)*g*n - g*n*(e + £*x))*(Fr(e*g + £*g*x)) "n*Expl
ntegralEi[ (f*g*n*(c + d*x)*Log[F])/d])/d + (a*Log[c + d*x])/d

Rubi in Sympy [A]  time = 15.4127, size = 65, normalized size = 0.96

e _gnlcf-de) . ™ _. ( fgn(c+dx)log (F)
FInCe /" b (Fg(e fx)) Ei (f) alog (c + dx)
+
d d

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate((a+b* (F**(g*(f*x+e)))**n)/(d*x+c),x)

[Out] F**(g*n*(-e - £*x))*F**(-g*'n*(c*f - d*e)/d)*b* (F**(g*(e + £*x)))*
*n*Ei(f*g*n* (¢ + d*x)*log(¥)/d)/d + a*log(c + d*x)/d

Mathematica [A] time = 0.0988741, size = 56, normalized size = 0.82

alog(c + dx) + b (F9(¢*f%) i ExplntegralEi (M)
d

Antiderivative was successfully verified.

[In] Integrate[(a + b*(FA(g*(e + £*x)))*n)/(c + d*x),x]

[Out] ((b*(Fr(g*(e + £*x))) n*ExpIntegralEi[(f*g*n*(c + d*x)*Log[F])/d]
Y/FA((f*g*n* (¢ + d*x))/d) + a*Log[c + d*x])/d

Maple [F] time = 0.07, size = 0, normalized size = 0.

a+b (F9<fx+e>)"
J dx +c dx
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Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b* (FA(g* (f*x+e)))Arn)/(d*x+c),x)

[Out] int((a+b* (FA(g* (f*x+e)))Arn)/(d*x+c),x)

Maxima [F] time = 0., size = 0, normalized size = 0.

(ngx)n alog(dx +c)
eg\n o' 7
(F%9) bJ Trre dx + y

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))~n*b + a)/(d*x + c),x, algorithm="maxima"

[Out] (FA(e*g))rn*b*integrate((FA(f*g*x))An/(d*x + ¢c), x) + a*log(d*x +
c)/d

Fricas [A] time = 0.283091, size = 68, normalized size = 1.

(de-cf)gn +
F—d " bEj ((dfgnx cg-"")lOg(F)) +alog (dx + c)

d

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))?n*b +a)/(d*x + c),x, algorithm="fricas")

[Out] (FA((d*e - c*f)*g*n/d)*b*Ei((d*f*g*'n*x + c*f*g*n)*log(F)/d) + a*l
og(d*x + ¢))/d

Sympy [F] time = 0., size = 0, normalized size = 0.

dx

Ia+b(Fe-‘7Ff9x)n
c+dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b* (F**(g*(f*x+e)))**n)/(d*x+c),x)

[Out] Integral((a + b*(F**(e*g)*F**(f*g*x))**n)/(c + d*x), x)

GIAC/XCAS [F]  time = 0., size = 0, normalized size = 0.

(F(f’”e)g) nb +a
I dx +c dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))An*b + a)/(d*x + c),x, algorithm="giac")

[Out] integrate(((FA((f*x + e)*g)) n*b + a)/(d*x + ¢c), x)
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a+b(F9(e+fx)

(c+dx)? ) dx

3.30

Optimal. Leaf size=100

L) oo )
a bfgnlog(F) (Feg+fgx) n an(e d ) gn(e fx)EXpIntegralEi (M) b (Feg+ng) n

_d(c +dx) * d? d(c + dx)

[Out] -(a/(d*(c + d*x))) - (b*(Fr(e*g + f*g*x))" )/ (d*(c + d*x)) + (b*f
*FA((e - (c*f)/d)*g*n - g*n*(e + £*x))* (Fr(e*g + £*g*x)) n*g*n*Ex
pIntegralEi[(f*g*n*(c + d*x)*Log[F])/d]*Log[F])/dr2

Rubi [A] time = 0.286518, antiderivative size = 100, normalized size of antiderivative = 1., number

number of rules _ ( 174

of steps used = 5, number of rules used = 4, integrand size = 23, = -
integrand size

CeF) ones .
a b fgnlog(F) (Feg+fgx)npgn(e d) gn(e fx)EprntegralEi (IM) b (Feg*fgx)n

- +
d(c + dx) d? d(c + dx)

Antiderivative was successfully verified.

[In] Int[(a + b*(Fr(g*(e + £*x)))"n)/(c + d*x)"2,X]

[Out] -(a/(d*(c + d*x))) - (b*(Fr(e*g + f*g*x))rn)/(d*(c + d*x)) + (b*f
*FA((e - (c*f)/d)*g*n - g*n*(e + £*x))*(Fr(e*g + f*g*x)) n*g*n*Ex
pIntegralEi[(f*g*n*(c + d*x)*Log[F])/d]*Log[F])/dr2

Rubi in Sympy [A] time = 21.44, size = 92, normalized size = 0.92

gn(cf-de)

F9n—e—fx)p——g— bfgn (Fg(e+fx)) " log (F) Ei (fgn(c’fddx) log(F)) . b (Fg(e+fx)) g
d? _d(c+dx)_ d(c+dx)

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((a+b* (F**(g* (f*x+e)))**n)/(d*x+c)**2,x)

[Out] F**(g*n*(-e - £*x))*F**(-g*n*(c*f - d*e)/d)*b*f*g*n*(F**(g* (e +
*x)))**n*log(F)*Ei(f*g*n* (¢ + d*x)*log(F)/d)/d**2 - a/(d*(c + d*x
)) - b*(F**(g*(e + £*x)))**n/(d* (c + d"x))

Mathematica [A] time = 0.303208, size = 78, normalized size = 0.78

d(a+b(pg<e+fx>) ”)

c+dx

_fgn(c+dx)

bfgnlog(F) (F9*f)" =7 ExpIntegralEi (f gnlog(F )(C*d")) -
d2

Antiderivative was successfully verified.

[In] Integrate[(a + b*(FA(g*(e + £*x)))*n)/(c + d*x)"2,X]

[Out] (-((d*(a + b*(Fr(g*(e + f*x)))™))/(c + d*x)) + (b*f*(Fr(g*(e +
*x)))An*g*n*ExpIntegralEi[ (f*g*n* (¢ + d*x)*Log[F])/d]*Log[F])/FA(
(f*g*n*(c + d*x))/d))/dr2
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Maple [F] time = 0.068, size = 0, normalized size = 0.

a+b(p0x0)"

J dep &

Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b* (FA(g* (f*x+e))) n)/(d*x+Cc)"2,x)

[out] int((a+b* (FA(g* (f*x+e)))n)/(d*x+c)A2,x)

Maxima [F] time = 0., size = 0, normalized size = 0.

(9" J (Ffox)" PR
d?x? + 2 cdx + c? d’x + cd

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)/(d*x + c)*2,x, algorithm="maxima"

[Out] (FA(e*g))An*b*integrate((FA(f*g*x))An/(dA2*xA2 + 2*c*d*x + cr2),
Xx) - a/(dr"2*x + c*d)

Fricas [A]  time = 0.27773, size = 117, normalized size = 1.17

(bdfgnx + befgn)F = Ei (W gnacrefgn) l°g(F>) log (F) — Ff9mx+eanpq — qd

d3x + cd?

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))*n*b +a)/(d*x + c)"2,x, algorithm="fricas")

[Out] ((b*d*f*g*n*x + b*c*f*g*n)*FA((d*e - c*f)*g*n/d)*Ei((d*f*g*n*x +
c*f*g*n)*log(F)/d)*log(F) - FA(f*g*n*x + e*g*n)*b*d - a*d)/(d"3*x
+ c*dAr2)

Sympy [F(-1)]  time = 0., size = 0, normalized size = 0.
Timed out
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b* (F**(g*(f*x+e)))**n)/(d*x+c)**2,x)

[Out] Timed out

GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

(F(f’“e)g) nb +a

I @ =
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Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))?n*b + a)/(d*x + c)*2,x, algorithm="giac")

[Out] integrate(((FA((f*x + e)*g))An*b + a)/(d*x + c) 2, x)
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a+b(Foerf)"
331 ((c+dx)3) dx

Optimal. Leaf size=147

- + nlo c+dx
a bf2g*n?log?(F) (Feg+f9x)ann(e d) gn(e fx)EprntegralEi (f—g 1 g(j)( d ))
T2d(c+dx)? 28
bfgnlog(F) (Fe+f9x)"  p (Fea+fox)"

2d?(c + dx) 2d(c + dx)?

[Out] -a/(2*d*(c + d*x)72) - (b*(Fr(e*g + f*g*x))rn)/(2*d*(c + d*x)~2)
- (b*f*(Fr(e*g + £*g*x))Mn*g*n*Log[F])/(2*dr2*(c + d*x)) + (b*fr2
*FA((e - (c*f)/d)*g*n - g*n*(e + £*x))*(FA(e*g + £*g*x))An*gr2*nA
2*ExpIntegralEi[ (f*g*n*(c + d*x)*Log[F])/d]*Log[F]r2)/(2*dr3)

Rubi [A]  time = 0.396775, antiderivative size = 147, normalized size of antiderivative = 1., number
number of rules _ 174

of steps used = 6, number of rules used = 4, integrand size = 23, = =
integrand size

n n e—i —gn(e+J x n 10, ct+ax
a bf2g’n?log(F) (Fvegx) F? ( d) gne+f )EprntegralEi (f—g lg(j)( d ))
Todc+ dx)? 20
bfgnlog(F) (Feg+f9x) b (Feg*fgx) "

2d2(c + dx) 2d(c + dx)?

Antiderivative was successfully verified.

[In] Int[(a + b*(Fr(g* (e + £*x)))*n)/(c + d*x)"3,x]

[Out] -a/(2*d*(c + d*x)72) - (b*(Fr(e*g + £*g*x))"rn)/(2*d*(c + d*x)72)
- (b*f*(Fr(e*g + £*g*x))An*g*n*Log[F])/(2*dr2*(c + d*x)) + (b*fr2
*FA((e - (c*f)/d)*g*n - g*n*(e + £*x))*(Fr(e*g + £*g*x))An*gr2*nA
2*ExpIntegralEi[(£*g*n* (¢ + d*x)*Log[F])/d]*Log[F]”2)/(2*dr3)

Rubi in Sympy [A]  time = 33.0717, size = 138, normalized size = 0.94

F9n(-e—fx)p- 7911“{;7(16) bf‘Zan2 (Fg(e+fx)) " log (F)Z Ei (]w)

28
. b(Fg@fﬁﬂ)" bfgn(fv@ffﬂ)"log(F)

" 2d (c + dx)? 2d (c + dx)? 2d? (c + dx)

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate((a+b* (F**(g*(f*x+e)))**n)/(d*x+c)**3,x)

[Out] F**(g*n*(_e - f*X))*F**(_g*n*(C*f _ d*e)/d)*b*f**z*g**z*n**2*(F**
(g* (e + £*x)))**n*log(F)**2*Ei(f*g*n* (¢ + d*x)*log(F)/d)/(2*d**3)

- a/(2*d*(c + d*x)**2) - b*(F**(g*(e + £*x)))**n/(2*d*(c + d*x)*

*2) - b*frg*n* (F**(g*(e + £*x)))**n*log(F)/(2*d**2*(c + d*x))

Mathematica [A] time = 0.298804, size = 111, normalized size = 0.76

ad? — bf*g*n? log(F)(c + dx)? (F9(¢+/%)) n p- Lo ExplntegralEi (M) + bd (F9(¢+/%) " (fgnlog(F)(c + d>
2d3(c + dx)?
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Antiderivative was successfully verified.

[In] 1Integrate[(a + b*(FA(g*(e + £*x)))*n)/(c + d*x)"3,x]

[Out] -(a*dr2 - (b*fAr2*(FA(g* (e + £x)))An*gAr2*nAr2* (c + d*x)A2*ExpInteg
ralEi[(f*g*n*(c + d*x)*Log[F])/d]*Log[F]r2)/FA((f*g*n*(c + d*x))/

d) + b*d*(Fr(g*(e + £*x)))*n*(d + £*g*n*(c + d*x)*Log[F]))/(2*dr3

(¢ + d*x)A2)

Maple [F] time = 0.032, size = 0, normalized size = 0.

a+b (Fg(f’”e)) "
J (dx +¢)°

dx

Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b* (FA(g* (f*x+e))) n)/(d*x+c)"3,x)

[Out] int((a+b* (FA(g* (f*x+e))) n)/(d*x+c)"3,x)

Maxima [F] time = 0., size = 0, normalized size = 0.

(Ffo)" a
<Fe9>"bj dx
d3x3 + 3 cd?x2 + 3 c2dx + ¢3 2(d3x% + 2 cd?x + c2d)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))?n*b + a)/(d*x + c)*3,x, algorithm="maxima"

[Out] (FAr(e*g))An*b*integrate((FA(f*g*x))An/(dA3*xA3 + 3*c*dA2*x72 + 3~
cA2*d*x + ¢cA3), x) - 1/2*a/(dA3*xA2 + 2*c*dA2*x + cA2*d)

Fricas [A]  time = 0.279228, size = 216, normalized size = 1.47

(bd? f2g*n’x* + 2bed fg*n’x + bczfzgznz)F(de_gf)gnEi ((dfg"xw{;g")bgm) log (F)? — ad® — (bd* + (bd? fgnx + bed f gn)
2(d>x? + 2 cd*x + c2d®)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))~n*b + a)/(d*x + ¢c)"3,x, algorithm="fricas")

[Out] 1/2*((b*dA2*£A2*gA2*nA2*xA2 + 2*b*c*d*£A2*gA2"nA2*x + b*cr2*fA2*g
A2*nA2)*FA((d*e - c*f)*g*n/d)*Ei((d*f*g*n*x + c*f*g*n)*log(F)/d)*
log(F)A2 - a*dAr2 - (b*dr2 + (b*dA2*f*g*n*x + b*c*d*f*g*n)*log(F))
*FA(£*g*n*x + e*g*n))/(dA5*xA2 + 2*c*dAd*x + cA2*dA3)

Sympy [F(-1)]  time = 0., size = 0, normalized size = 0.
Timed out

Verification of antiderivative is not currently implemented for this CAS.
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[In] integrate((a+b* (F**(g*(f*x+e)))**n)/(d*x+c)**3,x)

[Out] Timed out

GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

(F(f’”e)g) nb +a
J (dx +¢)° dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))~n*b + a)/(d*x + c)"3,x, algorithm="giac")

[Out] integrate(((FA((f*x + e)*g))~n*b + a)/(d*x + c)"3, x)
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2
3.32 I (a +b (Fg(e+fx)) n) (c + dx)®dx
Optimal. Leaf size=322

a(c + dx)* 12abd*(c + dx) (Fe9+f9x) " 6abd(c + dx)? (Feg+f9x) "
d f3g%n® log*(F) C fgntlogh(F)
2ab(c + dx)* (Fe9+/9)"  12abd’ (Fe9+/9x)" . 3b%d?(c + dx) (Fe9/9%) ™"
fgnlog(F) f4g*ntlog*(F) 4f3g3n%log’(F)
3b2d(c+-dx)2(Pv9ff9x)2n b%(c + dx)3(ffgffgx)2” 3b2d3(ngffgx)2”
 4f2gintlogh(F) ’ 2fgnlog(F)  8figtntlog(F)

[Out] (ar2*(c + d*x)724)/(4*d) - (12*a*b*dr3*(Fr(e*g + £*g*x)) n)/(frd*g
A *nAr4*Log[F]r4) - (3*bA2*dA3* (FAr(e*g + £5g*x))A(2*n))/(8*fr4*gnrg
*nr4*Log[F]”r4) + (12*a*b*dr2* (Fr(e*g + £*g*x))An*(c + d*x))/(£r3*
gA3*nA3*Log[F]A3) + (3*bA2*dA2* (FA(e*g + £ g*x))A(2*n)*(c + d*x))
/(4*£r3*gA3*nA3*Log[F]”3) - (6*a*b*d* (Fr(e*g + £*g*x))An*(c + d*x
YA2)/(£A2*gA2*nA2*Log[F]Ar2) - (3*br2*d*(FAr(e*g + £*g*x))A(2*n)* (c

+ d*x)A2)/(4*£r2*gr2*nr2*Log[F]"2) + (2*a*b*(Fr(e*g + f£*g*x)) n*

(c + d*x)73)/(f*g*n*Log[F]) + (br2*(Fr(e*g + f£*g*x))A(2*n)*(c + d
*x)r3) /(2" £ g *n"Log[F])

Rubi [A]  time = 0.831167, antiderivative size = 322, normalized size of antiderivative = 1., number

number of rules _ 1

of steps used = 10, number of rules used = 3, integrand size = 25, = -
integrand size

a®(c +dx)* 12abd*(c + dx) (F69+f9x) " 6abd(c + dx)? (Feg*fgx) "
d T penlgh) C fgPntlogh(F)
2ab(c + dx)> (Fe9*79%)"  12abd® (Fe9*79%)"  3b2d%(c + dx) (Fe9+f9%) ?
fgnlog(F) T figntlogh(F) | af'gindlog (F)
SHRd(e+ def (POT0%) B+ da) (O ToR) " spigd (peoelon)
) 4f2g%n?log*(F) ’ 2fgnlog(F) 8figintlogh(F)

n

Antiderivative was successfully verified.

[In] Int[(a + b*(FA(g*(e + £*x)))2n)A2* (c + d*x)"3,x]

[Out] (ar2*(c + d*x)7r4)/(4*d) - (12*a*b*dr3*(Fr(e*g + f*g*x))rn)/(frd*g
A *nr4*Log[F]nr4) - (3*br2*dA3* (Fr(e*g + £g*x))N (2" n))/(8*fr4*gn4g
*nrd*Log[F]24) + (12*a*b*dr2* (Fr(e*g + £*g*x))An*(c + d*x))/(£1r3*
gA3*nA3*Log[F]A3) + (3*ba2*dr2* (Fr(e*g + £*g*x))A(2*n)*(c + d*x))
/(4*fr3*gr3*nA3*Log[F]"3) - (6*a*b*d*(Fr(e*g + £*g*x))An*(c + d*x
YA2)/(£r2*gn2*nr2*Log[F]r2) - (3*br2*d* (Fr(e*g + £ g*x))A(2*n)* (c

+ d*x)A2)/(4*fr2*gnr2*nr2*Log[F]Ar2) + (2*a*b* (Fr(e*g + f*g*x)) rn*

(c + d*x)73)/(f*g*n*Log[F]) + (br2* (FAr(e*g + £ *g*x))~(2*n)*(c + d
*x)A3)/(2*£*g*n*Log[F])

Rubi in Sympy [A]  time = 109.006, size = 309, normalized size = 0.96

)i 12abd? (Fg(e*f"))n 12abd? (c + dx) (Fg(“fx))"

a’(c +dx N
4d ftg*ntlog (F)! f2g°n3log (F)’
n n 2n
6abd (c + dx)* (F-"‘e*f x>) 2ab (c + dx)’ (F9<e+fX>) 3b%d° ( Fg<e+fx>)
- + —
f2g?n? log (F)* fgnlog (F) 8f4g*n log (F)*

2n

2n 2n
3b%d” (c + dx) (Fg(e*f x)) 362d (c + dx)? (F9<e+fx>) b2 (c + dx)’ ( F9<e+fx>)
- +
4f3g°n log (F)° 4f2g2n?log (F)? 2fgnlog (F)

+
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Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((a+b* (F**(g*(f£*x+e)))**n)**2*(d*x+c)**3,x)

[out] a**2*(c + d*x)**4/(4"d) - 12*a*b*d**3*(F**(g*(e + £*X)))**n/(f**4
"grr4*n " 4" log(F)**4) + 12*a*b*d**27(c + d"x)"(F**(g" (e + £*x)))"
*n/(f**3*g**3*n**3*log(F)**3) - 6*a*b*d*(c + d*X)**z*(F**(g*(e +
f*X)))**n/(f**z*g**z*n**z*log(F)**z) + z*a*b*(c + d*x)**s*(F**(g*

(e + £%x)))**n/(£*g*n*log(F)) - 3*b**2*d**3* (F**(g" (e + £7x)))**(
z*n)/(s*f**4*g**4*n**4*log(F)**4) + S*b**z*d**z*(c + d*X)*(F**(g*

(e + £7x)))**(2"n)/(4*£**3*g**3*n**3"log(F)**3) - 3*b**2*d*(c + d
*X)**z*(F**(g*(e + f*X)))**(z*n)/(4*f**2*g**z*n**z*log(F)**z) + b

27 (c + d*x) 3T (FTU (gt (e + £'%))) " (2°n)/(2°f* g n*log(F))

Mathematica [A]  time = 0.3766, size = 239, normalized size = 0.74

a*c’x + ga2c2dx2 + aled®x® + iazdg’x4
2ab (Fg(e+fx)) " (6d%fgnlog(F)(c + dx) + f3g°n® log®(F)(c + dx)* — 3df%g*n? log*(F)(c + dx)* — 6d°)
+
fig*n*log(F)
b? (Fg(‘”fx)) an (6d*fgnlog(F)(c + dx) + 43¢’ n’ log®(F)(c + dx)* — 6d f2g*n? 1og®(F)(c + dx)? — 3d°)
8f*g'n* log"(F)

+

Antiderivative was successfully verified.

[In] Integrate[(a + b*(FA(g*(e + £*x)))rn)r2*(c + d*x)"3,x]

[Out] anr2*cA3*x + (3*ar2*cAr2*d*xN2)/2 + ar2*c*dr2*xA3 + (anr2*dr3*x7r4)/4
+ (2*a*b* (Fr(g* (e + £*x)))An* (-6*dA3 + 6*dr2*f*g*n* (c + d*x) *Log

[F] - 3*d*fA2*gnr2*nr2*(c + d*x)A2"Log[F]r2 + £A3*gA3*nA3* (¢ + d*x
YA3*Log[F]A3))/(fr4*grda*nrd*Log[F]r4) + (bA2* (Fr(g* (e + £ x)))N (2
*n)*(-3*dr3 + 6*dr2*f*g*n*(c + d*x)*Log[F] - 6*d*fA2*gr2*nr2* (c +
d*x)A2*Log[F]r2 + 4*fA3*gr3*nA3* (c + d*x)A3*Log[F]~3))/(8*fr4*gn
4*nr4*Log[F]r4)

Maple [F] time = 0.027, size = 0, normalized size = 0.
2
J (a +b (Fg(f“e)) n) (dx +¢)® dx

Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b* (FA(g* (f*x+e)))An)A2* (d*x+c)A3,x)

[Out] int((a+b* (FA(g* (f*x+e)))An)A2* (d*x+Cc)"3,X)

Maxima [F(-2)]  time = 0., size = 0, normalized size = 0.

Exception raised: ValueError

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)r2*(d*x + ¢c)*3,x, algorithm="maxima"

[Out] Exception raised: ValueError
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Fricas [A]  time = 0.267489, size = 651, normalized size = 2.02

2 (®d3fig*ntx* + 4aPcd? fig*ntx® + 6 a®cPd fig*ntx? + 4a’c figinix) log (F)* — (3b2d° — 4 (b2d° f3g°n3x> + 3b%cd? f3

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)r2*(d*x + ¢c)A3,x, algorithm="fricas")

[Out] 1/8*(2* (ar2*dAr3*frd*grda*nrd*xnd + 4*anr2*c*dr2*£r4*grd*nrd*xA3 + 6
fan2*cA2rd* A4 grdat N A2 + 4¥an2*cA3 fA4tgrdatnrdTx)*1og(F) A4 -
(3*br2*dA3 - 4% (br2*dA3*£A3*gA3*nA3*xA3 4+ 3*bA2*c*dA2*fA3*gA3*nA3
*XA2 4+ 3*bA2%cA2*d*£A37gA3*nA3*X + bA2*cA3*£A3*gA3*nA3) " log(F) A3
+ 67 (bA27dA3*fA2%gA2*nA2*XA2 + 2*DbA27c*dA2F£A27gA2"nA2%x + bA2¥cA
2*d*fa2*gnr2*nr2)*log(F)~r2 - 6* (br2*dA3*f*g*n*x + bA2*c*dAr2*f*g*n)
*log(F))*Fr(2*f*g*n*x + 2*e*g*n) - 16*(6*a*b*dr3 - (a*b*dr3*fA3*g
A3*nA3*xA3 + 3*a*b*c*dAr2*£fA3*gA3*nA3*xA2 + 3*a*b*cr2*d*fA3*gA3* nA
3*x + a*b*cA3*fA3*gA3*nA3)*log(F)A3 + 3" (a*b*dA3*£fA27gA2"nA2*xA2
+ 2*a*b*c*dA2*fA2*gA2*nA2*X + a*b*cA2*d*fAr2*gAr2*nA2)*log(F)A2 - 6
*(a*b*dr3*f*g*n*x + a*b*c*dr2*f*g*n)*log(F))*FA(f*g*n*x + e*g*n))
/(fr4*gnra*nrd*log(F)r4)

Sympy [A]  time = 1.15785, size = 709, normalized size = 2.2

5 3 3actdx*  , , 5 ad*d’x*
acx+T+a cd’x” +

(4bzc3f7g7n7 log (F)"+12b2c?df7g” n” x log (F)"—6b%c?df°g°n log (F)*+12b%cd?f” g n” x? log (F) —12b%cd?£° g n®x log (F)* +6b%cd?f3 g°n° log (F)* +4b

+

x* (%‘F + %‘13) +x° (2abed? + b*cd?) + x* (3abczd + 31727‘32‘1) +x (2abc® + b2c?)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b* (F**(g*(f*x+e)))**n)**2*(d*x+c)**3,x)

[Out] a**2*c**3*x + 3*a**2*c**2*d*x**2/2 + a**2*c*d**2*x**3 + a**2*d**3
*x**4/4 + Piecewise((((4*b**2*c**3*f**7*g**7*n**7*1log(F)**7 + 12*
b**Z*C**Z*d*f**7*g**7*n**7*x*log(F)**7 - 6*b**2*C**2*d*f**6*g**6*
n**6*log(F)**6 + 12*b**2*c*d**2*f**7*g**7*n**7*x**2*log(F)**7 - 1
Z*b**z*c*d**z*f**6*g**6*n**6*x*log(F)**6 + 6*b**2*c*d**2*f**5*g**
5*n**5*1og(F)**5 + 4*b**2*d**3*£**7*g**7*n**7*x**3*log(F)**7 - 6*
b**2*d**3*f**6%g**6*n**6"x**2*10g(F)**6 + 6*b**2*d**3*f**5*g**5*n
**5%x*10g(F)**5 - 3*b**2*d**3*f**4*g**4*n**4*log(F)**4)* (F** (g* (e
+ £*x)))**(2*n) + (l6*a*b*c**3*f**7*g**7*n**7*1log(F)**7 + 48*a*b
*C**2*d*f**7*g**7*n**7*x*log(F)**7 - 48*a*b*c~k*2*d*f**6*g**6*n**6
*log(F)**6 + 48*a*b*c*d**2*f**7*g**7*n**7*x**2*1og(F)**7 - 96*a*b
fcrd *2*F 6 g6 n* *6*x*log (F)**6 + 96%a*b*c*d**2*f**5*g**5*n**5
*log(F)**5 + 16*a*b*d**3*£**7*g**7*n**7*x**3*1log(F)**7 - 48*a*b*d
**3*f**6*g**6*n**6*x**2*log(F)**6 + 96*a*b*d**3*f**S*g**S*n**S*X*
log(F)**5 - 96*a*b*d**3*f**4*g**4*n**4*1log(F)**4)*(F**(g* (e + f*x
)))**n)/(g*f**S*g**S*n* *8*log(F)**8), Ne(g*f**S*g**S*H**S*log(F)*
*8, 0)), (x**4*(a*b*d**3/2 + b**2*d**3/4) + x**3*(2*a*b*c*d**2 +
b**2*c*d**2) + x**2*(3*a*b*c**2*d + 3*b**2*c**2*d/2) + x*(2*a*b*c
**3 4+ b**2*c**3), True))

GIAC/XCAS [A] time = 0.446292, size = 1, normalized size = 0.

Done

Verification of antiderivative is not currently implemented for this CAS.
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[In] integrate(((FA((f*x +e)*g))*n*b + a)r2*(d*x + ¢c)"3,x, algorithm="giac")

[Out] Done
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2
3.33 I (a +b (Fg(e+fx)) n) (c + dx)* dx
Optimal. Leaf size=239

@(c +dx)*  4abd(c + dx) (Fe9*f9%)"  2ab(c + dx)? (Fe9T9%)"  4abd? (Fes*fox)"

+ +
3d f2g?n?log?(F) fgnlog(F) 3g3n3 log*(F)
bhd(c + dx) (F99%) ™" b2(c + dx)? (Fe9T9%)™  p2g? (peo+fox)™"

- + +
2f2g%n? log*(F) 2f gnlog(F) 4f3g3n3 log™(F)

[Out] (ar2*(c + d*x)~3)/(3*d) + (4*a*b*dr2* (Fr(e*g + £*g*x))”rn)/(£Ar3*gn
3*nA3*Log[F]73) + (br2*dr2* (Fr(e*g + £g*x))A(2*n))/(4*£A3*gnr3*nA
3*Log[F]"3) - (4*a*b*d*(Fr(e*g + f*g*x))An*(c + d*x))/(£fr2*gnr2*nA
2*Log[F]"r2) - (bAr2*d* (FA(e*g + £*g*x))A(2*n)*(c + d*x))/(2*fr2*gn
2*nAr2*Log[F]r2) + (2*a*b*(Fr(e*g + £*g*x))An*(c + d*x)A2)/(f*g*n*
Log[F]) + (bAr2*(FAr(e*g + £ g*x))AM(2*n)*(c + d*x)A2)/(2*f*g*n*Log|

F])

Rubi [A]  time = 0.55896, antiderivative size = 239, normalized size of antiderivative = 1., number of
number of rules _ (1,

steps used = 8, number of rules used = 3, integrand size = 25, = -
integrand size

a®(c+dx)®  4abd(c +dx) (F979%)"  2ab(c + dx)? (F9*/9%)"  4abd? (Fe9+/9%)"

+ +
3d f2g?n?log*(F) fgnlog(F) f3g3n3log’(F)
b2d(c + dx) (F99%) "™ b2(c + dx)? (Fe9+f9%) ™" p2g? (Feo+f9x)™"

- + +

2f2g?n? log*(F) 2fgnlog(F) 4f3g3n’ log’(F)

Antiderivative was successfully verified.

[In] Int[(a + b*(FA(g*(e + £*x)))2n)A2*(c + d*x)"2,x]

[Out] (ar2*(c + d*x)73)/(3*d) + (4*a*b*dr2* (Fr(e*g + £*g*x))”n)/(£Ar3*gn
3*nA3*Log[F]A3) + (br2*dAr2* (FAr(e*g + £*g*x))A(2*n))/(4*£A3*gAr3*nA
3*Log[F]"3) - (4*a*b*d*(Fr(e*g + f£*g*x))An*(c + d*x))/(£r2*gnr2*nA
2*Log[F]”r2) - (bA2*d* (FA(e*g + £*g*x))A(2*n)*(c + d*x))/ (2 fr2*gn
2*nr2*Log[F]r2) + (2*a*b*(Fr(e*g + £*g*x))An*(c + d*x)"2)/(f*g*n*
Log[F]) + (br2*(FAr(e*g + f*g*x))A(2*n)*(c + d*x)1r2)/(2*f*g*n*Log[

F])

Rubi in Sympy [A]  time = 70.0214, size = 221, normalized size = 0.92

p dabd® (FOe)" aabd (e +dx) (Fe) " 2ab (e + dn)? (Poe9)"

a’(c +dx . .
3d f2¢*n*log (F)° f?g%n?log (F)* fgnlog(F)
2n 2n 2n
b2 (Foe ™)™ bhd e+ dx) (FHe0) T b2 e+ d)? (o)
+ - +
4f3g%n3log (F)° 2f2g%n? log (F)* 2fgnlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate((a+b* (F**(g*(f*x+e))) " *n)**2*(d*x+c)**2,x)

[out] a**2*(c + d*x)**3/(3*d) + 4*a*b*d**2* (F**(g*(e + £*x)))**n/(£**3*
g**3*n**3*1og(F)**3) - 4*a*b*d*(c + d*x)*(F**(g*(e + £*x)))**n/(f
**Z*g**z*n**z*log(F)**z) + z*a*b*(c + d*X)**Z*(F**(g*(e + f*X)))*
*n/(f*g*n*log(F)) + b**z*d**z*(F**(g*(e + f*X)))**(z*n)/(4*f**3*g
**3+n* %3190 (F)**3) - b**2*d*(c + d*x)*(F**(g*(e + £*x)))**(2*n)/
(Z*f**z*g**z*n**z*log(F)**2) + b**z*(c + d*X)**z*(F**(g*(e + f*X)
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))**(2*n)/(2*f*g*n*log(F))

Mathematica [A]  time = 0.31706, size = 171, normalized size = 0.72

2 Fg(e+fx) n 2.2 21 2 F 2 _ 2 1 F 2 2
s dod® 5 Latdt ab ( )" (f2g*n*log?®(F)(c + dx)* — 2d fgnlog(F)(c + dx) + 2d*)
3 f3g°n’ log*(F)
b? (F9(€+fx)) an (2f2g%n? log®(F)(c + dx)? = 2d f gnlog(F)(c + dx) + d?)
4f3g%n3log*(F)

+

Antiderivative was successfully verified.

[In] Integrate[(a + b*(FA(g*(e + £*x)))Mn)r2*(c + d*x)"2,x]

[Out] anr2*cA2*x + ar2*c*d*x”r2 + (ar2*dr2*x73)/3 + (2*a*b* (Fr(g*(e + f£*x
Y))An*(2*dAr2 - 2*d*f*g*n*(c + d*x)*Log[F] + fA2*gA2*nA2*(c + d*x)
A2*Log[F]72))/(£A3*gA3*nA3*Log[F]A3) + (bA2* (FA(g*(e + £¥x)))r(2*
n)*(dr2 - 2*d*f*g*n*(c + d*x)*Log[F] + 2*fA2*gA2*nA2* (c + d*x)A2*
Log[F]”2))/(4*£A3*gr3*nA3*Log[F]~3)

Maple [F] time = 0.024, size = 0, normalized size = 0.
ny 2
I (a +b (Fg(f’”e)) ) (dx +¢)? dx

Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b* (FA(g* (f*x+e)))An) 2" (d*x+c)"r2,x)

[out] int((a+b* (FA(g* (£*x+€)))An)A2* (d*x+c)A2,x)

Maxima [F(-2)] time = 0., size = 0, normalized size = 0.

Exception raised: ValueError

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)r2*(d*x + ¢c)*2,x, algorithm="maxima"

[Out] Exception raised: ValueError

Fricas [A]  time = 0.291782, size = 387, normalized size = 1.62

4 (a?d* 2@’ n3x> + 3acd f3g°n®x? + 3 a’c 3¢ n3x) log (F)® + 3 (b2d? + 2 (b2d* f2g?n?x? + 2 b2cd f2g*n’x + bPc? f2gn?) |

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)r2*(d*x + ¢c)*2,x, algorithm="fricas")

[Out] 1/12*(4* (ar2*dA2*FA3*gA3*nA3*xA3 + 3*ar2*c*d*fA3*gA3*nA3*xA2 + 3*
ar2*cA2*FA3*gA3*nA3*x)*1og(F)A3 + 3* (bA2*dA2 + 2% (DA2*dA2* FA2%gA2



*NA2*xA2 4+ 2*bA2*c*d*fA27gA2 nA2%x + bA2¥cA2*£A2%gA2*nA2) *log(F)A
2 - 2 (ba2*dr2*f*g*n*x + bA2*c*d*f*g*n)*log(F))*Fr(2*f*g"n*x + 2~
e*g*n) + 24*(2*a*b*dr2 + (a*b*dr2*fA2*gA2*nA2*xA2 + 2*a*b*c*d*fA2
*gA2*nA2*X + a*b*cAr2*fA2*gA2*nA2)*log(F)Ar2 - 2*(a*b*dr2*f*g*n*x +
a*b*c*d*f*g*n)*log(F))*FA(f*g*n*x + e*g*n))/(£723*gAr3*nAr3*1log(F)A
3)
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Sympy [A]  time = 0.909525, size = 439, normalized size = 1.84

2.2 2 1.2 a’d*x’
a‘c’x + a“cdx® +

2
(2b2c2f5g5n5 log (F)’+4b?cdf®g°n®x log (F)>—2b%cdf*g*n* log (F)*+2b2d?f° g° n®x? log (F)°*—2b*d*f*g*ntx log (F)*+b2d?f3 g°n log (F)3) (Fg(e*fx)) ’

+

x* (# + #) + x? (2abed + b%cd) + x (2abc? + b2c?)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b* (F**(g*(f*x+e)))**n)**2*(d*x+c)**2,x)

[Out] a**2*c**2*x + a**2*c*d*x**2 + a**2*d**2*x**3/3 + Piecewise((((2*Db

SRR CH 2R Fr 5 g5 N 5% 0o (F)**5 4+ 4*b**2*c*d*f* 5% g 5 n**5*x* 1
0g(F)**5 - 2*b**2*c*d*f**4*g**4*n**4*log(F)**4 + 2*b**2*d**2*f**5
*gr 5 Nt r 5 x* 2% 1og (F)**5 - 2°b**2*d**2*f**4*g**4*n**4*x* Llog (F)**
4 + b**z*d**z*f**S*g**3*n**3*log(F)**3)*(F**(g*(e + f*X)))**(z*n)
+ (8*a*b*c~k*z*f**s*g**S*n**S*log(F)**s + 16*a*b*c*d*f**5*g**5*n*
*5*x*1og(F)**5 - 16*a*b*c*d*f**4*g**4*n**4*log(F)**4 + 8*a*b*d**2
FErrsrgr RS nr e 5y 2% 10g (F)**5 - 16%a*b*d**2*f**4*g**4*n* *4*x* log
(F)**4 + 16*a*b*d**2*f**3*g**3*n**3*log(F)**3)* (F** (g* (e + £*x)))
**n)/(4*f**6*g**6*n**6*log(F)**6)’ Ne(4*f**6*g**6*n**6*log(F)**6’
0)), (x**3*(2*a*b*d**2/3 + b**2*d**2/3) + x**2*(2*a*b*c*d + b**2
*c*d) + x*(2*a*b*c**2 + b**2*c**2), True))

GIAC/XCAS [A]  time = 0.405481, size = 1, normalized size = 0.

Done

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))?n*b + a)r2*(d*x + ¢c)*2,x, algorithm="giac")

[Out] Done

4f
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3.34 I (a +b (Fg(e+fx)) n) : (c +dx)dx

Optimal. Leaf size=156

2n

aZ(C + dx)z 2(1[7(C + dx) (Feg+fgx)n 2abd (Feg+fgx)n bz(C + dx) (Feg+fgx)2n bzd (F€g+fgx)
+ - + -
2d Fgnlog(F) f2g2n? log*(F) 2fgnlog(F) 4f2g?n? log*(F)

[Out] (ar2*(c + d*x)r2)/(2*d) - (2*a*b*d* (Fr(e*g + £*g*x)) rn)/(£r2*gnr2*
nA"2*Log[F]Ar2) - (br2*d* (Fr(e*g + £*g*x))A(2*n))/(4*£r2*gr2*nr2*Lo
g[F]r2) + (2*a*b* (Fr(e*g + f*g*x))An*(c + d*x))/(f*g*n*Log[F]) +

(br2* (Fr(e*g + £*g*x))r(2*n)* (¢ + d*x))/(2*f*g*n*Log[F])

Rubi [A]  time = 0.285767, antiderivative size = 156, normalized size of antiderivative = 1., number

number of rules _ ;3

of steps used = 6, number of rules used = 3, integrand size = 23, = -
integrand size

2n

a(c+dx)?  2ab(c+dx) (F9f9%)"  2abd (Fe9*19%)"  b2(c + dx) (Feo+/9%)*"  p2d (Feo+9x)
+ — + —
2d fgnlog(F) f2g?n? log?(F) 2f gnlog(F) 4f2g*n? log’(F)

Antiderivative was successfully verified.

[In] Int[(a + b*(FA(g*(e + £*x)))An)Ar2*(c + d*x),Xx]

[Out] (ar2*(c + d*x)~2)/(2*d) - (2*a*b*d*(Fr(e*g + £*g*x))An)/(£r2*gnr2*
nA2*Log[F]A2) - (bA2*d* (Fr(e*g + £*g*x))A(2*n))/(4*£r2*gnr2*nr2*Lo
g[F]r2) + (2*a*b* (Fr(e*g + £*g*x))An*(c + d*x))/(£f*g*n*Log[F]) +

(br2* (Fr(e*g + £ g*x))A(2*n)*(c + d*x))/(2*f*g*n*Log[F])

Rubi in Sympy [A]  time = 36.2494, size = 138, normalized size = 0.88

2n

@ (c+dx)y 2abd (Fg(“fx)) " oab (c +dx) (F!J(e*fX)) "2 (Fg(e+fx)) b2 (c + dx) (Fg(e+fx)) an

+ - +
2d f2g*n?log (F)* fgnlog (F) 4f2g2n?log (F)? 2fgnlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate((a+b* (F**(g*(f*x+e)))**n)**2*(d*x+c),x)

[out] a**2*(c + d*x)**2/(2*d) - 2*a*b*d* (F**(g* (e + £*x)))**n/(£**2*g**
2*n**2*1log(F)**2) + 2*a*b*(c + d*x)*(F**(g*(e + £*x)))**n/(f*g*n*
log(F)) - b**2*d*(F**(g*(e + £*x)))**(2*n)/(4*f**2*g**2*n**2* log(
F)**2) + b**2*(c + d*x)*(F**(g* (e + £*x)))**(2*n)/(2*f*g*n* log(F)

)

Mathematica [A] time = 0.262822, size = 117, normalized size = 0.75

2a? f2¢?n’x log?(F)(2c + dx) + 2b fgnlog(F)(c + dx) (F9(€*/)" (4(1 + b (F9e+f) ) — bd (Foterf0)" (Sa + b (FoEf0)"

4f2g%n? log*(F)

Antiderivative was successfully verified.

[In] Integrate[(a + b*(FA(g"(e + £*x))) n)~r2*(c + d*x),x]
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[Out] (-(b*d*(Fr(g*(e + £*x))) " (8*a + b*(Fr(g" (e + £*x)))*n)) + 2*b*f
*(Fr(g*(e + £*'x)))An*(4"a + b*(Fr(g*" (e + £*x))) M) *g*n*"(c + d*x)*
Log[F] + 2*anr2*fA2*gr2*nr2*x*(2*c + d*x)*Log[F]A2)/(4*fr2*gnr2*nnr2
*Log[F]*2)

Maple [A] time = 0.05, size = 220, normalized size = 1.4

2 2
1 g(fx+e)In(F) 1 g(fx+e)In(F)
pe (el Noe w2l ) a et/ x+0)n)
abe

Zex + adx” + +2 ‘
a‘cx -
2 2ngf In(F) 4 (In (F))? f2g2n? ngf In(F)
2
nlncsx-01nim) b2dx e"ln&gGXMHMF) nin(es/x0n)
B abe d .\ .\ abdxe
(In (F))? f2g2n? 2ngfIn(F) ngf In (F)

Verification of antiderivative is not currently implemented for this CAS.
[In] int((a+b* (FA(g* (f*x+e)))An)r2* (d*x+cC),Xx)

[Out] ar2*c*x+1/2*anr2*d*xr2+1/2*br2/n/g/f/1n(F) *exp(n*1ln(exp(g* (£*x+e)*
In(F))))"2*c-1/4*br2/nr2/gr2/fr2/1n(F)r2*exp(n*1ln(exp(g* (f*x+e)*1
n(F))))r2*d+2*a*b/n/g/f/1n(F) *exp(n*“In(exp(g* (f*x+e)*1In(F)))) *c-2
*a*b/nnr2/gnr2/fr2/1n(F)r2*exp(n*In(exp(g* (f*x+e)*1In(F))))*d+1/2/n/
g/£/1In(F)*br2*d*x*exp(n*1In(exp(g* (f*x+e) *1In(F))))*2+2/n/g/£/1In(F)
*a*b*d*x*exp(n*ln(exp(g* (£*x+e)*1n(F))))

Maxima [F(-2)]  time = 0., size = 0, normalized size = 0.

Exception raised: ValueError

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)r2*(d*x + ¢),x, algorithm="maxima"

[Out] Exception raised: ValueError

Fricas [A]  time = 0.284366, size = 188, normalized size = 1.21

2 (adf2g*n’x? + 2 a’cf2g*n’x) log (F)* — (b%d — 2 (b%dfgnx + b*cfgn) log (F)) F2/9nx+2e9n _ 8 (abd — (abd f gnx + abc.
4 f2g?n? log (F)?

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))?n*b + a)r2*(d*x + ¢),x, algorithm="fricas")

[Oout] 1/4*(2*(ar2*d*£A2*gA2*nA2*xA2 + 2*ar2*c*fA2*gr2*nr2*x)*log(F)A2 -
(br2*d - 2*(br2*d*f*g*n*x + bA2*c*f*g*n)*log(F))*Fr(2*f*g*n*x +
2*e*g*n) - 8*(a*b*d - (a*b*d*f*g*n*x + a*b*c*f*g*n)*log(F))*FA(f*
g*n*x + e*g*n))/(£fr2*gr2*nr2*log(F)N2)
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Sympy [A]  time = 0.681715, size = 233, normalized size = 1.49

2 adx*
a‘ex +

2
(2b20f3g3n3 log (F)*+2b2df3g*n®x log (F)*-b2df?g*n? log(F)Z) (Fg(e*fx)) n+(8abcf3g3n3 log (F)*+8abdf?g*n’xlog (F)*-8abdf?g*n? log(F)Z) (Fg(
. 4t gintlog ()"
2
x? (abd + %) +x (2abe + bc)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b* (F**(g*(f*x+e)))**n)**2* (d*x+c),x)

[Out] a**2*c*x + a**2*d*x**2/2 + Piecewise((((2*b**2*c*f**3*g**3*n**3*1
Og(F)**3 + z*b**z*d*f**3*g**3*n‘k*3*x*log(F)**3 - b**z*d*f**z*g**z
*n**z*log(F)**z)*(F**(g*(e + f*X)))**(z*n) + (S*a*b*c*f**g*g**g*n
**3*log(F)**3 + S*a*b*d*f**3*g**3*n**3*x*log(F)**3 - S*a*b*d*f**z
*g**z*n*'kz*log(F)**z)*(F**(g*(e + f*X)))**n)/(4*f**4*g**4*n**4*lo
g(F)**4), Ne(4*f**4*g**4*n**4*log(F)**4, 0)), (x**2*(a*b*d + b**2

*d/2) + x*(2*a*b*c + b**2*c), True))

GIAC/XCAS [A]  time = 0.354923, size = 1, normalized size = 0.01

Done

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))?n*b + a)r2*(d*x + ¢c),x, algorithm="giac")

[Out] Done
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335 (a + b (F9ter/) ”) " dx

Optimal. Leaf size=67

2ab (FIED)"  p2 (Folef) "
+
fgnlog(F) 2f gnlog(F)

[Out] ar2*x + (2*a*b* (FA(g*(e + £*x)))"n)/(£*g*n*Log[F]) + (bAr2* (FA(g*(
e + £*x)))A(2*n))/(2*£*g*n*Log[F])

azx +

Rubi [A] time = 0.0824926, antiderivative size = 67, normalized size of antiderivative = 1., number

number of rules _  ;7¢

of steps used = 4, number of rules used = 3, integrand size = 17, = -
integrand size

2ab (F9(e+fx)" bz(pg@ffng"
+
fgnlog(F) 2f gnlog(F)

azx +

Antiderivative was successfully verified.

[In] Int[(a + b*(FAr(g*(e + £*x))) n)r2,x]

[Out] ar2*x + (2*a*b* (FA(g*(e + £*x))) n)/(£*g*n*Log[F]) + (bAr2* (FA(g*(
e + £*x)))A(2*n))/(2*f*g*n*Log[F])

Rubi in Sympy [F]  time = 0., size = 0, normalized size = 0.

@ log ((Foer™)")  2ab (poter»)" Fotesr)"
(o)) zabfrmern)” prer gy
fgnlog(F) fgnlog (F) fagnlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((a+b* (F**(g*(f*x+e)))**n)**2,x)

[Oout] a**2*log((F**(g*(e + £*x)))**n)/(f*g*n*log(F)) + 2*a*b* (F**(g* (e
+ £*x)))**n/(f*g*n*log(F)) + b**2*Integral(x, (x, (F**(g*(e + f*x
)))**n))/(£*g*n*log(F))

Mathematica [A] time = 0.100352, size = 52, normalized size = 0.78

b@w@ﬁﬂ)"@a+bum@4wyj
2fgnlog(F)

azx +

Antiderivative was successfully verified.

[In] Integrate[(a + b*(FA(g*"(e + £*x))) n)"r2,x]

[Out] ar2*x + (b*(Fr(g* (e + £*x)))*n*(4*a + b*(Fr(g*(e + £*x))) n))/(2*
f*g*n*Log[F])

Maple [A] time = 0.023, size = 90, normalized size = 1.3

b2 ((Fg(fx+e)) ) b ( Fg(fx+e>) " 2 (( Fg(fx+e>) )
2ngfn(F) 2 ngfIn(p) ngf In (F)
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Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b* (FA(g* (f*x+€))) n)r2,x)

[out] 1/2/g/£/1n(F)/n*br2* ((FA(g* (£*x+e)))An)A2+2*a*b* (FA(g* (£*x+e)))An
/£/g/n/1n(F)+1/g/£/1n(F)/n*ar2* In((FA(g* (£*x+e)))An)

Maxima [A] time = 0.837926, size = 101, normalized size = 1.51

2 (Ff9x)"(Fe9)"ab  (F/9%)°"(Fe9)?"b?
fgnlog(F) 2 fgnlog(F)

azx +

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))An*b + a)~r2,x, algorithm="maxima"

[Out] ar2*x + 2*(FA(f*g*x))rn* (Fr(e*g))rn*a*b/(£f*g*n*log(F)) + 1/2* (F~r(
£rg*x))M(2"n) " (FAr(e*g)) N (2"n) *br2/(£"g"n" log(F))

Fricas [A] time = 0.280398, size = 82, normalized size = 1.22

2 a%fgnxlog (F) + 4 Ff9nx+egngp o p2fgnx+2egnp?
2 fgnlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] dintegrate(((FA((f*x + e)*g))An*b + a)”r2,x, algorithm="fricas")

[Out] 1/2*(2*ar2*f*g*n*x*log(F) + 4*FAr(f*g*n*x + e*g*n)*a*b + FA(2*f*g*
n*x + 2*e*g*n)*br2)/(£f*g*n*log(F))

Sympy [A]  time = 0.378717, size = 94, normalized size = 1.4

4abfgn(F9(e*fx))nlog(F)+b2fgn(Fg(e*fx>)2nlog(F) 2 2 9 2
P+ gt log (FY for 2f*g°n°log (F)“ # 0

x (Zab + bz) otherwise

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b* (F**(g*(f*x+e)))**n)**2,x)

[Out] a**2*x + Piecewise(((4*a*b*f*g*n*(F**(g*(e + £*x)))**n*log(F) + b
**z*f*g*n*(F**(g*(e + f*X)))**(z*n)*log(F))/(z*f**z*g**z*n**z*log
(F)**2), Ne(2*f**2*g**2*n**2*1log(F)**2, 0)), (x*(2*a*b + b**2), T

rue))

GIAC/XCAS [A] time = 0.282942, size = 914, normalized size = 13.64

result too large to display

Verification of antiderivative is not currently implemented for this CAS.
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[In] integrate(((FA((f*x + e)*g))*n*b + a)”r2,x, algorithm="giac")

[Out] ar2*x + (2*bA2*f*g*n*cos(-pi*f*g*n*x*sign(F) + pi*f*g*n*x - pi*g”
n*e*sign(F) + pi*g*n*e)*1ln(abs(F))/(4*fr2*gr2*nr2*1In(abs(F))" 2 +
(pi*f*g*n*sign(¥) - pi*f*g*n)~r2) - (pi*f*g*n*sign(F) - pi*f*g*n)*
br2*sin(-pi*f*g*n*x*sign(F) + pi*f*g*n*x - pi*g*n*e*sign(F) + pi~
g'n*e) /(4 £r2*gr2*nr2* In(abs(F))A2 + (pi*f*g*n*sign(F) - pi*f*g*'n
yr2))*en(2 f*g*n*x*1In(abs(F)) + 2*g*n*e*1ln(abs(F))) - 1/2*I*(-I*b
A2 en(I*pi*f*g*n*x*sign(F) - I*pi*f*g'n*x + I'pi*g*n*e*sign(F) -
I*pi*g*n*e)/(I*pi*f*g*n*sign(F) - I*pi*f*g*n + 2*f*g*n*1n(abs(F))
) + I"br2%er(-I"pi*f*g'n*x*sign(F) + I*pi*f*g'n*x - I'pi*g'n*e*si
gn(F) + I*pi*g*n*e)/(-I*pi*f*g*n*sign(F) + I*pi*f*g*n + 2*f*g*n*1
n(abs(F))))*er(2*f*g*n*x*1In(abs(F)) + 2*g*n*e*1ln(abs(F))) + 4*(2*
a*b*f*g*n*cos(-1/2*pi*f*g*n*x*sign(F) + 1/2*pi*f*g*n*x - 1/2*pi*g
*n*e*sign(F) + 1/2*pi*g*n*e)*1ln(abs(F))/(4*fr2*gr2*nr2*1n(abs(F))
A2 + (pi*f*g*n*sign(F) - pi*f*g*n)~r2) - (pi*f*g*n*sign(F) - pi*f*
g'n)*a*b*sin(-1/2*pi*f*g*n*x*sign(¥) + 1/2*pi*f*g*n*x - 1/2*pi*g*
n*e*sign(F) + 1/2*pi*g*n*e)/(4*£r2*gAr2*nr2*1In(abs(F))*2 + (pi*f*g
*n*sign(F) - pi*f*g'n)r2))* er(f*g'n*x*1In(abs(F)) + g'n*“e*ln(abs(F
))) - 1/2*1*(-4*I*a*b*enr(1/2*I*pi*f*g*n*x*sign(¥) - 1/2*I*pi*f*g*
n*x + 1/2*I*pi*g*n*e*sign(F) - 1/2*I*pi*g*n*e)/(I*pi*f*g*n*sign(F
) - I*pi*f*g*n + 2*f*g*n*1ln(abs(F))) + 4*I*a*b*er(-1/2*I*pi*f*g*n
*x*sign(F) + 1/2*I*pi*f*g*n*x - 1/2*I*pi*g*n*e*sign(F) + 1/2*I*pi
*g'n*e)/(-I*pi*f*g*n*sign(F) + I*pi*f*g*n + 2*f*g*n*1In(abs(F))))"
er(f*g*n*x*1n(abs(F)) + g*n*e*1ln(abs(F)))



122

sss L))

c+dx

X

Optimal. Leaf size=134

+ n _f) (e+fx) . log(F)(c+d
a? log(c + dx) 2ab (Feg fgx) an(e d ) gmerx ExpIntegralEi (M)
+
d d
_ef\ . .
b2 (F€9+f9x)2n FZgn(e d) 2gn(e fx)EprntegralEi (w)

d

+

[Out] (2*a*b*FA((e - (c*f)/d)*g*n - g*n*(e + £*x))* (Fr(e*g + f*g*x))~ n*
ExpIntegralEi[(f*g*n* (c + d*x)*Log[F])/d])/d + (bA2*FA(2* (e - (c*
f)/d)*g*n - 2*g*n*(e + £*x))*(Fr(e*g + £*g*x))A(2*n) *ExpIntegralE
i[(2*f*g*n*(c + d*x)*Log[F])/d])/d + (ar2*Log[c + d*x])/d

Rubi [A]  time = 0.437741, antiderivative size = 134, normalized size of antiderivative = 1., number

number of rules _ ;15

of steps used = 6, number of rules used = 3, integrand size = 25, = -
integrand size

+ " - )-gn(e+fx) . log(F)(c+d
a* log(c + dx) 2ab (Fe9 fgx) an(e d) gn(e+fx EprntegralEl(w)
+
d d
n e\ —oun(es )
b? (Feg+fgx)2 FZgn(e d) 2gn(e fx)EprntegralEi(w)

d

+

Antiderivative was successfully verified.

[In] Int[(a + b*(Fr(g* (e + £*x)))*n)~r2/(c + d*x),X]

[Out] (2*a*b*FA((e - (c*f)/d)*g*n - g'n*(e + £*x))*(Fr(e*g + £f*g*x))~An*
ExpIntegralEi[(f*g*n* (c + d*x)*Log[F])/d])/d + (bA2*FA(2*(e - (c*
£f)/d)*g*n - 2*g'n*(e + £*x))*(Fr(e*g + £*g*x))A(2"n) *ExpIntegralkE
i[(2*f*g*n*(c + d*x)*Log[F])/d])/d + (ar2*Log[c + d*x])/d

Rubi in Sympy [A]  time = 33.9316, size = 138, normalized size = 1.03

an(—Ze—fo)F—M b2 (Fg(e+fx)) 2n Ei (fgn(20+2;1x) log (F))

d

e _gnlcf-de) . ™ . ( fgn(c+dx)log (F)
2F9n-efXIF=""a ab (Fg(e fx)) Ei (— d ) a®log (c + dx)
+ +

d d

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((a+b* (F**(g*(f*x+e)))**n)**2/(d*x+c),x)

[Out] F**(g*n*(-2*e - 2*f*x))*F**(-2*g*n*(c*f - d*e)/d)*b**2* (F**(g* (e
+ £*x)))**(2*n)*Ei(f*g*n* (2*c + 2*d*x)*log(F)/d)/d + 2*F**(g*n* (-

e - f*x))*F**(-g*n*(c*f - d*e)/d)*a*b*(F**(g*(e + £*x)))**n*Ei(£"
g'n*(c + d*x)*log(F)/d)/d + a**2*log(c + d*x)/d

Mathematica [A] time = 0.268717, size = 108, normalized size = 0.81

_fgn(c+dx) _ 2fgn(c+dx)

a? log(c + dx) + 2ab (F9¢*/*)" F~~—a  ExplntegralEi (M) + b2 (F9te*f) 2" p~ =5 ExplntegralEi (%
d
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Antiderivative was successfully verified.

[In] 1Integrate[(a + b*(FA(g*(e + £*x)))*n)~r2/(c + d*x),x]

[Out] ((2*a*b*(FA(g*(e + £*x))) n*ExpIntegralEi[(f*g*n*(c + d*x)*Log[F]
Y/d])/FA((£f*g*n* (¢ + d*x))/d) + (br2*(Fr(g* (e + £*x)))"(2*n)*Expl
ntegralEi[(2*f*g*n*(c + d*x)*Log[F])/d])/Fr((2*f*g*n*(c + d*x))/d

) + ar2*Log[c + d*x])/d

Maple [F] time = 0.079, size = 0, normalized size = 0.

(a +b (Fg(f’“e)) n)Z
J dx +c dx

Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b* (FA(g* (f*x+e)))Arn)r2/(d*x+c),x)

[Out] int((a+b* (FA(g* (f*x+e)))Arn)r2/(d*x+c),x)

Maxima [F] time = 0., size = 0, normalized size = 0.

(Feg)Z an J ngx) + a’ Iog (dx + C)
dx

dx+2(Feg)"abJ ( dx

dx +c¢

+c
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))*n*b + a)r2/(d*x + ¢c),x, algorithm="maxima"

[Out] (Fr(e*g))r(2*n)*br2*integrate((FA(£f*g*x))A(2*n)/(d*x + ¢c), x) + 2
*(Fr(e*g))Mn*a*b*integrate ((FA(£f*g*x))An/(d*x + ¢), X) + ar2*log(
d*x + c¢)/d

Fricas [A]  time = 0.255247, size = 128, normalized size = 0.96

FW b’Ei ( 2 (dfgn“;fgn)logm) +2 F% abFi ( (dfgnx+c£g") log(F)) +a*log (dx + c)

d

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))*n*b + a)r2/(d*x + ¢),x, algorithm="fricas")

[Out] (FAr(2*(d*e - c*f)*g*n/d)*bA2*Ei(2* (d*f*g*n*x + c*f*g*n)*log(F)/d)
+ 2*FA((d*e - c*f)*g*n/d)*a*b*Ei((d*f*g*n*x + c*f£*g*n)*log(F)/d)
+ anr2*log(d*x + c))/d

Sympy [F] time = 0., size = 0, normalized size = 0.

dx

c+dx

(a +b (Fegngx)”)2
J
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Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b* (F**(g*(f*x+e)))**n)**2/(d*x+c),x)

[Out] Integral((a + b*(F**(e*g)*F**(£f*g*x))**n)**2/(c + d*x), x)

GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

Ffx+elg nb+a ’
J(( dx+)-c ) dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))*n*b + a)r2/(d*x + ¢),x, algorithm="giac")

[Out] integrate(((FA((f*x + e)*g))An*b + a)r2/(d*x + c), x)
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ef0)")?
T,

Optimal. Leaf size=202

e\ ontes .
s 2abfgnlog(F) (Fesfs%)" porle=F)omtes ")ExplntegralEi(f—9"1°g(§><‘-‘ dx))

— a +
d(c + dx) d?
2ab (Fe9+f9x)"
~ d(c+dx)
T + +
2b% fgnlog(F) (Fe9+/9%) o FZgn(e d ) 2gnle fx)EprntegralEi (w)
+

d2
b2 (Feg+fgx)2n
~ d(c+dx)

[Out] -(ar2/(d*(c + d*x))) - (2*a*b*(Fr(e*g + £*g*x))*n)/(d*(c + d*x))
- (bA2* (Fr(e*g + £*g*x))A(2*n))/(d*(c + d*x)) + (2*a*b*f*FAr((e -
(c*f)/d)*g*n - g*n*(e + £*x))* (Fr(e*g + f*g*x)) n*g*n*ExpIntegral
Ei[(f*g*n* (c + d*x)*Log[F])/d]*Log[F])/dr2 + (2*bA2*f*FAr(2* (e - (
c*f)/d)*g*n - 2*g*n*(e + £*'x))*(Fr(e*g + £*g*x))A(2*n)*g*n*ExpInt
egralEi[(2*f*g*n* (c + d*x)*Log[F])/d]*Log[F])/dr2

Rubi [A]  time = 0.588462, antiderivative size = 202, normalized size of antiderivative = 1., number
number of rules _ 16

of steps used = 8, number of rules used = 4, integrand size = 25, = -
integrand size

_f)_ +fx +
2 2ab fgn log(F) (Fewa)”Fg"(‘f £)-gntess >Exp1ntegralEi(Jw)

dc +dx) &
2ab (Feo+f9%)"
~ d(c+dx)
2b% fgnlog(F) (Fe9+/9%) an Fzgn(e_%) _Zgn(e+fx)EprntegralEi (—zfgnbgg)(“dx))
+ d2
b2 (Feg+fgx) 2n
~ d(c+dx)

Antiderivative was successfully verified.

[In] Int[(a + b*(FA(g* (e + £*x)))*n)r2/(c + d*x)"2,x]

[Out] -(ar2/(d*(c + d*x))) - (2*a*b*(Fr(e*g + £*g*x))*n)/(d*(c + d*x))
- (br2* (Fr(e*g + £rg*x))NM(2*n))/(d*(c + d*x)) + (2*a*b*f*Fr((e -
(c*f)/d)*g*n - g*n*(e + £*x))* (Fr(e*g + f*g*x)) n*g*n*ExpIntegral
Ei[(f*g*n* (c + d*x)*Log[F])/d]*Log[F])/dr2 + (2*bA2*f*FAr(2* (e - (
c*f)/d)*g*n - 2*g*n*(e + £*'x))*(Fr(e*g + £*g*x))A(2*n)*g*n*ExpInt
egralEi[(2*f*g*n* (c + d*x)*Log[F])/d]*Log[F])/dr2

Rubi in Sympy [A]  time = 48.1219, size = 202, normalized size = 1.

ngn(—Ze—fo)F—M be‘gn (Fg(e+fx)) an log (F)Ei (f9”(26+25x)10g (F))

d2
opgn(-e=fx) p= " o o ( Fg<e+fx>) " log (F) Ei (f—g"(“‘{;‘) log (F))
+ d2
2 2ab (Fg(e+fX)) " b? (Fg(e+fX)) o

d(c + dx) d(c +dx) d(c + dx)
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Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate((a+b* (F**(g*(f*x+e)))**n)**2/(d*x+c)**2,x)

[Out] 2*F**(g*n*(-2*e - 2*f*x))*F**(-2*g*n*(c*f - d*e)/d)*b**2*f*g*n* (F
**(g*(e + £*x)))**(2*n)*log(F)*Ei(f*g*n* (2*c + 2*d*x)*log(F)/d)/d

**2 + Z*F**(g*n*(_e - f*X))*F**(_g*n*(C*f — d*e)/d)*a*b*f*g*n*(F*
*(g*(e + £*x)))**n*log(F)*Ei(f*g*n*(c + d*x)*log(F)/d)/d**2 - a**
2/(d*(c + d*x)) - 2*a*b*(F**(g*(e + £*x)))**n/(d*(c + d*x)) - b**
2*(Frr (g (e + £'x)))**(2"n)/(d* (c + d*x))

Mathematica [A] time = 0.812669, size = 136, normalized size = 0.67

d(a+b(F9<e+fx))")2

c+dx

d2

2abfgnlog(F) (Fg(”fx)) R ExplntegralEi (fgnlog(j)(”dx)) - +2b% fgnlog(F) (F9(e+/%) o p

Antiderivative was successfully verified.

[In] 1Integrate[(a + b*(FA(g*(e + £*x)))2n)~r2/(c + d*x)"2,x]

[Out] (-((d*(a + b*(FAr(g*(e + £*x)))M)A2)/(c + d*x)) + (2*a*b*f* (Fr (g*
(e + £*x))) n*g*n*ExpIntegralEi[(f*g*n* (c + d*x)*Log[F])/d]*Log[F
D/FA((£f*g*n*(c + d*x))/d) + (2*br2*£*(Fr(g*(e + £*x)))A(2*n)*g*n
*ExpIntegralEi[ (2*f*g"n*(c + d*x)*Log[F])/d]*Log[F])/FA((2*f*g*n*

(c + d*x))/d))/dr2

Maple [F] time = 0.032, size = 0, normalized size = 0.

(a +b (Fg(f’“e)) n)2
J (dx + c)? d

X

Verification of antiderivative is not currently implemented for this CAS.

[In] dint((a+b* (FA(g* (f*x+e)))rn)r2/(d*xX+c)"2,x)

[Out] int((a+b* (FA(g* (f*x+e)))rn)r2/(d*x+c)"2,X)

Maxima [F]  time = 0., size = 0, normalized size = 0.

(ngx)Zn

d?x? + 2 cdx + ¢

(Fr)" ¢

dx —
d?x? + 2 cdx + 2 d’x + cd

(Feg)anZJ dx+2(Feg)"abJ

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)r2/(d*x + ¢c)"2,x, algorithm="maxima"

[Out] (FAr(e*g))Ar(2*n)*br2*integrate((FA(£*g*x))A(2*n)/(dr2*xAr2 + 2*c*d*
X + ch2), x) + 2*(Fr(e*g))rn*a*b*integrate((FA(f£*g*x))An/(dr2*xA2
+ 2*c*d*x + cnr2), x) - ar2/(dr2*x + c*d)
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Fricas [A] time = 0.279562, size = 231, normalized size = 1.14

2 Ffonx+eqngpg 4 pRfonxs2eanp2g _ o (B2dfgnx + bcfgn) F- 4 " Ei (2<df gnxefgn) ‘°g<F>) log (F) — 2 (abd fgnx + ab

d3x + cd?

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))An*b + a)r2/(d*x + ¢c)"A2,x, algorithm="fricas")

[Out] -(2*FA(f*g*n*x + e*g*n)*a*b*d + FA(2*"f*g*n*x + 2*e*g*n)*br2*d - 2
*(br2*d*f*g*n*x + bA2*c*f*g*n)*FAr(2*(d*e - c*f)*g*n/d)*Ei(2*(d*f*

g'n*x + c*f*g*n)*log(F)/d)*log(F) - 2*(a*b*d*f*g*n*x + a*b*c*f*g*
n)*FAr((d*e - c*£)*g*n/d)*Ei((d*f*g*n*x + c*£*g*n)*log(F)/d)*log(F

) + ar2*d)/(d”r3*x + c*dA2)

Sympy [F] time = 0., size = 0, normalized size = 0.

dx

I (a + b (Pe9Ff9%) ")2

(c + dx)*
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b* (F**(g*(f*x+e)))**n)**2/(d*x+c)**2,x)

[Out] Integral((a + b*(F**(e*g)*F**(£f*g*x))**n)**2/(c + d*x)**2, x)

GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

((F(f’”e)g) nb + a) ’

J drep &

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))rn*b + a)r2/(d*x + ¢c)"2,x, algorithm="giac")

[Out] integrate(((FA((f*x + e)*g))” n*b + a)~2/(d*x + c)r2, x)
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p(Foterfo\ ")
el

X

Optimal. Leaf size=286

2 abfzgznz logZ(F) (Feg+fgx) n an(e—%) _gn(ﬁfx)EprntegralEi (fgn log(j)(mdx))
T2d(c+dx)? E

abfgnlog(F) (Fe9+f9x)"  ab (Fe9+f9x)"
- d?(c + dx) ~ d(c +dx)?

zbeZanZ IOgZ(F) (Feg+fgx) 2n FZgn(e—%) —29n(6+fx)EXpIntegralEi ( 2fgn log{(iF)(c+dx))
+ d3

begn log(F) (Feg+fgx)2” b2 (Feg+fgx) 2n
- d2(c + dx) ~ 2d(c + dx)?

[Out] -ar2/(2*d*(c + d*x)72) - (a*b*(Fr(e*g + f*g*x))rn)/(d*(c + d*x)A2
) - (br2* (Fr(e*g + £*g*x))A(2*n))/(2*d* (¢ + d*x)"2) - (a*b*f* (FA(
e*g + f*g*x))rn*g*n*Log[F])/(dr2* (¢c + d*x)) - (br2*f*(Fr(e*g + £*
g*x))A(2*n)*g* n*Log[F])/(dr2*(c + d*x)) + (a*b*fAr2*FAr((e - (c*f)/
d)*g'n - g*'n*(e + £*x))*(Fr(e*g + £*g*x) ) n*gr2*n"2*ExpIntegralEi
[(f*g*n* (c + d*x)*Log[F])/d]*Log[F]Ar2)/dr3 + (2*bA2*fA2*FA(2* (e -
(c*f)/d)*g*n - 2*g*n* (e + £*x))*(Fr(e*g + f*g*x))A(2*n)*gr2*nr2*
ExpIntegralEi[(2*f*g*n*(c + d*x)*Log[F])/d]*Log[F]A2)/dA3

Rubi [A]  time = 0.81929, antiderivative size = 286, normalized size of antiderivative = 1., number of

number of rules _ 016

steps used = 10, number of rules used = 4, integrand size = 25, = - =
integrand size

n gne=)-gn(e+fx nlo c+dx
a? abf?g*n* log?(F) (Fe9+/9x) " F* (=) -gntess )EXpIntegralEi (f—g lg({?( d ))
~ 2d(c + dx)? * 43

ab f gnlog(F) (F¢9+/9%) " ab (Fe9+f9x) "

d?(c + dx) d(c + dx)?

n n(e-<F)-2gn(e+fx nlo c+dx
2b* f2g*n? logz(F) (Fe-q*fgx)2 F ( d ) 2gn(e+f )EprntegralEi (—ng ! g;F)( d ))
+ e

b2 fgnlog(F) (Fe9+f9x)?" b2 (peg+fox)™"

d?(c + dx) 2d(c + dx)?

Antiderivative was successfully verified.

[In] Int[(a + b*(Fr(g* (e + £*x)))*n)~r2/(c + d*x)"3,x]

[Out] -ar2/(2*d*(c + d*x)A2) - (a*b*(Fr(e*g + £*g*x))An)/(d* (c + d*x)r2
) - (bA2* (Fr(e*g + £*g*x))A(2*n))/(2*d* (c + d*x)"2) - (a*b*f* (FAr(
e*g + f*g*x))Mn*g*n*Log[F])/(dr2*(c + d*x)) - (br2*f*(Fr(e*g + £*
g*x))A(2*n)*g*n*Log[F])/(dr2*(c + d*x)) + (a*b*f£r2*Fr((e - (c*f)/
d)*g'n - g*n*(e + £*x))*(Fr(e*g + £'g*x) ) n*gr2*n"2*ExpIntegralEi
[(f*g*n* (¢ + d*x)*Log[F])/d]*Log[F]A2)/dA3 + (2*bA2*fA2*FA(2* (e -
(c*f)/d)*g*n - 2*g*n* (e + £*x))*(Fr(e*g + £*g*x))A(2*n)*gr2*nr2*
ExpIntegralEi[(2*f*g*n*(c + d*x)*Log[F])/d]*Log[F]”2)/d 3
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Rubi in Sympy [A] time = 78.4537, size = 284, normalized size = 0.99

Zgn(cf de)

2n
—2e— + 2 - [ fgn(2c+2dx)log (F)
2F9n(-2e-2f)p b f2gPn? (Foers)) ™ log (F)? Bi ( Lot s

43
Fon(-e=f) p- 2D gy p2 020 ( Fg(e+fx)) " log (FYEi (M) 2
+ p—
d? 2d (¢ + dx)?
n n 2n 2n
ab (1) abian (9) " toge) 5 (59e-59) " 2 g (15e-1) " g
d (c + dx)* d? (c + dx) 2d (¢ + dx)* d? (c + dx)

Verification of antiderivative is not currently implemented for this CAS.

[In] <rubi_integrate((a+b* (F**(g*(f*x+e)))**n)**2/(d*x+c)**3,x)

[Out] Z*F**(g*n*(_z*e _ Z*f*x))*F**(—Z*g*n*(c*f _ d*e)/d)*b**z*f**z*g**
2*n**2* (F**(g* (e + £*x)))**(2*n)*log(F)**2*Ei(f*g*n*(2*c + 2*d*x)
*log(F)/d)/d**3 + F**(g*n*(-e - £*x))*F**(-g*n*(c*f - d*e)/d)*a’b
*f**z*g**z*n**z*(F**(g*(e + f*X)))**n*log(F)**z*Ei(f*g*n*(C + d*X
Y*log(F)/d)/d**3 - a**2/(2*d*(c + d*x)**2) - a*b* (F**(g*(e + £*x)
YD) **n/(d*(c + d*x)**2) - a*b*f*g*n* (F**(g* (e + £*x)))**n*log(F)/(
d**2*(c + d*x)) - b**2* (F**(g* (e + £*x)))**(2*n)/(2*d*(c + d*x)**
2) - b**2*f*g*n* (F**(g*(e + £*x)))**(2*n)*log(F)/(d**2* (¢ + d*x))

Mathematica [A] time = 0.601048, size = 217, normalized size = 0.76

gn(c+

242 — 2ab f2gn? logX(F)(c + dx)? (F9/ )" F Emﬂmqgmm(ﬂﬂﬁ%?ﬁiﬁ)+mmduw@ﬁ*w”qynmng

Antiderivative was successfully verified.

[In] 1Integrate[(a + b*(FA(g*"(e + £*x)))2n)r2/(c + d*x)"3,x]

[Out] -(ar2*dr2 - (2*a*b*f£A2* (Fr(g* (e + £*x)))An*gr2*nr2* (¢ + d*xX)"2*EX
pIntegralEi[(f*g*n*(c + d*x)*Log[F])/d]*Log[F]"2)/FAr((f£f*g*n*(c +
d*x))/d) - (4*br2*fA2* (FA(g* (e + £*x)))A(2*n)*gr2*nr2* (c + d*x) N2
*ExpIntegralEi[ (2*f*g*n*(c + d*x)*Log[F])/d]*Log[F]Ar2)/Fr((2*f*g*

n*(c + d*x))/d) + 2*a*b*d* (FAr(g* (e + £*x)))An*(d + £*g*n*(c + d*x
Y*Log[F]) + ba2*d*(Fr(g*(e + £*x)))A(2*n)*(d + 2*f*g*n*(c + d*x)*
Log[F]))/(2*dA3* (c + d*x)A2)

Maple [F] time = 0.032, size = 0, normalized size = 0.

(a.+b(pv0*+ﬂ)")2

J‘ (dx +¢)® dx

Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b* (FA(g* (f*x+e)))rn)r2/(d*x+c)"3,x)

[out] int((a+b* (FA(g* (£*x+e)))rn)A2/(d*x+c)A3,x)
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Maxima [F] time = 0., size = 0, normalized size = 0.

ngx)Zn
Feg ZHbZJ ( d
(F*) B3+ 3cdix 4 3c2dx + 3
(Ffox)" a?
2 (F¢9)"ab dx —
+2(F%)a Jd3x3+3cd2x2+302dx+c3 x 2(d3x?% + 2 cd?x + c2d)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))rn*b + a)r2/(d*x + ¢c)"3,x, algorithm="maxima"

[Out] (FAr(e*g))r(2*n)*br2*integrate((FA(£*g*x))A(2*n)/(dA3*xA3 + 3*c*dA
2*xA2 + 3*cA2*d*x + c73), x) + 2*(Fr(e*g)) n*a*b*integrate((FA(£*

g*x)) n/(dA3*xA3 + 3*c*dA2*xA2 4+ 3*cAr2*d*x + cM3), x) - 1/2*ar2/(
dr3*xA2 + 2*c*dA2*x + cAr2*d)

Fricas [A] time = 0.282474, size = 424, normalized size = 1.48

4 (PP f g + 2 b frgPnix + bt frgin? P i 2LomxefamlosD) ) g (FY2 4 3 (abl f2gPnix? + 2 abed f

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))An*b + a)~r2/(d*x + ¢c)"3,x, algorithm="fricas")

[Out] 1/2* (4* (bA2*dA2*fA2*gA2* nA2*xXA2 + 2*bA2*c*d*fA2*gnr2*nA2*x + bA2*c
A2*FA2*gA2*nA2)*FA(2* (d*e - c*f)*g*n/d)*Ei(2*(d*f*g*n*x + c*f*g*n
Y*log(F)/d)*log(F)A2 + 2*(a*b*dA2*£fA2*gA2*nA2*xA2 + 2*a*b*c*d*fA2
*gA2*NA2*X + a*b*cAr2*fA2*gA2*nA2)*FA((d*e - c*f)*g*n/d)*Ei((d*f*g
*n*x + c*f*g*n)*log(F)/d)*log(F)r2 - ar2*dr2 - (br2*dr2 + 2*(bAr2*
dr2*f*g*n*x + bAr2*c*d*f*g*n)*log(F))*FAr(2*f*g*n*x + 2*e*g*n) - 2*
(a*b*dr2 + (a*b*dr2*f*g*n*x + a*b*c*d*f*g*n)*log(F))*FA(f*g*n*x +
e*g*n))/(dr5*xA2 + 2*c*dr4*x + cA2*dA3)

Sympy [F(-1)] time = 0., size = 0, normalized size = 0.
Timed out
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b* (F**(g*(f*x+e)))**n)**2/(d*x+c)**3,x)

[Out] Timed out

GIAC/XCAS [F]  time = 0., size = 0, normalized size = 0.

((F(f’”e)g) nb + a) ’

J ey &

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))*n*b + a)r2/(d*x + ¢c)"3,x, algorithm="giac")

[Out] integrate(((FA((f*x + e)*g))~n*b + a)r2/(d*x + c)*3, x)
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3
3.39 I (a +b (Fg(e+fx)) n) (c + dx)®dx
Optimal. Leaf size=496

aS(c +dx)t  18a%bd?(c + dx) (Fe9*9%)™  9a2bd(c + dx)? (Fe9+f9x)"
+ _

4d f3g°n3log’(F) f2g*n?log*(F)
3a?b(c + dx)* (Feg+f9x) " 18a2bd3 (F€9+f!JX) n
fgnlog(F) ~ figtntlogh(F)

9abd*(c + dx) (Fe99%)*"  9ab?d(c + dx)? (Feo+/9%)™"
' 4f3¢°n® log’(F) ) 4f2g?n? log*(F)

3ab%(c + dx)® (Fe979%) "™ 9ab2d® (Fe9+/9%)™  2b3d2(c + dx) (Fe9+/9%) ™
: 2fgnlog(F) - 8 f4g*n*log*(F) " 9f3g3n3 log®(F)

b3d(c + dx)? (Fe9+/9%) o b3(c + dx)> (Fe9+/9%) M op3gs (Feg+f9x) sn
 3f2gn?logh(F) : 3fgnlog(F)  27fig*nt logh(F)

[Out] (ar3*(c + d*x)n4)/(4*d) - (18*ar2*b*dr3* (Fr(e*g + f£*g*x))rn)/(£r4
*grd*nrd*Log[F]r4) - (9%a*br2*dA3* (Fr(e*g + £ g*x))A(2*n))/(8*fr4
*ghd*nr4*Log[F]nr4) - (2*bA3*dA3* (Fr(e*g + £5g*x))A(3*n))/(27*fr4*
ghd*nr4*Log[F]nr4) + (18*anr2*b*dr2* (Fr(e*g + £*g*x)) n*(c + d*x))/
(£A3*gA3*nA3*Log[F]A3) + (9*a*br2*dr2* (FA(e*g + £*g*x))~(2*n)* (c
+ d*x))/ (4" £A3*gA3*nA3*Log[F]A3) + (2*bA3*dr2* (FAr(e*g + £ g*x) ) (
3*n)*(c + d*x))/(9*£A23*gA3*nA3*Log[F]~3) - (9*ar2*b*d* (Fr(e*g + £
*g*x))An*(c + d*x)r2)/(£r2*gr2*nr2*Log[F]"r2) - (9*a*br2*d* (Fr(e*g
+ £*g*x))M(2*n)*(c + d*x)A2)/(4*fr2*gnr2*nAr2*Log[F]~r2) - (bA3*d*(
Fr(e*g + £ g*x))A (3" n)*(c + d*x)"2)/(3*£r2*gr2*nr2*Log[F]"2) + (3
*an2*b* (Fr(e*g + £ g*x)) " (c + d*x)*3)/(f*g*n*Log[F]) + (3*a*bnr2
*(Fr(e*g + £*g*x))~r(2*n)*(c + d*x)A3)/(2*£*g*n*Log[F]) + (bA3*(FA
(e*g + £ g*x))A(3*n)*(c + d*x)"3)/(3*f*g*n*Log[F])

Rubi [A] time = 1.23806, antiderivative size = 496, normalized size of antiderivative = 1., number of

number of rules _ ¢

steps used = 14, number of rules used = 3, integrand size = 25, = >
integrand size

a(c +dx)* 18a’bd*(c + dx) (Fey"fgx) " 9a%bd(c + dx)? (F39+f9X) "
+ f—

4d f3g°n3 log*(F) f2g*n? log*(F)
3a?b(c + dx)* (F‘39+f9x) " 18a2bd3 (F69+fQX) n
fgnlog(F) © figintlog!(F)
9ab2d?(c + dx) (Fe9*9%) ™" 9ab?d(c + dx)? (Fe9+f9x)*"
T aperlog(B)  aftgntlogp)
3ab%(c + dx)* (Fe9*f9%)™"  9ab?d® (Fe9*/9x)™"  2b3d%(c + dx) (Fe9 /%)™
2fgnlog()  sfigintlog'F) | 9f'gnlog'(F)
b3d(c + dx)? (Fe9F9%)>"  b3(c + dx)® (Fe9*f9x)°"  ab3d3 (Feg+fox)™
T sfgnlegh) 3fgnlog(F) 27f%g*nt logh(F)

Antiderivative was successfully verified.

[In] Int[(a + b*(FA(g*(e + £*x)))2n)A3*(c + d*x)"3,x]

[Out] (ar3*(c + d*x)n4)/(4*d) - (18*ar2*b*dr3* (Fr(e*g + f£*g*x)) n)/(£r4
*ghd*nr4*Log[F]nr4) - (9*a*br2*dA3* (FAr(e*g + £*g*x))A(2*n))/(8*fr4
*ghd*nr4*Log[F]r4) - (2*bA3*dA3* (Fr(e*g + £g*x))A(3*n)) /(27 fr4*
ghd*nr4*Log[F]r4) + (18*ar2*b*dr2* (Fr(e*g + £*g*x))An*(c + d*x))/
(£723*gnr3*nA3*Log[F]~3) + (9*a*ba2*dAr2* (Fr(e*g + £rg*x))A(2*n)* (c

+ d*x))/(4*£r3*gr3*nA3*Log[F]A3) + (2*bA3*dr2* (FAr(e*g + £ g*x) )1 (
3*n)*(c + d*x))/(9*fA3*gr3*nr"3*Log[F]~3) - (9*ar2*b*d* (Fr(e*g + f
*g*x))An* (¢ + d*x)"2)/(£r2*gr2*nr2*Log[F]Ar2) - (9*a*bar2*d* (Fr(e*g

+ £*g*x))AM(2*n)*(c + d*x)A2)/ (4 fr2*gr2*nAr2*Log[F]~r2) - (bA3*d*(
Fr(e*g + £*g*x))A(3*n)*(c + d*x)~2)/(3*£r2*gr2*nr2*Log[F]"2) + (3
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*an2*b* (Fr(e*g + £*g*x))*n*(c + d*x)A3)/(£*g*n*Log[F]) + (3*a*br2
*(Fr(e*g + £ g*x))A(2*n)*(c + d*x)"A3)/(2*f*g*n*Log[F]) + (bA3* (F»
(e*g + £*g*x))A(3*n)*(c + d*x)"3)/(3*f*g*n*Log[F])

Rubi in Sympy [A]  time = 174.116, size = 478, normalized size = 0.96

ﬂuwfwﬂfwwﬂnwﬁWwawww WWHMHMWﬂ”
sd figntlog(F) | fign’log(F) T Pegntlog (FY
3a%b (c + dx)? (F9<e+fx>) " gandd ( Fg<e+fx>) M oabtd? (c + dx) ( Fg<e+fx>) o
fgnlog (F) T T sfigintlog ()} 4fgn® log (F)

9ab?d (c + dx)? (Fg(“fx)) " sab? (e + d)? ( Fg(e+fx)) M ( Fg(e+fx)) n

T apgatlog(FF | 2fgnlog(B)  27figinilog (P
262 (e + dx) (FT) " e+ (FHr0) " b e+ ) (Poteer0)

N _

+
9f3¢%n3 log (F)* 32¢2n? log (F)* 3fgnlog (F)
Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((a+b* (F**(g* (£*x+€)))**n)**3*(d*x+c)**3,x)

[Out] a**3*(c + d*x)**4/(4*d) - 18*a**2*b*d**3*(F**(g*" (e + £*x)))**n/ (£
*r4rgr*4*n**4*log(F)**4) + 18*a**2*b*d**2*(c + d*x)*(F**(g*(e + f
*X)))**n/(f**?,*g**3*n**3*log(F)**3) _ 9*a**2*b*d*(c + d*X)**z*(F*
*(g*(e + £*x)))**n/(£f**2*g**2*n**2*1log(F)**2) + 3*a**2*b*(c + d*x
)**3*(F-k>k(g*(e + f*X)))**n/(f*g*n*log(F)) — 9*a-kb-k*2*d-k-k3*(F-k-k(g*
(e + f*x)))**(z*n)/(g*f**4*g**4*n**4*log(F)**4) + 9*a*b**2*d**2*(
c + d*x)*(F**(g*(e + £*x)))**(2*n)/(4*£**3*g**3*n**3*1log(F)**3) -
9*a*b**2*d*(c + d*X)**z*(F**(g*(e + f*X)))**(z*n)/(4*f**2*g**2*n
**2*log(F)**2) + 3*a*b**2*(c + d*x)**3*(F**(g*(e + £*x)))**(2*n)/
(2*f*g*n*log(F)) - 2*b**3*d**3*(F**(g*(e + £*x)))**(3*n)/(27*f**4
*grr4rn**4*log(F)**4) + 2°b**3*d**2*(c + d*x)*(F**(g* (e + £*x)))"
*(3*n)/(9*f**3*g**3*n**B*log(F)**S) _ b**3*d*(c + d*X)**z*(F**(g*
(e + £*x)))**(3*n)/(3*£**2*g**2*n**2*1log(F)**2) + b**3*(c + d*x)*
3 (F**(g" (e + £°%)))*"(3"n)/ (3" £"g"n" log(F))

Mathematica [A]  time = 0.581917, size = 341, normalized size = 0.69

3 1
accx + §a3c2dx2 +aded®x® + Za3d3x4

3a’b (Fg(‘”fx)) § (6d%fgnlog(F)(c + dx) + f3g°n® log*(F)(c + dx)* — 3d f2¢*n® log?(F)(c + dx)* — 6d°)
+

figin*log*(F)
3ab? (Fg(”fx)) 2 (6d%fgnlog(F)(c + dx) + 4f3g°n? log®(F)(c + dx)* — 6d f?¢°n® log®(F)(c + dx)? — 3d°)
' 8f4g*n* log*(F)
b? (Fg(”fx)) o (6d%fgnlog(F)(c + dx) + 9f3g°n’ log*(F)(c + dx)* — 9d f2¢*n® log?(F)(c + dx)* — 2d°)
’ 27 f4gin log*(F)

Antiderivative was successfully verified.

[In] 1Integrate[(a + b*(FA(g*(e + £*x)))An)A3*(c + d*x)"3,x]

[Out] anr3*cA3*x + (3*ar3*cr2*d*xn2)/2 + anr3*c*dr2*xA3 + (anr3*dr3*xnr4)/4
+ (3*ar2*b* (FA(g* (e + £*x)))An*(-6*dr3 + 6*dr2*f*g*n*(c + d*x)*L
og[F] - 3*d*fr2*gr2*nr2*(c + d*x)A2*Log[F]r2 + £A3*gA3*nA3*(c + d
*X)A3*Log[F]~r3))/(fr4*grd4*nr4*Log[F]r4) + (3*a*br2* (Fr(g*(e + £*x
I))A(2*n)*(-3*dA3 + 6*dA2*f*g*n* (c + d*x)*Log[F] - 6*d*fr2*gr2*nA
2*(c + d*x)"2*Log[F]"r2 + 4*fA3*gr3*nA3* (c + d*x)A3*Log[F]~r3))/(8*
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frda*grd*nr4*Log[F]r4d) + (bA3*(FA(g"(e + £*x)))A (3" n)* (-2*dAr3 + 6
dr2*f*g*n*(c + d*x)*Log[F] - 9*d*fA2*gr2*nAr2*(c + d*x)"2*Log[F]r2
+ 9*fA3*gnA3*nA3* (c + d*x)A3*Log[F]73))/(27*frd*grd*nr4*Log[F]r4)

Maple [F] time = 0.032, size = 0, normalized size = 0.
3
J (a +b (Fg(fx+e)) n) (dx +¢)® dx

Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b* (FA(g* (f*x+e)))An)A3* (d*x+c)A3,x)

[Out] int((a+b* (FA(g* (f*x+€)))An)A3* (d*x+Cc)~3,X)

Maxima [F(-2)]  time = 0., size = 0, normalized size = 0.
Exception raised: ValueError
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)A3*(d*x + ¢c)A3,x, algorithm="maxima"

[Out] Exception raised: ValueError

Fricas [A] time = 0.304978, size = 956, normalized size = 1.93

54 (a3d3 figin'xt + 4 aPcd? figin'x® + 6 a®cd figin'x? + 4 a®c3 fginx) log (F)* — 8 (2b3d° — 9 (B3> f3g°n®x® + 3 b3cd?

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)A3*(d*x + ¢c)*3,x, algorithm="fricas")

[Out] 1/216* (54* (ar3*dA3*fr4*grd*nrd*xr4d + 4*an3*c*dr2 fr4*grga*nrd*xA3
+ 67anr3*cAr2*d*fA47grd nr4*xA2 + 4*ar3*cAh3 A4 grd nr4*x) *log (F) N4
- 8% (2*bA3*dA3 - 9" (bA3*dA3*fA3*gA3*nA3*xA3 + 3*bA3*c*dA2*£A3*FgA
3*nA3*xA2 + 3*bA3*cA2*d*£A3*gA3*nA3*x + bA3*cA3*fA3*gA3* nA3) " log(
F)A3 + 9" (bA3*dA3*fA2*gA2"nA2*xA2 + 2*bA3*c*dA2"£A2*gA2"nA2*x + b
A3*cA2*d*£A2*gr2*nr2)*log(F)~r2 - 6" (bA3*dA3*f*g" n*x + bA3*c*dr2*f
*g*n)*log(F))*FA(3"f*g"n*x + 3*e*g*n) - 81*(3*a*br2*dA3 - 4* (a*bA
2*dA3*fA3*gA3*nA3*xA3 + 3*a*bA2*c*dAr2*fA3*gA3* nA3*xA2 + 3%a*bAr2%c
A2*d*fA3*gA3*nA3*x + a*bA2*cA3*£A3*gA3*nA3)*log(F)A3 + 6" (a*br2*d
AZ*EA2*gA2*NA2"XA2 + 27a*bA2*c*dA27£A2*gA2"nA2%x + a*bA2*cr2*dr A
2 gn2*nAr2)*log(F)r2 - 6*(a*br2*dA3*f*g*n*x + a*bA2*c*dr2*f*g*n)*1
og(F))*FAr(2*f*g*n*x + 2*e*g*n) - 648" (6*ar2*b*d~r3 - (ar2*b*dAr3*fA
3*gA3*nA3*xA3 + 3*ar2*b*c*dA2*£A3*gA3*nA3*xA2 + 3*aA2*b*cAr2*d*£A3
*gA3*nA3*x + ar2*b*cA3*fA3*gA3*nAa3)*log(F)A3 + 3*(ar2*b*dA3*fAr2*g
A2 NA2FXA2 + 2%anr2*b*c*dA2*fA2¥gA2* nA2*x + ar2*brcA2rdrEA2FgA2¥nA
2)*log(F)r2 - 6" (ar2*b*dr3*f*g*n*x + ar2*b*c*dr2*f*g*n)*log(F))*F
A(f*g*n*x + e*g*n))/(£fr4*gr4*nr4*log(F)r4)

Sympy [A]  time = 1.57344, size = 1074, normalized size = 2.17

result too large to display
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Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b* (F**(g*(f*x+e)))**n)**3*(d*x+c)**3,x)

[Out] a**3*c**3*x + 3*a**3*c**2*d*x**2/2 + a**3*c*d**2*x**3 + a**3*d**3
*x**4/4 + Piecewise((((72*b**3*c**3*f**11*g**11*n**11*1log(F)**11
+ 216*b**3*c**2*d*f**11*g**11*n**11*x*log(F)**11 - 72*b**3*c**2*d
*£**10*g**10*n**10*1log(F)**10 + 216*b**3*c*d**2*f**11*g**11*n**11
*x**2*1og(F)**11 - 144*b**3*c*d**2*f**10*g**10*n**10*x*log(F)**10
+ 48*b**3%c*d**2*f£**9*g**9*n**9*log(F)**9 + 72*b**3*d**3°f**11*g
**11*n**11*x**3*log(F)**11 - 72*b**3*d**3*£**10*g**10"n**10*x**2*
log(F)**10 + 48*b**3*d**3*f**9*g**9*n**9*x*1log(F)**9 - 16*b**3*d*
*3*f**8*g**8*n**8*log(F)**8)*(F**(g*(e + f*X)))**(3*n) + (324*a*b
**Z*C**S*f**11*g**11*n**11*log(F)**11 + 972*a*b**2*c**z*d*f**ll*g
**11*n**11*x*log(F)**11 - 486*a*b**2*c**2*d*f**10*g**10*n**10* log
(F)**10 + 972*a*b**2*c*d**2*f**11*g**11*n**11*x**2*log(F)**11 - 9
72*a*b**2*c*d**2*£**10*g**10*n**10*x*log(F)**10 + 486*a*b**2*c*d*
*z*f**9*g**9*n**9*log(F)**9 + 324*a*b**2*d**3*f**11*g**11*n**11*x
**3*log(F)**11 - 486*a*b**2*d**3*f**10*g**10*n**10*x**2*1log(F)**1
0 + 486*a*b**2*d**3*£**9*g**9*n**9*x* log (F)**9 - 243*a*b**2+d**3*
£**8*g**8*n**8*log(F)**8)* (F**(g* (e + £°X)))**(2*n) + (648%a**2*b
*C**3 F**11%g**11°n**11* log(F)**11 + 1944*a**2*b*c**2*d*f**11*g**
11*n**11*x*log(F)**11 - 1944*a**2*b*c**2*d*f**10*g**10*n**10*log(
F)**10 + 1944*a**2*b*c*d**2*f**11*g**11*n**11*x**2*log(F)**11 - 3
888*a**2*b*c*d**2*£f**10*g**10* n**10*x*log(F)**10 + 3888*a**2*b*c*
d**2*£**9*g**9*n**9*log (F)**9 + 648%a**2*b*d**3*f**11*g**11*n**11
*x**3*1log(F)**11 - 1944*a**2*b*d**3*f**10*g**10*n**10*x**2* log(F)
**10 + 3888*a**2*b*d**3*f**9*g**9*n**9*x*log(F)**9 - 3888*a**2*b*
d**S*f**s*g**8*n**8*log(F)**8)*(F**(g*(e + f*X)))**n)/(216*f**12*
g**12*n**12*log(F)**12), Ne(216*f**12*g**12*n**12*log(F)**12, 0))
, (x**4*(3*a**2*b*d**3/4 + 3*a*b**2*d**3/4 + b**3*d**3/4) + x**3*
(3*a**2*b*c*d**2 + 3*a*b**2*c*d**2 + b**3*c*d**2) + x**2*(9%a**2*
b*c**2*d/2 + 9*a*b**2*c**2*d/2 + 3*b**3*c**2*d/2) + x*(3*a**2*b*c
**3 4+ 3*a*b**2*c**3 + b**3*c**3), True))

GIAC/XCAS [A] time = 0.568073, size = 1, normalized size = 0.

Done

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)A3*(d*x + ¢c)~3,x, algorithm="giac")

[Out] Done
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3.40 I (a +b (Fg(e+fx)) n) ’ (c + dx)* dx

Optimal. Leaf size=366

a(c +dx)®  6a*bd(c +dx) (F9F9%)"  3a2b(c + dx)? (Fe9°f9%)"  6a?bd? (Fe9+/9~)"
— +

3d 1261 10g" () Fanlog(F) T g log(7)
_ 3ab%d(c + dx) (Fe9*9%) ™" , 3ab’(c + dxy (Feg+fox)®" | 3ab%d? Feg+fox) "
2f%g?n? log*(F) 2f gnlog(F) 4f3g3n3 log®(F)
2b%d(c + dx) (Fe9+/9%) o . b3(c + dx)? (Fe9+/9%) 3n . 2b3d? (Fe9+f9x) sn
9f2g%n? log’(F) 3fgnlog(F) 27 f3g°n3 log® (F)

[Out] (ar3*(c + d*x)~3)/(3*d) + (6*ar2*b*dr2* (Fr(e*g + £*g*x))An)/(£1r3*
gh"3*nA3*Log[F]A3) + (3*a*br2*dr2* (FA(e*g + £rg*x))A(2*n)) /(4" £A3*
gA3*nA3*Log[F]A3) + (2*bA3*dA2* (FA(e*g + £*g*x))A(3*n))/(27*£r3*g
A3*nA3*Log[F]A3) - (6*ar2*b*d* (Fr(e*g + £*g*x)) n*(c + d*x))/(£1r2
*gA2*nA2*Log[F]nr2) - (3*a*br2*d* (Fr(e*g + £g*x))A(2*n)* (¢ + d*x)

Y/ (2 f£A2*gnA2*nA2*Log[F]r2) - (2*bA3*d* (Fr(e*g + £*g*x))"A(3*n)*(c

+ d*x)) /(9" £A2*gA2*nA2*Log[F]"2) + (3*ar2*b*(FAr(e*g + £*g*x))An*(

c + d*x)"2)/(£f*g*n*Log[F]) + (3*a*br2* (Fr(e*g + £*g*x))"r(2*n)* (c

+ d*x)nr2)/(2*f*g*n*Log[F]) + (bA3*(Fr(e*g + f*g*x))A(3*n)*(c + d*
X)"2)/(3"£*g"n"Log[F])

Rubi [A]  time = 0.812209, antiderivative size = 366, normalized size of antiderivative = 1., number
25, number of rules - 0.12

of steps used = 11, number of rules used = 3, integrand size =
integrand size

ad(c +dx)?  6a’bd(c +dx) (Fe979%)"  3a?b(c + dx)? (Fe9*f9%)"  6a?bd? (Fe9F9%)"
3d ) f2g*n? log*(F) ’ fgnlog(F) ' f3g3n3log’(F)
3ab?d(c + dx) (Fe9°f9%) ™" 3ab(c + dx)? (Fe9*f9%)™"  3abd? (Feg+fo~)*"
) 2f29%n?log’(F) i 2fgnlog(F) "y f3g3n% log®(F)
2b%d(c + dx) (Fe9°79%) ™ b(c + dx)? (Feo/9%)™"  2p3d? (Fe9+/9%) ™"
 9fgtn?log(F) ’ 3fgnlog(F) ’ 27f3g°n* log’ (F)

Antiderivative was successfully verified.

[In] Int[(a + b*(FA(g*(e + £*x)))2n)A3*(c + d*x)"2,x]

[Out] (ar3*(c + d*x)~3)/(3*d) + (6*ar2*b*dr2* (Fr(e*g + £ g*x))An)/(£73*
gh"3*nA3*Log[F]A3) + (3*a*br2*dr2* (FAr(e*g + £*g*x))A(2*n))/(4*£r3*
gh3*nA3*Log[F]A3) + (2*bA3*dA2* (Fr(e*g + £*g*x))A(3*n))/(27*fr3*g
A3*nA3*Log[F]”3) - (6*ar2*b*d*(FAr(e*g + £*g*x))An*(c + d*x))/(£r2
*gA2*nA2*Log[F]r2) - (3*a*br2*d* (Fr(e*g + £ g*x))A(2*n)*(c + d*x)

Y/ (2*£A2*gA2*nA2*Log[F]A2) - (2*bA3*d* (FAr(e*g + £*g*x))~(3*n)* (c

+ d*x))/(9*fA2*gA2*nr2*Log[F]"2) + (3*ar2*b*(Fr(e*g + £*g*x))rn*(

c + d*x)A2)/(f*g*n*Log[F]) + (3*a*br2* (Fr(e*g + £*g*x))Ar(2*n)* (c

+ d*x)A2)/(2*f*g*n*Log[F]) + (bA3*(Fr(e*g + £ *g*x))A(3*n)*(c + d*
x)72)/(3*£*g*n"Log[F])

Rubi in Sympy [A]  time = 110.148, size = 347, normalized size = 0.95

3 6a’bd? (Fg(‘”fx)) " 6a?bd (c +dx) (Fg(‘”fx)) " 3a% (c + dx)? (Fg(‘f*fX)) "

a® (c +dx) _ X
3d f3g*n’log (F)’ f242n? log (F)? Fgnlog (F)
2n 2n on
3ab?d? (Fg(e+fx)) 3ab?d (C + dx) (Fg(e+fx)) 3ab? (C 4 dx)Z (Fg(e+fx))
- +
4f3g%n3log (F)’ 2f2¢2n? log (F) 2fgnlog (F)

3n 3n 3n
2b3 2 (F9<e+fx>) 2b3d (¢ + dx) (F9<e+fx>) b (c + dx)? (F9<e+fx>)

27f3gn3 log (F)’ 9f2g%n? log (F)’ 3fgnlog (F)
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Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((a+b* (F**(g*(£f*x+e)))**n)**3*(d*x+c)**2,x)

[Out] a**3*(c + d*x)**3/(3*d) + 6*a**2*b*d**2*(F**(g*(e + £*x)))**n/(£*
*3*g**3*n**3*log(F)**3) - 6%a**2*b*d*(c + d*x)*(F**(g*(e + £*x)))
**n/(f**z*g**z*n**z*log(F)**2) + 3*a**2*b*(c + d*X)**z*(F**(g*(e
+ £*x)))**n/(f*g*n*log(F)) + 3*a*b**2*d**2*(F**(g* (e + £*x)))** (2
*n)/(4*f**S*g**3*n**3*log(F)**3) _ S*a*b**z*d*(c + d*X)*(F**(g*(e

+ £*x)))**(2*n)/(2*£**2*g**2*n**2*1og(F)**2) + 3*a*b**2*(c + d*x
)**2*(F*~k(g*(e + f*X)))**(z*n)/(z*f*g*n*log(F)) + 2*b**3*d**2*(F*
*(g*(e + f*X)))**(3*n)/(27*f**3*g**3*n**3*log(F)**3) — 2*b**3*d*(

c + d*x)*(F**(g*(e + £*x)))**(3*n)/(9*f**2*g**2*n**2*1log(F)**2) +
b**3*(c + d*x)**2*(F**(g*(e + £*x)))**(3*n)/(3*f*g*n*log(F))

Mathematica [A] time = 0.48567, size = 248, normalized size = 0.68

1
a’c®x + adedx® + §a3dzx3

3a%b (Fg(”fx)) " (f2g°n? log?(F)(c + dx)? — 2d fgnlog(F)(c + dx) + 2d?)
' f3¢°n’ log’ (F)
3ab? (Fg(”fx)) 2 (2f%g*n® log?(F)(c + dx)* — 2d fgnlog(F)(c + dx) + d?)
4f3g°n3log*(F)
b? (Fg(‘”fx)) o (9f%g*n? log®(F)(c + dx)? — 6d f gnlog(F)(c + dx) + 2d?)
27 f3g3n3 log®(F)

+

+

Antiderivative was successfully verified.

[In] Integrate[(a + b*(FA(g*(e + £*x))) n)A3*(c + d*x)"2,x]

[Out] anr3*cA2*x + ar3*c*d*x”r2 + (ar3*dr2*x723)/3 + (3*ar2*b* (FA(g* (e + £
*x)))An*(2*dr2 - 2*d*f*g*n*(c + d*x)*Log[F] + fA2*gnr2*nr2*(c + d*
x)A2*Log[F]72))/(£23*gr3*nAr3*Log[F]"3) + (3*a*br2*(Fr(g*(e + £'x)
A2 n)* (dr2 - 2*d*f*g*n*(c + d*x)*Log[F] + 2*fA2*gA2*nr2*(c + d
*x)A2*Log[F]"r2))/(4*£Ar3*gAr3*nA3*Log[F]73) + (bA3*(FAr(g*(e + £*x))
YA(3*n)*(2*dr2 - 6*d*f*g*n* (c + d*x)*Log[F] + 9*fA2*gA2*nAr2* (c +
d*x)A2*Log[F]r2))/(27*£A3*gA3*nA3*Log[F]A3)

Maple [F]  time = 0.03, size = 0, normalized size = 0.
ny\ 3
J (a +b (Fg(f’”e)) ) (dx +¢)* dx

Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b* (FA(g* (£*x+€)))An)A3* (d*x+c)A2,x)

[out] int((a+b* (FA(g* (£*x+e)))An)A3* (d*x+c)A2,x)

Maxima [F(-2)]  time = 0., size = 0, normalized size = 0.

Exception raised: ValueError
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)A3*(d*x + ¢c)*2,x, algorithm="maxima"
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[Out] Exception raised: ValueError

Fricas [A] time = 0.288688, size = 559, normalized size = 1.53

36 (a®d* 3 n3x> + 3a3cd f3gPn®x? + 3aPc 3¢ n3x) log (F)® + 4 (263d% + 9 (b3d2 f2g*n?x? + 2 bPcd f2gPn?x + b3 fg*n

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)A3*(d*x + ¢c)"2,x, algorithm="fricas")

[out] 1/108* (36* (ar3*dA2*fA3*gA3*nA3*xA3 + 3*an3*c*d*fA3*gA3*nA3*xA2 +
3*an3*cr2*fA3*gr3*nA3*x)*1log(F)A3 + 4*(2*bA3*dr2 + 9% (bA3*dAr2*£A2
FEA2TNA2FXA2 + 2¥DbA3*c*d*fA2*gA2* nA2"x + bA3*cA2*fA2%gA2*nA2)*1log
(F)nr2 - 6*(bA3*dA2*f*g*n*x + bA3*c*d*f*g*n)*log(F))*FA(3*f*g*n*x
+ 3*e*g*n) + 81*(a*br2*dr2 + 2*(a*bA2*dA2*FA2%gA2*nA2*xXA2 + 2*a*b
A2*c*d*£A2*gA2*NA2*X + a*bA2*cA2*fA2*gr2*nAr2)*log(F)A2 - 2*(a*bA2
*dr2*f*g*n*x + a*br2*c*d*f£*g*n)*log(F))*FAr(2*f*g*n*x + 2*e*g*n) +
324* (2*an2*b*dr2 + (ar2*b*dr2*fA2*gr2*nA2*xA2 + 2*anr2*b*c*d*f£Ar2*
gA2*NA2*X + anr2*b*cA2*fA2*gr2*nA2)*log(F)A2 - 2*(ar2*b*dr2*f*g*n*
X + ar2*b*c*d*f*g*n)*log(F))*FA(f*g*n*x + e*g*n))/(£Ar3*gAr3*nr3*1o0
g(F)3)

Sympy [A]  time = 1.20238, size = 653, normalized size = 1.78

32,3
a’d°x
a’c?x + adedx?® +

(36b3c%f898n81og(P)8+7zb3c¢fsgsn8xlog(5)8—z4b3cdf7g7n71og(f)7+36b3d%f8g8n8x21og(f)s—z4b3d%f7g7n7x1og(p)7+sb3d%fﬁgﬁn61og(fj6)(F9<e

+
x> (a%d2 +ab’d® + %) +x? (3a®bed + 3ab?cd + b3cd) + x (3a’bc? + 3ab%c? + bc?)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b* (F**(g*(f*x+e)))**n)**3*(d*x+c)**2,x)

[Out] a**3*c**2*x + a**3*c*d*x**2 + a**3*d**2*x**3/3 + Piecewise((((36*
b**3*0**Z*f**S*g**s*n**s*log(F)**8 + 72*b**3*C*d*f**8*g**8*n**8*x
*log(F)**S - 24*b**3*c*d*f**7*g**7*n**7*log(F)**7 + 36*b**3*d**2*
£**8%g**8*n**8*x**2* log (F)**8 - 24*b**3*d**2*f**7*g**7*n**7*x* log
(F)**7 + 8*b**3*d**2*f**6*g**6*n**6*1og(F)**6)* (F**(g* (e + £*x)))
**(3*n) + (162*a*b**2*c**2*f**8*g**8*n**8*log(F)**8 + 324*a*b**2*
c*d*f**8%g**8*n**8*x*log(F)**8 - 162*a*b**2*c*d*f**7*g**7*n**7* 1o
g(F)**7 + 162*a*b**2*d**2*£f**8*g**8" n**8*x**2*1log(F)**8 - 162*a*b
**2*d**2*f**7*g**7*n**7*X*lOg(F)**7 + 81*a*b**2*d**2*f**6*g**6*n*
*6*1log(F)**6) " (F**(g*(e + £™'x)))**(2"n) + (324*a**2*b*c**2*f**8"g
*v8*n**8*1og(F)**8 + 648" a**2*b*c*d*f**8%g**8*n**8*x"* log(F)**8 -
648*a**2*b*c*d £**7*g**7*n**7* Llog(F)**7 + 324*a**2*b*d**2*f**8*g"
*S*H**S*X**z*log(F)**S - 648*a**2*b*d**2*f**7*g**7*n**7*x*log(F)*
*7 + 648*a**z*b*d**z*f**6*g**6*n**6*log(F)**6)*(F**(g*(e + f*x)))
**n)/(108*f**9*g**9*n**9*log(F)**9), Ne(108*f**9*g**9*n**9*1log(F)
**9, 0)), (x**3*(a**2*b*d**2 + a*b**2*d**2 + b**3*d**2/3) + x**2*
(3*a**2*b*c*d + 3*a*b**2*c*d + b**3*c*d) + x*(3*a**2*b*c**2 + 3*a
*b**2*c**2 + b**3*c**2), True))

GIAC/XCAS [A]  time = 0.494753, size = 1, normalized size = 0.

Done

Verification of antiderivative is not currently implemented for this CAS.
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[In] integrate(((FA((f*x +e)*g))?n*b + a)A3*(d*x + ¢c)"2,x, algorithm="giac")

[Out] Done
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3
3.41 I (a +b (Fg(e+fx)) n) (c +dx)dx
Optimal. Leaf size=236

e dnf | 3abler dn) (P91 3bd (F909%)" ab(c + ) (B0 S5

+ +
2d fgnlog(F) f2g%n? log?(F) 2fgnlog(F)
3ab?d (Fe9*/9%)""  b(c +dx) (Fe9*/9%)™"  bPd (Feo/9%)™"

- + _
4f2g?n? log*(F) 3fgnlog(F) 9f2¢2n2 log?(F)

[Out] (ar3*(c + d*x)A2)/(2*d) - (3*ar2*b*d* (Fr(e*g + £*g*x)) rn)/(£r2*gn
2*nA2*Log[F]72) - (3*a*br2*d*(Fr(e*g + £g*x))A(2*n))/(4*£r2*gn2*
nA2*Log[F]”r2) - (bA3*d* (FA(e*g + £*g*x))A(3*n))/(9*fAr2*gr2*nr2*Lo
g[F]r2) + (3*ar2*b* (Fr(e*g + f*g*x))An*(c + d*x))/(f*g*n*Log[F])

+ (3*a*br2* (FA(e*g + £*g*x))2r(2*n)*(c + d*x))/(2*f*g*n*Log[F]) +

(bA3* (Fr(e*g + £ g*x))A(3*n)*(¢c + d*x))/(3*f*g*n*Log[F])

Rubi [A] time = 0.407849, antiderivative size = 236, normalized size of antiderivative = 1., number

of steps used = 8, number of rules used = 3, integrand size = 23, number of rules _ 13
integrand size

@(c+dx)?  3atb(c +dx) (Fe9T9%)"  3g2bd (Fe9+79%)"  3ab?(c + dx) (Fe9+/9%)*"

+ +
2d fgnlog(F) f2g2n? log?(F) 2fgnlog(F)
3ab?d (FE9*19%) ™ b(c + dx) (Fe9*19%)™"  p3d (Feo/9)™"

- + —
4f2g?n? log?(F) 3fgnlog(F) 912¢2n2log?(F)

Antiderivative was successfully verified.

[In] Int[(a + b*(FA(g*(e + £*x)))An)A3* (¢ + d*x),x]

[Out] (ar3*(c + d*x)~2)/(2*d) - (3*ar2*b*d* (FAr(e*g + f*g*x))An)/(£r2*gA
2*nr2*Log[F]72) - (3*a*br2*d*(Fr(e*g + £g*x))A(2*n))/ (4 £r2*gn2*
nA"2*Log[F]A2) - (bA3*d* (Fr(e*g + £g*x))A(3*n))/(9*£Ar2*gnr2*nr2*Lo
g[F]r2) + (3*ar2*b* (FAr(e*g + f*g*x))An*(c + d*x))/(f*g*n*Log[F])

+ (3*a*br2* (FA(e*g + £ *g*x))2r(2*n)*(c + d*x))/(2*f*g*n*Log[F]) +

(bA3* (Fr(e*g + £ g*x))A(3*n)*(¢c + d*x))/(3*f*g*n*Log[F])

Rubi in Sympy [A]  time = 56.5991, size = 212, normalized size = 0.9

? 3a2bd(1:g<e+fx>)" 3a2b (c + dx) (F9<e+fX>)n 3ab%d (F9(6+fx))2"

a®(c+dx B
2d fgn?log (F)? fgnlog (F) 4f2g2n? log (F)?
2n 3n 3n
3ab? (¢ + dx) (Fe)) 7 b (Fer) ™ b (4 d) (Fo(erf)

- +
2fgnlog (F) 9f2g2n2 log (F)* 3fgnlog (F)
Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((a+b* (F**(g*(f*x+e)))**n)**3*(d*x+c),x)

[out] a**3*(c + d*x)**2/(2*d) - 3*a**2*b*d* (F**(g*(e + £*x)))**n/(£**2*
g**2*n**2*1og(F)**2) + 3*a**2*b*(c + d*x)*(F**(g*(e + £*x)))**n/(
f*g*n*log(F)) - B*a*b**z*d*(F**(g*(e + f*X)))**(z*n)/(4*f**2*g**2
*n**2*1log(F)**2) + 3*a*b**2*(c + d*x)*(F**(g*(e + £*x)))**(2*n)/(
z*f*g*n*log(F)) - b**3*d*(F**(g*(e + f*X)))**(3*n)/(9*f**2*g**2*n
**2*1og(F)**2) + b**3*(c + d*x)*(F**(g*(e + £*x)))**(3*n)/(3*f*g*
n*log(F))
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Mathematica [A] time = 0.382393, size = 161, normalized size = 0.68

18a° f2g?n?x log?(F)(2c + dx) + 6b fgn log(F)(c + dx) (F9(+*)" (18a2 +9ab (FI(e+f*))" 4 2p? (Folerf)) 2") — bd (F9tf
36 f2g2n? log*(F)

Antiderivative was successfully verified.

[In] 1Integrate[(a + b*(FA(g*(e + £*x)))An)~A3*(c + d*x),x]

[Out] (-(b*d*(Fr(g*(e + £*x)))An* (108" ar2 + 27*a*b* (FA(g*"(e + £*x)))"n
+ 4*br2* (Fr(g* (e + £*x)))M(2*n))) + 6*b*f*(Fr(g*(e + £*x)))An* (18

*an2 + 9*a*b* (Fr(g*(e + £*x)))An + 2*br2* (FAr(g* (e + £*x)))A(2*n))
*g*n*(c + d*x)*Log[F] + 18*anr3*fA2*gA2*nr2*x*(2*c + d*x)*Log[F]r2

)/ (36" £A2*gA2*nA2*Log[F]A2)

Maple [F] time = 0.018, size = 0, normalized size = 0.
ny\ 3
J (a +b (Fg(fx”)) ) (dx +c) dx

Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b* (FA(g* (f*x+e)))An)Ar3* (d*x+c),Xx)

[Out] int((a+b* (FA(g* (f*x+e)))An)A3* (d*x+cC),X)

Maxima [F(-2)]  time = 0., size = 0, normalized size = 0.

Exception raised: ValueError

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)A3*(d*x + ¢),x, algorithm="maxima"

[Out] Exception raised: ValueError

Fricas [A]  time = 0.271223, size = 259, normalized size = 1.1

18 (a®df?g?n?x? + 2 a®cf?g?n’x) log (F)* — 4 (b°d — 3 (b*d fgnx + b3cfgn) log (F)) F3f9nx+3e9n _ 27 (abd — 2 (ab*d fgr
36 f2g2n? log (F)*

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)A3*(d*x + ¢c),x, algorithm="fricas")

[Out] 1/36* (18*(ar3*d*£A2*gA2*nA2*xA2 + 2*anr3*c*fA2*gA2*nAr2*x)* log(F)A2
- 4*(bA3*d - 3*(bA3*d*f*g*n*x + bA3*c*f*g*n)*log(F))*FA(3*f*g*n*

X + 3*e*g*n) - 27*(a*br2*d - 2*(a*br2*d*f*g*n*x + a*bA2*c*f*g'n)*
log(F))*FA(2*f*g*n*x + 2*e*g*n) - 108*(ar2*b*d - (ar2*b*d*f*g*n*x

+ ar2*b*c*f*g*n)*log(F))*FA(f*g*n*x + e*g*n))/(£r2*gr2*nr2* log(F

IN2)
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Sympy [A]  time = 0.886819, size = 350, normalized size = 1.48

3 adx?
a’ex +

3n
(12b3cf595n5 log (F)°+12b3df° g°n®x log (F)°—4b>df*g*n* log (F)4) (Fg(e*fx>) +(54ab2cf595n5 log (F)°+54ab®df’ g°n®x log (F)°—27ab*df*g*n* log
36f°gons log (F)°

2 2 3
x? (—S“Zbd + —3“12’ d 1’2—‘1) +x (3a®bc + 3ab*c + b’c)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b* (F**(g*(£f*x+e)))**n)**3*(d*x+c),x)

[Out] a**3*c*x + a**3*d*x**2/2 + Piecewise((((12*b**3*c*f**5*g**5*n**5*
log(F)**S + 12*b**3*d*f**5*g**5*n**S*X*log(F)**5 - 4*b**3*d*f**4*
g**4*n**4*log(F)**4)*(F**(g*(e + f*X)))**(S*n) + (54*a*b**2*c*f**
S*g**5*n**5*log(F)**5 + 54*a*b**Z*d*f**S*g**s*n**5*x*log(F)**5 —
27*a*b**2*d*f**4*g**4*n**4*log(F)**4)*(F**(g*(e + f*X)))**(z*n) +
(108*a**z*b*c*f**S*g**s*n**S*log(F)**S + 108*3**2*b*d*f**5*g**5*
n**s*x*log(F)**S - 108*a**z*b*d*f**4*g**4*n**4*log(F)**4)*(F**(g*

(e + £*x)))**n)/(36*f**6*g**6*n**6*1log(F)**6), Ne(36*f**6*g**6*n*
*6*log(F)**6, 0)), (x**2*(3*a**2*b*d/2 + 3*a*b**2*d/2 + b**3*d/2)

+ x*(3*a**2*b*c + 3*a*b**2*c + b**3*c), True))

GIAC/XCAS [A]  time = 0.449691, size = 1, normalized size = 0.

Done

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))?n*b + a)A3*(d*x + ¢),X, algorithm="giac")

[Out] Done



142

342 | (a + b (F9er) ”) " dx

Optimal. Leaf size=103

3a%b (F9ES0)"  3gp? (F9(erf)™" 3 (polesfx)) "

3 + +
fgnlog(F) 2f gnlog(F) 3fgnlog(F)

ax +

[Out] anr3*x + (3*ar2*b* (FA(g* (e + £*x)))2n)/(£f*g*n*Log[F]) + (3*a*br2*(
Fr(g* (e + £'x)))r(2'n)) /(2" £*g*n"Log[F]) + (b"3*(FAr(g*(e + £7x)))
A(3'n))/(3*£*g"n"Log[F])

Rubi [A]  time = 0.112289, antiderivative size = 103, normalized size of antiderivative = 1., number
number of rules _  ;7¢

of steps used = 4, number of rules used = 3, integrand size = 17, = -
integrand size

3n

3a%b (Fg(e+fx)) " 3ab? (Fg(€+fx)) 2n b3 (Fg(e+fx))

3 + +
fgnlog(F) 2f gnlog(F) 3fgnlog(F)

ax +

Antiderivative was successfully verified.

[In] Int[(a + b*(FAr(g*(e + £*x)))" n)~r3,x]

[Out] anr3*x + (3*ar2*b*(FA(g* (e + £*x)))2n)/(£f*g*n*Log[F]) + (3*a*br2*(
Fr(g*(e + £7x)))7(2"n))/(2"£"g"n"Log[F]) + (br3*(Fr(g*(e + £'x)))
A(3'n))/(3"f7g"n"Log[F])

Rubi in Sympy [F]  time = 0., size = 0, normalized size = 0.

3n

@ log (o)) 3ap (Polers )" 50 f(mwfx))"x b B (F9er)
fgnlog (F) " fgnlog(F) " fgnlog (F) * 3fgnlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((a+b* (F**(g*(f*x+e)))**n)**3,x)

[Out] a**3*log((F**(g*(e + £*x)))**n)/(f*g*n*log(F)) + 3*a**2*b* (F**(g*
(e + £*x)))**n/(£f*g*n*log(F)) + 3*a*b**2*Integral(x, (x, (F**(g*(

e + £°x)))"*n))/(£*g*n*log(F)) + b**3*(F**(g*(e + £*x)))**(3"'n)/(
3*f*g*n*log(F))

Mathematica [A]  time = 0.136143, size = 74, normalized size = 0.72

b (Fote+/ )" (18a2 +9ab (FI )" 4 2p2 (Foterf) 2”)
6 fgnlog(F)

a3x +

Antiderivative was successfully verified.

[In] Integrate[(a + b*(FA(g"(e + £*x))) n)"3,x]

[Oout] ar3*x + (b*(FA(g*(e + £*x)))An*(18*ar2 + 9*a*b* (FA(g* (e + £*x)))A
n + 2*bA2* (FA(g* (e + £*x)))A(2*n)))/(6*£*g*n*Log[F])
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Maple [A] time = 0.005, size = 124, normalized size = 1.2

,,3((Fg(fx+e>)")3 3abz((Fg<fx+e>)")2 @b (porea)” o (poreeo))

3ngfln(F)  2ngfln(F)  ° ngfln(F)  ngflIn(F)

Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b* (FA(g* (f*x+e))) n)A3,x)

[Out] 1/3/g/£/1In(F)/n*br3* ((FA(g* (£*x+€e)))*n)r3+3/2/g/£/1In(F)/n*a*br2*(
(FA(g* (£f*x+e)))rn)r2+3*ar2*b* (FA(g* (£ *x+e)) ) n/f/g/n/1In(F)+1/g/£/
In(F)/n*ar3*1In((FA(g* (£f*x+e)) ) An)

Maxima [A] time = 0.817554, size = 155, normalized size = 1.5

3 (ngx) n(Feg)naZb 3 (ngx)zn(Feg)Znabz (ngx)3n(Feg)3nb3
+

3 +
fgnlog(F) 2 fgnlog (F) 3 fgnlog(F)

ax +

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))An*b + a)”3,x, algorithm="maxima"

[Out] ar3*x + 3* (FA(f*g*x))An* (FA(e*g))An*ar2*b/(£f*g*n*log(F)) + 3/2* (F
AE*g*x))A(2"n) * (FA(e*g))A(2*n)*a*br2/(£f*g*n*log(F)) + 1/3* (FA(£*
g*x))AN(3"n)* (FA(e*g)) " (3"n) *br3/(£*g*n" log(F))

Fricas [A] time = 0.298676, size = 113, normalized size = 1.1

6 angnx log (F) +18 ngnx+egna2b + 9F2fgnx+2 egn b2 4 9 F3fgnx+3 egnp3
6 fgnlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))An*b + a)~r3,x, algorithm="fricas")

[Out] 1/6* (6*ar3*f*g*n*x*log(F) + 18*FA(f*g*n*x + e*g*n)*ar2*b + 9*FA(2
*f*g*n*x + 2*e*g*n)*a*br2 + 2*FA(3*f*g*n*x + 3*e*g*n)*bAr3)/(f*g*n
"log(F))

Sympy [A]  time = 0.487415, size = 153, normalized size = 1.49

3

ax
n 2n 3n
18a%bf2g?n?(FI9(e+f X)) log (F)2+9ab?f2g?n?( FI(ef¥)) " log (F)?+2b>f2g?n?( F9(e*f %)) " log (F)?
. ( ) ( )3 ( ) for 6f3g3n310g(F)3 7{0
6f3g*n* log (F)
x (3a%b + 3ab? + b?) otherwise

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b* (F**(g*(f*x+e)))**n)**3,x)

[Out] a**3*x + Piecewise(((18*a**2*b*f**2*g**2*n**2* (F**(g*(e + f*'x)))*
*n*log(F)**z + 9*a*b**2*f**2*g*'k2*n**2'k(F**(g'k(e + f*x)))**(z'kn)*



log(F)**2 + 2*b**3*f**2*g**2*n**2*(F**(g* (e + £*x)))**(3"n)*log(F
)**2)/(6*f**3*g**3*n**3*log(F)**3), Ne(6*f**3*g**3*n**3*log(F)**3
, 0)), (x*(3*a**2*b + 3*a*b**2 + b**3), True))
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GIAC/XCAS [A] time = 0.304981, size = 1393, normalized size = 13.52

result too large to display

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))*n*b + a)A3,x, algorithm="giac")

[Out] anr3*x + 2/3*(2*bA3*f*g*n*cos(-3/2"pi*f*g*n*x*sign(¥F) + 3/2"pi*f*g

*n*x - 3/2*pi*g*n*e*sign(F) + 3/2*pi*g*n*e)*1ln(abs(F))/(4*fr2*gn2
*nA"2*1In(abs(F))A2 + (pi*f*g'n*sign(F) - pi*f*g*n)Ar2) - (pi*f*g*n*
sign(F) - pi*f*g*n)*br3*sin(-3/2*pi*f*g*n*x*sign(F) + 3/2*pi*f*g*
n*x - 3/2*pi*g*n*e*sign(F) + 3/2*pi*g*n*e)/(4*fr2*gr2*nr2*1n(abs(
F))7A2 + (pi*f*g*n*sign(F) - pi*f*g*n)r2))*er(3*f*g*n*x*1n(abs(F))
+ 3*g*n*e*1ln(abs(F))) - 1/2*I*(-2"1I"bA3*er(3/2*I"pi*f*g* n*x*sign
(F) - 3/2*I*pi*f*g*n*x + 3/2*I*pi*g*n*e*sign(F) - 3/2*I*pi*g*n*e)
/(3*I*pi*f*g*n*sign(F) - 3*I*pi*f*g*n + 6*f*g*n*1ln(abs(F))) + 2*1
*bA3*en(-3/2*T*pi*f*g*n*x*sign(F) + 3/2*I*pi*f*g*n*x - 3/2*1*pi*g
*n*e*sign(F) + 3/2*I*pi*g*n*e)/(-3*I*pi*f*g*n*sign(F) + 3*I*pi*f*
g'n + 6" f*g*n*1In(abs(F))))*er(3*f*g*n*x*1In(abs(F)) + 3*g*n*e*1ln(a
bs(F))) + 3*(2*a*br2*f*g*n*cos(-pi*f*g*n*x*sign(F) + pi*f*g'n*x -
pi*g*n*e*sign(F) + pi*g*n*e)*1ln(abs(F))/(4*fAr2*gr2*nr2*1n(abs(F)
YA2 + (pi*f*g*n*sign(F) - pi*f*g*n)~r2) - (pi*f*g*n*sign(F) - pi*f
*g'n)*a*br2*sin(-pi*f*g*n*x*sign(F) + pi*f*g'n*x - pi*g'n*e*sign(
F) + pi*g*n*e)/(4*fr2*gnr2*nr2*1n(abs(F))*2 + (pi*f*g*n*sign(F) -
pi*f*g*n)r2))*er(2*f*g*n*x*1n(abs(F)) + 2*g*n*e*1ln(abs(F))) - 1/2
*I*(-3*I*a*br2*er(I*pi*f*g'n*x*sign(F) - I*pi*f*g*n*x + I*pi*g*n*
e*sign(F) - I*pi*g*n*e)/(I*pi*f*g*n*sign(F) - I*pi*f*g*n + 2*f*g*
n*ln(abs(F))) + 3*I*a*br2"er(-I*pi*f*g*n*x*sign(F) + I*pi*f*g*n*x
- I*pi*g*n*e*sign(F) + I*pi*g*n*e)/(-I*pi*f*g*n*sign(F) + I*pi*f
*g'n + 2*f*g*n*1ln(abs(F)))) *er(2*f*g* n*x*1In(abs(F)) + 2*"g*n*e*1n(
abs(F))) + 6*(2*ar2*b*f*g*n*cos(-1/2*pi*f*g*n*x*sign(F) + 1/2*pi*
f*g*n*x - 1/2*pi*g*n*e*sign(F) + 1/2*pi*g*n*e)*In(abs(F))/(4*fr2*
gh2*nr2*In(abs(F))A2 + (pi*f*g*n*sign(F) - pi*f*g*n)r2) - (pi*f*g
*n*sign(F) - pi*f*g*n)*ar2*b*sin(-1/2*pi*f*g*n*x*sign(F) + 1/2*pi
*f*g*n*x - 1/2*pi*g*n*e*sign(F) + 1/2*pi*g*n*e)/(4*£Ar2*gr2*nAr2*1n
(abs(F))"2 + (pi*f*g*n*sign(F) - pi*f*g*n)r2))*er(f*g*n*x"1n(abs(
F)) + g"'n*e*1n(abs(F))) - 1/2*I*(-6*I*ar2*b*er(1/2*I*pi*f*g*n*x*s
ign(F) - 1/2*I*pi*f*g*n*x + 1/2*I*pi*g*n*e*sign(F) - 1/2*I*pi*g*n
*e)/(I*pi*f*g*n*sign(F) - I*pi*f*g*n + 2*f*g*n*1ln(abs(F))) + 6*I*
an2*b*er(-1/2*I1*pi*f*g*n*x*sign(F) + 1/2*I*pi*f*g*n*x - 1/2*I*pi*
g*n*e*sign(F) + 1/2*I*pi*g*n*e)/(-I*pi*f*g*n*sign(F) + I*pi*f*g*n
+ 2*f*g*n*1In(abs(F)))) *er(f*g*n*x*1In(abs(F)) + g*n*e*1ln(abs(F)))
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(a+b(F9(e+f"))n)3

c+dx

3.43 dx

Optimal. Leaf size=200

+fgx gn(e—= | —gn(e+fx) ) log(F)(c+dx)
a3 lOg(C + dX) 3a2b (Feg fg ) F ( d) EXPIntegralEl (fgnog+)

d d
3ab? (Feg+fgx) 29n(e f)—29n(e+fx)EXpIntegralEi (ngnlogglF)(c+dx))
’ | d
b3 (Feg+fgx) 3n FSgn(e—%) —Sgn(e+fx)EXpIntegralEi ( 3fgn log((iF)(c+dx))
+
d

[Out] (3*ar2*b*FAr((e - (c*f)/d)*g*n - g'n*(e + £*x))*(Fr(e*g + £*g*x))A
n*ExpIntegralEi[(f*g*n* (¢ + d*x)*Log[F])/d])/d + (3*a*br2*Fr(2* (e

- (c*f)/d)*g*n - 2*g*n*(e + £*x))*(Fr(e*g + f*g*x))A(2*n)*ExpInt
egralEi[(2*f*g*n* (c + d*x)*Log[F])/d])/d + (bA3*FAr(3*(e - (c*f)/d
Y*g'n - 3*g'n*(e + £*'x))*(Fr(e*g + £ g*x))A(3"n) "ExpIntegralEi[ (3
*f*g*n*(c + d*x)*Log[F])/d])/d + (ar3*Log[c + d*x])/d

Rubi [A]  time = 0.591831, antiderivative size = 200, normalized size of antiderivative = 1., number

e = 25, umber of rules _ 1

of steps used = 8, number of rules used = 3, integrand siz
integrand size

of
+ gnle— —gn(e+fx) . log(F)(c+dx)
a®log(c + dx) 3a’b (Fe9*/9%)" F (=) ExplntegralEi (M)

d * d
3ab? (Feg+fgx) 29n(e f)—Zgn(e+fx)EXpIntegralEi (M)
v d
b ( Feg+fgx) 3gn(e of ) ~3gn(e+f x)EprntegralEi ( 3fgn log(dF)(c+dx))
+
d

Antiderivative was successfully verified.

[In] Int[(a + b*(Fr(g*(e + £*x)))*n)~3/(c + d*x),x]

[Out] (3*ar2*b*FA((e - (c*f)/d)*g'n - g'n*(e + £*x))*(Fr(e*g + £*g*x))A
n*ExpIntegralEi[(f*g*n*(c + d*x)*Log[F])/d])/d + (3*a*br2*FAr(2* (e

- (c*f)/d)*g'n - 2*g*n* (e + £*x))*(Fr(e*g + f*g"x))A(2*n)*ExpInt
egralEi[(2*f*g*n* (c + d*x)*Log[F])/d])/d + (bA"3*FAr(3*(e - (c*f)/d
)*g*n - 3*g*n*(e + £*x))*(Fr(e*g + £*g*x))A(3"n) *ExpIntegralEi[ (3
*f*g*n*(c + d*x)*Log[F])/d])/d + (ar3*Log[c + d*x])/d

Rubi in Sympy [A]  time = 50.4856, size = 211, normalized size = 1.05

an(—3e—3fx)F—M b3 (Fg(e+fx)) n Fi (f9"(30+3jx) log (F))

d

3 Fgn(-2ze-2fx) p- 2" ( Fg<e+fx>) "B (f—g e el (F))

+
d
_ _ ncf de) & . n_. fgn(c+dx)log(F)

gFgn(-e~fx) p-2 b(Fg(e fx)) El(T) & log (¢ + dx)

+ +
d d

Verification of antiderivative is not currently implemented for this CAS.
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[In] rubi_integrate((a+b* (F**(g* (f*x+e)))**n)**3/(d*x+c),x)

[Out] F**(g*n*(_g*e - 3*f*X))*F**(_3*g*n*(C*f - d*e)/d)*b**3*(F**(g*(e
+ £*x)))**(3*n)*Ei(f*g*n* (3*c + 3*d*x)*log(F)/d)/d + 3*F**(g*n* (-

2*e - 2*f*x))*F**(-2*g*n*(c*f - d*e)/d)*a*b**2* (F**(g* (e + f*x)))
**(2*n)*Ei(f*g*n*(2*c + 2*d*x)*log(F)/d)/d + 3*F**(g*n*(-e - f*x)
)*F**(_g*n*(c*f _ d*e)/d)*a**z*b*(F**(g*(e + f*X)))**n*Ei(f*g*n*(

c + d*x)*log(F)/d)/d + a**3*log(c + d*x)/d

Mathematica [A]  time = 0.48527, size = 160, normalized size = 0.8

_ 2fgn(c+dx) ‘

fgn(c+dx) + .
a’log(c + dx) + 3ab (Fg(‘”fx)) B ExplntegralEi (]M) + 3ab? (Fg(e+fx)) ' 4 ExplntegralEi
d

Antiderivative was successfully verified.

[In] 1Integrate[(a + b*(FA(g*(e + £*x)))*n)~3/(c + d*x),x]

[Out] ((3*ar2*b* (FA(g*(e + f*x))) n*"ExpIntegralEi[(f*g*n* (c + d*x)*Log[
F])/d])/FA((£f*g*n*(c + d*x))/d) + (3*a*br2* (Fr(g*(e + £*x)))~(2*n

) *ExpIntegralEi[(2*f*g*n*(c + d*x)*Log[F])/d])/Fr((2*f*g*n*(c + d
*x))/d) + (bA3* (Fr(g*(e + £*x)))"(3*n) *ExpIntegralEi[(3*f*g*n* (c

+ d*x)*Log[F])/d])/FA((3*f*g*n* (¢ + d*x))/d) + ar3*Log[c + d*x])/

d

Maple [F] time = 0.034, size = 0, normalized size = 0.

(a+ b (Fo0x0) ")3
I dx +c dx

Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b* (FA(g* (f*x+e)))"rn)"3/(d*xX+c),x)

[Out] int((a+b* (FA(g* (f*x+e))) rn)~r3/(d*x+c),X)

Maxima [F]  time = 0., size = 0, normalized size = 0.

fgx) 3n

(Feg)3nb3j (};x

+C

(Ffox)" s a®log (dx + c)
d

dx +c¢

2 (Bfox)""
dx + 3 (F¢9)* " qb? J 1 dx+3(F9)"a% ‘[
dx +c
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))?n*b + a)~3/(d*x + ¢),x, algorithm="maxima"

[Out] (FAr(e*g))A(3*n)*br3*integrate((FA(f*g*x))A(3*n)/(d*x + ¢c), x) + 3
*(Fr(e*g))r(2*n)*a*br2*integrate ((FA(£*g*x))A(2*n)/(d*x + c), X)

+ 3*(Fr(e*g)) n*ar2*b*integrate ((FA(f*g*x)) n/(d*x + c), x) + a3
*log(d*x + c)/d

Fricas [A] time = 0.26588, size = 189, normalized size = 0.94

wagf‘:i (3(dfgnx+fifgn)log(F)) N BFMaVEi (2(dfgnx+;fgn)log(F)) N 3F(de—(cif)gn ZbEi ((dfgnx+c£gn)log(F)) P

d
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Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))*n*b + a)~3/(d*x + ¢),x, algorithm="fricas")

[Out] (FA(3*(d*e - c*f)*g*n/d)*bA3*Ei(3*(d*f*g*n*x + c*f*g*n)*log(F)/d)
+ 3*FA(2*(d*e - c*f)*g*n/d)*a*br2*Ei(2* (d*f*g*n*x + c*f*g*n)*log
(F)/d) + 3*FA((d*e - c*f)*g*n/d)*ar2*b*Ei((d*f*g*n*x + c*f*g*n)*1

og(F)/d) + anr3*log(d*x + c))/d

Sympy [F(-1)] time = 0., size = 0, normalized size = 0.
Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b* (F**(g*(f*x+e)))**n)**3/(d*x+c),x)

[Out] Timed out

GIAC/XCAS [F]  time = 0., size = 0, normalized size = 0.

Fes)"p 1 q)”
J(( dx4)rc ) dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))~n*b + a)~3/(d*x + ¢c),x, algorithm="giac")

[Out] integrate(((FA((f*x + e)*g))” n*b + a)~3/(d*x + c), X)
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saa L))

(c+dx)? X

Optimal. Leaf size=305

_ef)_ + +
a3 3a%b fgnlog(F) (Fe9*/9%) " an(e 4 ) gnie fx)EprntegralEi (]M)
Tdlc+dn) &

3a2b (Feg+fgx) n

~ d(c +dx)
_ef)_ + +

6ab2fgn log(F) (Feg+fgx) 2n FZgn(e 7 ) 2gn(e fx)EXpIntegralEi (ngnlogilF)(c dx))
+ 7

3ab? (Feg+fgx)2n
~ d(c+dx)

_df)_ + +

30 fgnlog(F) (Fo+f9%) ™" F9m (e~ %) 29me Op ornteqralki (W)

+
d2

b3 (Feg+fgx) 3n
~ d(c+dx)

[Out] -(ar3/(d*(c + d*x))) - (3*ar2*b*(Fr(e*g + f*g*x))” n)/(d* (c + d*x)
) - (3*a*br2* (Fr(e*g + £ g*x))A(2*n))/(d*(c + d*x)) - (br3*(Fr(e*

g + f*g*x))A(3*n))/(d*(c + d*x)) + (3*ar2*b*f*FAr((e - (c*f)/d)*g*

n - g'n*(e + £f*'x))*(Fr(e*g + £*g*x)) n*g"*n*ExpIntegralEi[ (£f*g"n* (

c + d*x)*Log[F])/d]*Log[F])/d"r2 + (6*a*br2*f*FA(2* (e - (c*f)/d)*g

n - 2*g'n*(e + £*x))*"(Fr(e*g + £'g"x) )7 (2*n)*g" n"ExpIntegralEi[(
2*f*g*n*(c + d*x)*Log[F])/d]*Log[F])/dr2 + (3*bA3*f*FAr(3*(e - (c*
f)/d)*g*n - 3*g*n*(e + £*x))*(Fr(e*g + £*g*x))A(3"n) *g*n*ExpInteg
ralEi[(3*f*g*n*(c + d*x)*Log[F])/d]*Log[F])/d"2

Rubi [A] time = 0.849095, antiderivative size = 305, normalized size of antiderivative = 1., number
number of rules _ 16

of steps used = 11, number of rules used = 4, integrand size = 25, = -
integrand size

2 3a2bfgnlog(F) (Fe9*/9~)" F* n{e=5f )-gntess x)EprntegralEi (f—g n IOg(j)(”dx) )
“dc+dx) iz

3a2b (Feg+fgx) n
S Y

6ab? fgn log(F) (Fe9*f9~) 2n FZgn(e—%)—Zgn(e+fx)EXpIntegralEi (ngnlog{(jF)(mdx))
+ dZ

3ab? (Feg+fgx) Zn
- d(c + dx)

3b3 fgn log(F) (Feg+fgx) 3n F3gn(e—%)—3gn(e+fx)EXpIntegralEi (M)
+ d2

b3 (Feg+fgx) 3n
- E

Antiderivative was successfully verified.

[In] Int[(a + b*(FA(g* (e + £*x)))*n)~3/(c + d*x)"2,x]

[Out] -(ar3/(d*(c + d*x))) - (3*ar2*b*(Fr(e*g + f£*g*x))” )/ (d*(c + d*x)
) - (3*a*br2* (Fr(e*g + £g*x))A(2*n))/(d*(c + d*x)) - (bA3*(FAr(e”
g + f*g*x))A(3*n))/(d*(c + d*x)) + (3*ar2*b*f*Fr((e - (c*f)/d)*g*
n - g'n*(e + £f*'x))*(Fr(e*g + £*g"x)) n*g"*n*ExpIntegralEi[ (£ g"n* (
c + d*x)*Log[F])/d]*Log[F])/dr2 + (6*a*br2*f*FA(2* (e - (c*f)/d)*g
n - 2*g'n*(e + £'x))*(Fr(e*g + £*g*x))A(2"n)*g*n*ExpIntegralEil[ (
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2*f*g*n*(c + d*x)*Log[F])/d]*Log[F])/dr2 + (3*bA3*f*FAr(3*(e - (c*
f)/d)*g*n - 3*g*n*(e + £f*x))*(Fr(e*g + £*g*x))A(3"n)*g*n*ExpInteg
ralEi[(3*f*g*n* (c + d*x)*Log[F])/d]*Log[F])/dr2

Rubi in Sympy [A]  time = 73.3235, size = 313, normalized size = 1.03

3F9n(—3e—3fx)p—%fde) b3fgn (F9(€+fx)) n log (F) Ei (fgn(3v+3jx)log (F))
42
6F9n(—2e—2fx)F—M ab®fgn (Fg(e+fx)) an log (F) Ei (fgn(20+25x) log(F))
42
g Fgn(-e—fx) p-21L-4e) b fgn (Fg(e+fx)) n log (F) Ei (fgn(c+d(;c) log(F))
42
n 2n

2 &fb(Fﬂ“f“) 3dﬂ(pﬂﬁfﬂ) b3(Fﬂwf@)
Cd(c+dx)  d(c+dx) d (c + dx) ~ d(c+dx)

+

+
3n

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((a+b* (F**(g*(f*x+e)))**n)**3/(d*x+c)**2,x)

[out] 3*F**(g*n*(-3*e - 3*f*x))*F**(-3*g*n*(c*f - d*e)/d)*b**3*f*g*n* (F
**(g*(e + £*x)))**(3*n)*log(F)*Ei(f*g*n*(3*c + 3*d*x)*log(F)/d)/d

**2 + 6*F**(g*n*(_2*e _ 2*f*x))*F**(—2*g*n*(C*f _ d*e)/d)*a*b**z*
frg*n* (F**(g* (e + £*x)))**(2*n)*log(F)*Ei(f*g*n* (2*c + 2*d*x)*log
(F)/d)/d**2 + 3*F**(g*n*(-e - £*x))*F**(-g*n*(c*f - d*e)/d)*a**2*
b*f*g*n* (F**(g* (e + £*x)))**n*log(F)*Ei(f*g*n* (c + d*x)*log(F)/d)

/d**2 - a**3/(d*(c + d*x)) - 3*a**2*b*(F**(g*(e + £*x)))**n/(d* (c

+ d*x)) - 3*a*b**2*(F**(g*(e + £*x)))**(2*n)/(d*(c + d*x)) - b**

3" (F**(g"(e + £'x)))"*(3*"n)/(d* (c + d*x))

Mathematica [A] time = 1.88003, size = 250, normalized size = 0.82

_fgn(c+dx)

a’d — 3a®bfgnlog(F)(c + dx) (Fg(e+fx)) "F 4 ExplntegralFi (M) +3a’bd (Fg(“fx)) " — 6ab®fgnlog(.

Antiderivative was successfully verified.

[In] Integrate[(a + b*(Fr(g*(e + £*x))) n)~3/(c + d*x)"r2,x]

[Out] -((ar3*d + 3*ar2*b*d* (FA(g*(e + £*x)))” n + 3*a*bAr2*d* (FA(g" (e + £
*x)))A(2*n) + bA3*d* (FA(g*(e + £'x)))2(3"n) - (3*ar2*b*f* (FA (g~ (e

+ £*x)))*n*g*n* (c + d*x)*ExpIntegralEi[(f*g*n*(c + d*x)*Log[F])/
d]*Log[F])/FA((f*g*n*(c + d*x))/d) - (6*a*br2*f*(Fr(g* (e + £*x)))
A(2*n)*g*n*(c + d*x)*ExpIntegralEi[(2*f*g*n*(c + d*x)*Log[F])/d]*
Log[F])/FA((2*f*g*n* (c + d*x))/d) - (3*bA3*f*(Fr(g*(e + £*x)))"(3
*n)*g*n* (¢ + d*x)*ExpIntegralEi[(3*f*g*n*(c + d*x)*Log[F])/d]*Log
[F1)/FA((3*f*g*n*(c + d*x))/d))/(d 2" (c + d*x)))

Maple [F] time = 0.031, size = 0, normalized size = 0.

(a +b (Fg(f’”e)) n)3

J (dx + c)*

dx

Verification of antiderivative is not currently implemented for this CAS.
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[In] int((a+b* (FA(g* (£f*x+e)))rn)~r3/(d*x+c)"2,X)

[Out] int((a+b* (FA(g* (f*x+e)) ) n)A3/(d*x+c)"r2,x)

Maxima [F]  time = 0., size = 0, normalized size = 0.

ngx)3n (ngx)Zn
eg\3ny3 ( egy2n 12
(F)0 Idzx2+2cdx+c2 dx+3(F*)""ab Id2x2+2cdx+c2 dx
Ffox)™ a?
3 (Fe9)* 2b ( _
+3(F%)"a Jd2x2+20dx+cz X Px+dd

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))*n*b + a)~3/(d*x + ¢c)"2,x, algorithm="maxima"

[Out] (FAr(e*g))A(3*n)*br3*integrate((FA(£f*g*x))A(3*n)/(dr2*xAr2 + 2*c*d*
X + cr2), x) + 3" (Fr(e*g))r(2*n)*a*br2*integrate ((FA(£f*g*x))A(2"n

)/ (dA2*xA2 + 2*c*d*x + c”r2), x) + 3*(FAr(e*g))rn*ar2*b*integrate ((
FA(f*g*x))An/(dr2*xA2 + 2*c*d*x + cn2), x) - ar3/(dr2*x + c*d)

Fricas [A] time = 0.28413, size = 350, normalized size = 1.15

3 Ffgnx+egn 2y 0 4 3 p2fgnx+2egn 320 4 p3fgnx+3egnp3 g 4 434 — 3 (bSdfgnx + bSCfgn)FMEi (3(dfgnx+fifgn)log(F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))An*b + a)~3/(d*x + ¢c)"A2,x, algorithm="fricas")

[Out] -(3*FA(f*g*n*x + e*g*n)*ar2*b*d + 3*FA(2"f*g"n*x + 2*e*g"n)*a*br2
*d + FA(3"f*g"*n*x + 3*e*g*n)*br3*d + ar3*d - 3*(bAr3*d*f*g*n*x + b
A3*c*f*g*n) *FA(3*(d*e - ¢c*f)*g*n/d)*Ei(3*(d*f*g*n*x + c*f*g*n)*1lo
g(F)/d)*log(F) - 6*(a*br2*d*f*g*n*x + a*br2*c*f*g*n)*FAr(2*(d*e -
c*f)*g*n/d)*Ei(2*(d*f*g*n*x + c*f*g*n)*log(F)/d)*log(F) - 3*(anr2*
b*d*f*g*n*x + ar2*b*c*f*g*n)*Fr((d*e - c*£)*g*n/d)*Ei((d*f*g*n*x

+ c*f*g*n)*log(F)/d)*log(F))/(dr3*x + c*dr2)

Sympy [F(-1)] time = 0., size = 0, normalized size = 0.
Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b* (F**(g*(f*x+e)))**n)**3/(d*x+c)**2,x)

[Out] Timed out

GIAC/XCAS [F]  time = 0., size = 0, normalized size = 0.

((FUrxees) b a) ’
J (dx + ¢)*

dx
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Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))An*b + a)~3/(d*x + ¢c)"2,x, algorithm="giac")

[Out] integrate(((FA((f*x + e)*g))2n*b + a)A3/(d*x + c)r2, x)
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(a+b(F9(e+f"))n)3
(c+dx)3

3.45 dx

Optimal. Leaf size=447

3

__a
2d(c + dx)?
£ . nlo c+dx
3a?b f2g*n? log?(F) (Fe9+/9%)" an(e ) mgnlenfx )EprntegralEi (W)
’ o2&
3a®bfgnlog(F) (Fe9/9%)"  3a%p (Fe9+f9x)"
2d%(c + dx) 2d(c + dx)?
n n e—l n(e+fx nlo c+ax
6ab? f2g°n? log?(F) (F¢9+/9%) o g2 ( ) Zgniesf) ExpIntegralEi (W)
+ d3
3ab? fgnlog(F) (Fe9*f9%) ™" 3ab? (Feg+fox)™"
d?(c + dx) 2d(c + dx)?
o) nie+jx nlo ct+dx
9b3 f2g%n? log?(F) (Feg*fgx)3" 39”(e ) Sgn(e+f )EprntegralEi (—ng 1 g((iF)( d ))
" 20
3% fgnlog(F) (Fe9+/9x)™"  p3 (Fe9+fox)*"
2d?(c + dx) 2d(c + dx)?

[Out] -ar3/(2*d*(c + d*x)"2) - (3*ar2*b*(Fr(e*g + f*g*x))~rn)/(2*d* (c +
d*x)"2) - (3*a*br2* (Fr(e*g + £*g*x))~(2*n))/(2*d*(c + d*x)r2) - (
bA3* (FA(e*g + £ g*x))A(3*n))/(2*d* (¢ + d*x)A2) - (3*ar2*b*f* (Fr(e
*g + frg*x))An*g*n*Log[F])/(2*dr2* (c + d*x)) - (3*a*br2*f*(Fr(e*g
+ f*g*x))AM(2*n)*g*n*Log[F])/(dr2* (¢ + d*x)) - (3*bA3*f*(Fr(e*g +
f*g*x))AN(3*n)*g*n*Log[F])/(2*dr2*(c + d*x)) + (3*ar2*b*f£r2*Fr((e
- (c*f)/d)*g*n - g*n*(e + £*x))*(Fr(e*g + £*g*x)) n*gr2*nr2*ExpI
ntegralEi[ (f*g*n*(c + d*x)*Log[F])/d]*Log[F]”2)/(2*d"r3) + (6 a*br
2*fA2*FA (2% (e - (c*f)/d)*g*n - 2*g'n*(e + £*x))*(Fr(e*g + £*g*x))
A(2*n)*gr2*nr2*ExpIntegralEi[ (2*f*g*n* (c + d*x)*Log[F])/d]*Log[F]
A2)/dAr3 + (9*DbA3*EA2*FA(3* (e - (c¢*f)/d)*g*n - 3*g*n* (e + £*x))* (F
ANe*g + £ g*x))A(3*n)*gr2*nr"2*ExpIntegralEi[(3*f*g*n*(c + d*x)*Lo
g[F])/d]*Log[F]Ar2)/(2*d"3)

Rubi [A]  time = 1.19369, antiderivative size = 447, normalized size of antiderivative = 1., number of

5, number of rules _ ;¢

steps used = 14, number of rules used = 4, integrand size = 2
integrand size

3

_ a
2d(c + dx)?
4 X nlo c+dx
3a®b f2g%n® log?(F) (Fe9+f9x)" an(e ) ~gn(ef )EprntegralEl (f—g log(F)(e+d ))
' e
3a®bfgnlog(F) (Fe9*79%)"  3a?p (Feo+fox)"
2d?(c + dx) 2d(c + dx)?
n n e——f n(e+fx nlo c+dx
6ab? f2g%n? log?(F) (Fe9+/9¥) 2n g2 ( ) 2gn(e+fx) ExplntegralEi (—ng 1 gilF)( d ))
+ d3
3ab? fgnlog(F) (Fe9+/9%) g (Fe9+f9x) an
d?(c + dx) 2d(c + dx)?
-4 nle+jx nlo c+dx
9b3f2 n? log (F) (Fe9+f9x) 3gn(e ) ~3gn(e+fx) ExplntegralEi (W)
’ 2
3 fgnlog(F) (Fe9+/9x)>"  p3 (Fe+fox)>"
2d?(c + dx) 2d(c + dx)?

Antiderivative was successfully verified.
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[In] Int[(a + b*(Fr(g*(e + £*x))) n)r3/(c + d*x)"3,x]

[Out] -ar3/(2*d*(c + d*x)A2) - (3*ar2*b*(FAr(e'g + f*g*x))rn)/(2*d* (c +
d*x)A2) - (3*a*br2* (Fr(e*g + £*g*x))~(2*n))/(2*d*(c + d*x)r2) - (
bA3* (FAr(e*g + £ g*x))A(3*n))/(2*d* (¢ + d*x)"2) - (3*ar2*b*f* (Fr(e
*g + frg*x))An*g*n*Log[F])/(2*dr2* (c + d*x)) - (3*a*br2*f*(Fr(e*g
+ f*g*x))AM(2*n)*g*n*Log[F])/(dr2* (¢ + d*x)) - (3*bA3*f*(Fr(e*g +
f*g*x))MN(3*"n)*g*n*Log[F])/(2*dr2* (c + d*x)) + (3*ar2*b*fA2*FA((e

- (¢c*f)/d)*g*n - g'n*(e + £*x))*(Fr(e*g + £*g*x)) n*gr2*nr2*Expl
ntegralEi[ (f*g*n* (c + d*x)*Log[F])/d]*Log[F]~2)/(2*d"r3) + (6*a*br
2*fA2*FA (2% (e - (c*f)/d)*g*n - 2*g*n*(e + £*x))*(Fr(e*g + £*g*x))
A(2*n)*gr2*nr2*ExpIntegralEi[ (2*f*g*n* (c + d*x)*Log[F])/d]*Log[F]
A2)/dA3 + (9*DbA3*EA2*FA(3* (e - (c*f)/d)*g*n - 3*g*n*(e + £*x))* (F
Ae'g + £rg*x))A(3*n)*gr2*nr2*ExpIntegralEi[ (3 f*g* n*(c + d*x)*Lo
g[F])/d]*Log[F]r2)/(2*d"3)

Rubi in Sympy [A]  time = 124.056, size = 457, normalized size = 1.02

9an(—3e—3fx)F—M b3f292n2 (Fg(e+fx)) 3n Iog (F)2 Fi (fgn(3c+3jx) log (F))

3
6P@nbﬂe—wkdp—%”m§;m”abzfagzjj(Fg@ﬁfx»2"log(F)in(fgn@cﬂﬁxﬂogaﬂ)
+ d3
3Fgn(-e—fx) p— gnlef-de) a’bfig*n? (Fg(e+fX)) " log (F)* Ei (f9"(0+d;) log (F))
' 2d3
7 3ab (Fer)" 3a2b fgn (Fe19) " log (F)  3ab? (Poteor) "
2d (c + dx)? C2d (c + dx)? - 2d? (c + dx) - 2d (c + dx)*
3awfgn@w@ﬁ*§2"mgaa w(pﬂwfw)“ 3pfgn@w@ﬁw03"bgug
B d2 (c + dx) T 2dcrdo? 242 (c + dx)

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((a+b* (F**(g*(f*x+e)))**n)**3/(d*x+c)**3,x)

[Out] 9*F**(g*n*(_3*e _ S*f*x))*F**(_3*g*n*(C*f - d*e)/d)*b**3*f**2*g**
2*n**2* (F**(g*(e + £*x)))**(3*n)*log(F)**2*Ei(f*g*n* (3*c + 3*d*x)
*log(F)/d)/(2*d**3) + 6*F**(g*n*(-2"e - 2*f*x))*F**(-2*g*n* (c*f -
d*e)/d)*a*b**z*f**z*g**z*n**z*(F**(g*(e + f*X)))**(z*n)*log(F)**
2*Ei(f*g*n* (2*c + 2*d*x)*log(F)/d)/d**3 + 3*F**(g*n*(-e - £*x))*F
**(_g*n*(c*f _ d*e)/d)*a**z*b*f**z*g**z*n**z*(F**(g*(e + f*x)))**
n*log(F)**2*Ei(f*g*n*(c + d*x)*log(F)/d)/(2*d**3) - a**3/(2*d*(c
+ d*x)**2) - 3*a**2*b*(F**(g*(e + £*x)))**n/(2*d*(c + d*x)**2) -
3*a**2*b*f*g*n* (F**(g*(e + £*x)))**n*log(F)/(2*d**2* (¢ + d*x)) -
3*a*b**2*(F**(g*(e + f*x)))**(z*n)/(z*d*(c + d*X)**z) _ 3*a*b~k*2*
frg*n* (F**(g* (e + £*x)))**(2*n)*log(F)/(d**2* (c + d*x)) - b**3*(F
**(g*(e + f*X)))**(3*n)/(2*d*(C + d*X)**z) - 3*b**3*f*g*n*(F**(g*
(e + £*x)))**(3*n)*log(F)/(2*d**2* (c + d*x))

Mathematica [A] time = 0.982503, size = 325, normalized size = 0.73

_fgn(c+dx)

a*d® — 3a°b f2g°n? log®(F)(c + dx)? (F9(e*/)) "F~~a  ExplntegralEi (M) +3a’bd (FI(+/%) " (fgnlog(l

Antiderivative was successfully verified.

[In] Integrate[(a + b*(FA(g*(e + £*x)))2n)~r3/(c + d*x)"3,x]
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[Out] -(ar3*dr2 - (3*ar2*b*fA2* (FA(g* (e + £*x)))An*gr2*nA2*(c + d*x)Ar2”
ExpIntegralEi[(f*g*n* (c + d*x)*Log[F])/d]*Log[F]~2)/FA((f*g*n* (c

+ d*x))/d) - (12*a*br2*fr2* (Fr(g*(e + £*x)))A(2*n)*gr2*nr2*(c + d
*x)A2*ExpIntegralEi[ (2*f*g*n* (c + d*x)*Log[F])/d]*Log[F]~r2)/FAr((2
*f*g*n*(c + d*x))/d) - (9*bA3*£fA2*(Fr(g*(e + £*x)))A(3*n)*gr2*nr2

*(c + d*x)r2*ExpIntegralEi[ (3*f*g*n* (¢ + d*x)*Log[F])/d]*Log[F]~2
Y/FA((3*f*g*n* (¢ + d*x))/d) + 3*ar2*b*d* (Fr(g*(e + £*x))) n*(d +
f*g*n*(c + d*x)*Log[F]) + 3*a*br2*d* (Fr(g*(e + £*x)))A(2*n)*(d +
2*f*g*n* (c + d*x)*Log[F]) + bA3*d*(Fr(g*(e + £*x)))A(3*n)*(d + 3*
f*g*n*(c + d*x)*Log[F]))/(2*d"r3* (c + d*x)"2)

Maple [F]  time = 0.033, size = 0, normalized size = 0.

(a +b (Fg(f’”e)) n)3

J‘ g

Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b* (FA(g* (f*x+e))) n)A3/(d*x+c)"3,x)

[out] int((a+b* (FA(g* (£*x+€)))rn)A3/(d*x+c)A3,x)

Maxima [F]  time = 0., size = 0, normalized size = 0.

3ny3 (ngx)3” 2n 12 (ngx)Z"
F¢9)°"p dx +3(F%9)“"ab
(F) I d3x3 +3cd’x? + 3c2dx + 3 x+3(F¥) J d3x3 +3cd?x? +3c%dx + 3
fgx)" 3
+3wwwfbj (E777) X — ¢
d3x3 + 3ced?x? + 3 c2dx + 3 2(d3x2 + 2 cd?x + c2d)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))~n*b + a)~3/(d*x + ¢c)"3,x, algorithm="maxima"

[Out] (FAr(e*g))~(3*n)*br3*integrate((FA(£f*g*x))"(3*n)/(dr3*xA3 + 3*c*dA
2*xA2 + 3*cA2*d*x + c23), x) + 3*(Fr(e*g))N(2*n)*a*bAr2*integrate(
(FA(f*g*x))M(2*n)/(dNr3*xA3 + 3*c*dr2*xA2 + 3*cAr2*d*x + cn3), x) +
3*(Fr(e*g))rn*ar2*b*integrate ((FA(£*g*x))An/(dr"3*x73 + 3*c*dr2*x
A2 + 3*cA2*d*x + cN3), x) - 1/2%anr3/(dr3*xA2 + 2*c*dr2¥x + cA2*d)

Fricas [A]  time = 0.280502, size = 641, normalized size = 1.43

@d? — 9 (bd? F2gPn?x? + 2 bPed f2gPnPx + b3c2fzgzn2)FMEi (3(dfg"9C+2fgn)10g(F)) log (F)? — 12 (ab®d? f?*n’x®

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))An*b + a)A3/(d*x + ¢c)"3,x, algorithm="fricas")

[Out] -1/2*(ar3*dAr2 - 9* (bA3*dA2*fA2*gA2* nA2*xA2 + 2*bA3*c*d*fAr2*gr2*nA
2*X + bA3*cA2*fA2*gA2*nA2)*FA(3*(d*e - ¢c*f£)*g*n/d)*Ei(3* (d*f*g*n*
X + c*f*g'n)*log(F)/d)*log(F)Ar2 - 12* (a*bA2*dA2*£A2*gA2"nA2*xA2 +
2*a*bA2*c*d*£A27gA2*nA2* X + a*bA2*cA2*fA2%gA2*nA2)*FA(2* (d*e - ¢
*f)y*g*n/d)*Ei(2*(d*f*g*n*x + c*f*g*n)*log(F)/d)*log(F)"r2 - 3*(ar2
*br*dA2*fA2*F g2 nA27xA2 + 2¥anr2*b*c*d*fA27gA2*nA2%x + afr2*b*cA2rfA
2*gn2*nA2)*FA((d*e - c¢*f)*g*n/d)*Ei((d*f*g*n*x + c*f*g*n)*log(F)/
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d)*log(F)~2 + (br3*dr2 + 3*(bA3*dr2*f*g*n*x + bA3*c*d*f*g*n)*log(
F))*"FA(3*"f*g*n*x + 3*e*g*n) + 3" (a*br2*dr2 + 2" (a*br2*dAr2*f*g*n*x
+ a*br2*c*d*f*g*n)*log(F))*FAr(2*f*g*n*x + 2*e*g*n) + 3*(ar2*b*dr
2 + (ar2*b*dA2*f*g*n*x + ar2*b*c*d*f*g*n)*log(F))*FA(f*g*n*x + e*
g*n))/(dA5*xA2 + 2*c*drd*x + cA2*dA3)

Sympy [F(-1)]  time = 0., size = 0, normalized size = 0.
Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b* (F**(g*(f*x+e)))**n)**3/(d*x+c)**3,x)

[Out] Timed out

GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

((F(f’”e)g) nb + a) ’

J ey &

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))~n*b + a)~3/(d*x + ¢c)"3,x, algorithm="giac")

[Out] integrate(((FA((f*x + e)*g))~n*b + a)r3/(d*x + c)"3, x)
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(c+dx)?
346 | e dx

Optimal. Leaf size=192

;,( Fg<e+fx>) " b( Fg(e+fX)) "
6d*(c + dx)PolyLog | 3, - 3d(c + dx)*PolyLog | 2, -

af3g3n®log*(F) - af?g’n? log*(F)
b(pg(e+fX))n b(p9<e+fX))n
6d°*PolyLog | 4, ——————— (c+dx)log| ———— +1
B . (c +dx)*
afigint log4(F) afgnlog(F) 4ad

[Out] (c + d*x)nr4/(4*a*d) - ((c + d*x)"3*Log[1l + (b*(Fr(g*(e + £*x)))"n
Y/al)/(a*f*g*n*Log[F]) - (3*d*(c + d*x)~2*PolyLog[2, -((b*(FA(g*(

e + £*x)))rn)/a)])/(a*£r2*gr2*nA2*Log[F]Ar2) + (6*dr2*(c + d*x)*Po
lyLog[3, -((b*(FA(g*(e + £*x)))An)/a)])/(a*£A3*gA3*nr3*Log[F]A3)

- (6*d~r3*PolyLog[4, -((b*(Fr(g*(e + £*x)))~n)/a)])/(a*fr4*grs*nrg
“Log[F]/4)

Rubi [A]  time = 0.547824, antiderivative size = 192, normalized size of antiderivative = 1., number
number of rules _ 54

of steps used = 6, number of rules used = 6, integrand size = 25, = -
integrand size

b(pg(e+fX)) "

a a

b(pg(e+fx)) "
6d*(c + dx)PolyLog | 3, — 3d(c + dx)*PolyLog [ 2, -————

afg*n’ log’ (F) ) af?gin?log*(F)
b ( Fg(e+fx)) " b ( Fg<e+fx)) "
6d°*PolyLog | 4, —————— (c+dx)’log| ———— +1
B . (c + dx)*

aftgtnt log4(F) afgnlog(F) 4ad

Antiderivative was successfully verified.

[In] Int[(c + d*x)73/(a + b*(Fr(g*(e + £*x)))"n),x]

[Out] (c + d*x)7r4/(4*a*d) - ((c + d*x)73*Log[1 + (b*(Fr(g*(e + £*x)))"n
Y/al)/(a*f*g*n*Log[F]) - (3*d*(c + d*x)~2*PolyLog[2, -((b* (FAr(g*(

e + £*x)))rn)/a)])/(a*£r2*gr2*nAr2*Log[F]Ar2) + (6*dr2*(c + d*x)*Po
lyLog[3, -((b*(FA(g*(e + £7x)))7n)/a)])/(a*£/3*gA3*nA3*Log[F]3)

- (6*d~r3*PolyLog[4, -((b*(FAr(g*(e + f*x)))~n)/a)])/(a*fr4*grd*nr4
"Log[F]"4)

Rubi in Sympy [A]  time = 94.0252, size = 160, normalized size = 0.83

a Fotesro) " a Fatesr=) "
6d3 L14 (_(FS]T)) 6d2 (c+dx)Li3 (—Q)

aftgintlog (F)* af*g>n’log (F)’
a ( pg<e+fx>) o a( Fg(e+fx)) B
3d (C + dX)2 le -3 (C + dx)3 log -5 +1

+ —

af?g?n?log (F)’ afgnlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate((d*x+c)**3/(a+b* (F**(g*(f*x+e)))**n),x)
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[Out] 6*d**3*polylog(4, -a*(F**(g*(e + £*x)))**(-n)/b)/(a*f**4*g**4*n**
4*1og(F)**4) + 6*d**2*(c + d*x)*polylog(3, -a*(F**(g*(e + f*x)))"*
*(-n)/b)/(a*£**3*g**3*n**3*1log(F)**3) + 3*d*(c + d*x)**2*polylog(

2, —a*(F**(g*(e + £*x)))**(-n)/b)/(a*f**2*g**2*n**2*1log(F)**2) -

(c + d*x)**3*log(a*(F**(g*(e + £*x)))**(-n)/b + 1)/(a*f*g*n*log(F

))

Mathematica [A]  time = 2.84445, size = 0, normalized size = 0.

J (c +dx)*
a+b (Fg(e+fx)) "

Verification is Not applicable to the result.

[In] 1Integrate[(c + d*x)73/(a + b*(FAr(g*(e + £*x)))"n),x]

[Out] Integrate[(c + d*x)73/(a + b*(Fr(g*(e + £*x)))"n), x]

Maple [B] time = 0.083, size = 2495, normalized size = 13.
result too large to display

Verification of antiderivative is not currently implemented for this CAS.

[In] int((d*x+c)A3/(a+b* (FA(g* (f*x+€))) " n),x)

[Out] -3/n/gnr2/£r2/1n(F)Ar2*cAr2*d* (In(FA(g* (£f*x+e)))-g* (f*x+e)*1In(F))/a*
In((Fr(g* (£*x+e)))rn)+3/n/gr2/£7r2/1n(F)r2*cr2*d* (In(FAr(g* (£*x+e))
Y-g*(£*x+e)*1In(F))/a*1n(a+b* (FA(g* (£*x+e)))*n)-3/n/g/£/1In(F)*c*dA
2/a*1In(1+b* (FA(g* (£*x+e))) n/a) *xr"2+3/n/g/fA3/1In(F) *c*dr2/a* In(1+
b*(Fr(g* (£*x+e)))rn/a)*er2+3/n/gr3/£A3/1n(F)Ar3*c*dr2/a* In(1+b* (FA
(g*(f*x+e)))rn/a)* (In(FAr(g* (f*x+e)))-g* (f*x+e)*In(F))"2-6/nr2/gnr2
/Er2/1n(F)A2*c*dr2/a*polylog(2,-b* (FA(g* (£f*x+e)) ) An/a) *x-3/n/gr2/
fA4/1n(F)A2*dr3* (In(FA(g* (£*x+e)))-g* (£*x+e) *In(F))/a*In(1+b* (FA(
g* (f*x+e)))rn/a)*er2-3/n/gr3/f7r4/1In(F)~3*dr3* (In(Fr(g* (£f*x+e)))-¢g
*(f*x+e)*1In(F))r2/a*1In(1+b* (FA(g* (£*x+e)))rn/a)*e-3/n/g/£/1In(F)*c
A2*d/a*In(1+b* (FA(g* (£f*x+e)))An/a) *x-3/n/g/fr2/1n(F)*cr2*d/a*1In(1
+b* (FA(g* (f*x+e)))rn/a)*e-3/n/gr2/fr2/1In(F)r2*cr2*d/a*1In(1+b* (FA(
g* (f*x+e)) ) rn/a)* (In(Fr(g* (£f*x+e)))-g* (£*x+e)*1In(F))-3/n/gr3/£r4/
In(F)~3*dr3*e* (In(Fr(g* (£*x+e)))-g* (£*x+e)*In(F))*r2/a*1In((Fr (g* (£
*xX+e))) n)-6*dr3*polylog(4,-b* (FAr(g* (£*x+e)))~rn/a)/a/fr4/grd/nr4/
In(F)r4+3*c*dr2/a*xr3-6/g/£22/1n(F) *c*dr2* (In(FAr(g* (£*x+e)))-g* (£
*x+e)*1In(F))/a*x*e+3/n/g/fr3/1n(F)*c*dr2*er2/a*In((FA(g* (£f*x+e)))
An)-3/n/g/fA3/1In(F)*c*dr2*er2/a* In(a+b* (FA(g* (£*x+€))) n)+3/n/gn3
/£r4/1In(F)Ar3*dr3*e* (In(FA(g* (£ x+e)))-g* (£*x+e) *1In(F))~2/a*1n(a+b
*(Fr(g*(£*x+e))) n)+3/n/gnr3/£A3/1In(F)A3*c*dr2* (In(FAr(g* (£*x+e))) -
g*(f*x+e)"In(F))r2/a*In((Fr(g* (£f*x+e)) ) n)-3/n/g/£7r2/1n(F)*cr2*d*
e/a*In((Fr(g* (£f*x+e)))rn)+3/n/g/fr2/1n(F)*cr2*d*e/a* In(a+b* (FA(g*
(f*x+e)))*n)-3/n/gr3/£r3/1In(F)A3*c*dr2* (In(FAr(g* (£ *x+e)))-g* (£*x+
e)*1In(F))~r2/a*1n(a+b* (FA(g* (£*x+e)))*n)-3/n/gr2/fr4/1n(F)r2*dr3*e
A2* (In(FAr(g* (£ *x+e)))-g* (£*x+e)*In(F))/a* In((FA(g* (£*x+e))) n)+3/
n/gnr2/fr/In(F)A2*dr3*er2* (In(Fr(g* (£f*x+e)))-g* (£*x+e)*1In(F))/a*1
n(a+b* (FA(g* (£*x+e)) ) n)+1/n/grd/£r4/1n(F)r4*dr3* (In(FAr(g* (£*x+e)
))-g*(£f*x+e)*In(F))~3/a*1In(a+b* (FA(g* (f*x+e)) ) n)-3/nr2/gr2/fr2/1
n(F)r2*cr2*d/a*polylog(2,-b* (FA(g* (£*x+e)))rn/a)+6/nr3/gr3/£A3/1n
(F)A3*c*dr2/a*polylog(3,-b* (FA(g* (f*x+e)))*n/a)-1/n/gr4/£24/1n(F)
A *dA3* (In(FA(g* (£*x+e)))-g* (£*x+e) *1In(F))"3/a*1In(1+b* (FA(g* (£*x+
e)))rn/a)-1/n/g/fr4/1n(F)*dr3*er3/a*1In(1+b* (FA(g* (£*x+e)))~ n/a)-3
/nnr2/gn2/fr2/1n(F)r2*dr3/a*polylog(2,-b* (FA(g* (£f*x+e)))An/a) *x"2+
3/g/f/1In(F)*cr2*d/a*x* (In(FAr(g* (£f*x+e)))-g* (£*x+e)*1In(F))-1/n/gr4
/£7r4/1In(F)r4*dA3* (In(FA(g* (£ x+e)))-g* (£*x+e) *1In(F))r3/a* In((Fr (g
*(£f*x+e)))rn)-3/g/£/1In(F)*cr2*d/a*1In(Fr(g* (£*x+e)))*x-1/n/g/fr4/1
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n(F)*dr3*er3/a*1In((Fr(g* (£*x+e))) n)+1/n/g/fr4/1n(F)*dr3*er3/a*1n
(a+b* (FAr(g* (f*x+e))) ) +3/g/f7r3/1n(F) *dr3/a*x*er2* (In(Fr(g* (f*x+e
Y))-g* (£*x+e)*1In(F))+3/gr2/£A3/1n(F)Ar2*dr3/a*x*e* (In(FA(g* (£*x+e)
Y)-g* (£*x+e) *1In(F))r2-3/gr2/fr2/In(F)A2*c*dr2* (In(Fr(g* (£f*x+e))) -
g* (f*x+e)*1n(F))r2/a*x-1/n/g/f/1In(F)*dr3/a*1n(1+b* (FA(g* (£*x+e)))
An/a)*xnr3+6/nr3/gr3/£A3/1n(F)~3*dr3/a*polylog(3,-b* (FA(g* (£*x+e))
YAn/a)*x-6/g/f/1n(F)*c*dr2/a*1In(FAr(g* (f*x+e))) *xr2+6/gr2/fA2/1n(F
YA2*c*dr2/a* In(FA(g* (£*x+e)))A2*x-3/g/f/1n(F) *dr3/a* In(FA(g* (£*x+
e)))*xA349/2/gr2/fr2/1In(F)r2*dr3/a* In(FA(g* (£ x+e)))r2*xA2-3/gA3/
£fA3/1n(F)~3*dr3/a* 1In(FAr(g* (£*x+e)))A3*x-2/gnr3/£A3/1n(F)Ar3*c*dr2/a
*In(FA(g* (£f*x+e)))"3+3/2/gr2/£A2/1In(F)Ar2*cr2*d/a*In(FAr(g* (£f*x+e))
YA2+1/gA3/£A3/In(F)A3*dr3/a*x* (In(FA(g* (£*x+e)))-g* (f*x+e)*1In(F))
A3+1/n/g/f/1In(F)*cr3/a* In((FA(g* (£f*x+e)) ) n)-1/n/g/£f/1In(F)*cr3/a*
In(a+b* (FA(g* (f*x+e)) ) n)+3*cr2*d/a*x"2+6/n/gh2/fAr3/1In(F)Ar2*c*dr2
*e* (In(Fr(g* (f*x+e)))-g* (£*x+e)*1In(F))/a*1In((Fr(g* (£*x+e)) ) n)+6/
n/gr2/£A3/1n(F)r2*c*dr2/a*In(1+b* (FA(g* (£*x+e)))rn/a) *e* (In(Fr (g*
(f*x+e)))-g* (£*x+e)*1In(¥F))-6/n/gnr2/£Ar3/1In(F)r2*c*dr2*e* (In(Fr (g* (
f*x+e)))-g* (f*x+e)*In(F))/a*In(a+b* (FA(g* (£*x+e)))An)+dr3/a*x"4+3
/f*cr2*d/a*x*e-3/fr2*c*dr2*enr2/a*x+1/£r3*dr3/a*x*enr3+3/4/gra/fr4/
In(F)r4*dr3/a*1In(FAr(g* (£ x+e))) 4

Maxima [F] time = 0., size = 0, normalized size = 0.

\ bg(u#?mfﬂnb+a) bg(@#ﬁﬂfﬂ") Jhﬁx3+3aﬁx2+3&dx
- - +
afgnlog(F) afgnlog(F) (Ff9X)"QNW)"b4-a
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)A3/((FA((f*x +e)*g))*n*b + a),x, algorithm="maxima"

[Out] -cA3* (log((FA(f*g*x + e*g))*n*b + a)/(a*f*g*n*log(F)) - log((FAr(f
*g'x + e*g))rn)/(a*f*g*n*log(F))) + integrate((dA3*x~3 + 3*c*dr2*
xA2 + 3*cr2*d*x)/((FA(£*g*x))An* (FA(e*g))~n*b + a), x)

Fricas [A] time = 0.266186, size = 558, normalized size = 2.91

4 (d —3cd?e®f +3ctdef? — 3 £%) g°nd log (F/9mx*¢9mp + a) log (F)® + (d° fg*nix* + 4 cd? fig*ntx® + 6 c2d fig*ntx? -

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)A3/((FA((f*x + e)*g))An*b + a),x, algorithm="fricas")

[Out] 1/4*(4* (dr3*en3 - 3*c*dr2*enr2*f + 3*cr2*d*e*fr2 - cA3*fA3)*gA3*nA
3*"1log(FA(f*g*n*x + e*g*n)*b + a)*log(F)A3 + (dA3*fA4*gnrd*nrd*xrg
+ 4*c*dA2*fA4*gra*nAd*xA3 + 6*cA2*d*fA4*gra* nAd*xA2 + 4*CcA3*frd*g
A*nrd*x)*log(F)r4 - 4" (dA3*£A3*gA3* nA3*xA3 + 3*c*dAr2*£A3*gA3*nA3
*XA2 + 3*cA2*d*£A3*gA3*nA3*x 4+ (dA3¥eAr3 - 3*c*da2¥enr2*f + 3*ca2*d
*e*fr2)*gnr3*nr3) *log(F)A3*log((FA(f*g*n*x + e*g*n)*b + a)/a) - 12
(AA3*£A2*gA2*NA2*XA2 + 2*c*dA2*FA2*gA2*nA2*x + cA2*d*fA2*gA2*nA2
Y*dilog(-(FA(f*g*n*x + e*g*n)*b + a)/a + 1)*log(F)A2 - 24*d~3*pol
ylog(4, -FA(f*g*n*x + e*g*n)*b/a) + 24*(dr"3*f*g*n*x + c*dr2*f*g*n
)*log(F)*polylog(3, -FA(f*g*n*x + e*g*n)*b/a))/(a*fr4*grs*nr4*log
(F)n4)

Sympy [F(-1)] time = 0., size = 0, normalized size = 0.

Timed out
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Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x+c)**3/(a+b* (F**(g*(f*x+e)))**n),x)

[Out] Timed out

GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

J (dx +c¢)® dx
(FU~+09)"b + 4

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)A3/((FA((f*x +e)*g))An*b + a),x, algorithm="giac")

[Out] integrate((d*x + c)A3/((FA((f*x + e)*g))An*b + a), x)
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(c+dx)?
347 | e

Optimal. Leaf size=145

b(FQWffﬂ)n b(Fy@ffﬂ)n
2d(c + dx)PolyLog | 2, —————— 2d*PolyLog |3, ——————

+
af?g®n?log*(F) af3g’n3log*(F)
b( F9tefx) "
(c + dx)?log (# + 1)
. (c +dx)?

afgnlog(F) 3ad

[Out] (¢ + d*x)~3/(3*a*d) - ((c + d*x)"2*Log[1 + (b*(Fr(g*(e + £*x)))”n
Y/al)/(a*f*g*n*Log[F]) - (2*d*(c + d*x)*PolyLog[2, -((b*(Fr(g*(e

+ £*x)))rn)/a)])/(a*£r2*gr2*nr2*Log[F]r2) + (2*dr2*PolyLog[3, -((

b* (Fr(g*(e + £*x)))~n)/a)])/(a*fr3*gr3*nA3*Log[F]"3)

Rubi [A]  time = 0.464419, antiderivative size = 145, normalized size of antiderivative = 1., number
of steps used = 5, number of rules used = 5, integrand size = 25, M =0.2
integrand size

b( Fg(e+fX)) " b( Fg(e+fx>) "
2d(c + dx)PolyLog | 2, -—————— 2d*PolyLog |3, ——————
+
af?g?n?log*(F) af®g*n’ log’(F)

b( F9efx) "
(c +dx)?log ((T) + 1)
. (c +dx)?

afgnlog(F) 3ad

Antiderivative was successfully verified.

[In] Int[(c + d*x)72/(a + b*(Fr(g*(e + £*x)))"n),X]

[Out] (c + d*x)73/(3*a*d) - ((c + d*x)"2*Log[1 + (b*(Fr(g*(e + £*x)))"n
Y/al)/(a*£*g*n*Log[F]) - (2*d*(c + d*x)*PolyLog[2, -((b*(FAr(g*(e

+ f*x)))rn)/a)])/(a*£r2*gr2*nr2*Log[F]r2) + (2*dr2*PolyLog[3, -((
b*(Fr(g*(e + £*x)))rn)/a)])/(a*£Ar3*gAr3*nA3*Log[F]~3)

Rubi in Sympy [A]  time = 52.758, size = 114, normalized size = 0.79

242 Lis (_M) 2d (c + dx) Li, (_M) (c+ dx)z log (a(Fg(e;fx)) . 1)

+ —
af3g’n’log (F)’ af?g?n?log (F)* afgnlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] <rubi_integrate((d*x+c)**2/(a+b* (F**(g*(f*x+e)))**n),x)

[Out] 2*d**2*polylog(3, -a*(F**(g*(e + £*x)))**(-n)/b)/(a*f**3*g**3*n**
3*1log(F)**3) + 2*d*(c + d*x)*polylog(2, -a*(F**(g*(e + £*x)))** (-
n)/b)/(a*f**2*g**2*n**2*1log(F)**2) - (c + d*x)**2*log(a*(F**(g* (e

+ £*x)))**(-n)/b + 1)/(a*f*g*n*log(F))
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Mathematica [A] time = 2.66148, size = 0, normalized size = 0.

J (c + dx)? .
a+b (Fole+f))"

Verification is Not applicable to the result.

[In] 1Integrate[(c + d*x)72/(a + b*(Fr(g*(e + £*x)))"n),x]

[Out] Integrate[(c + d*x)72/(a + b*(Fr(g*(e + £*x)))"n), x]

Maple [B] time = 0.089, size = 1341, normalized size = 9.3
result too large to display

Verification of antiderivative is not currently implemented for this CAS.

[In] int((d*x+c)Ar2/(a+b* (FA(g* (£f*x+e))) " n),x)

[Out] dr2/a*xA3+2*dr2*polylog(3,-b* (FA(g* (f*x+e)))~rn/a)/a/£7r3/g~r3/nr3/1
n(F)A3+2/1n(F)r2/£r3/gr2/n*dr2*e* (In(FA(g* (£ x+e)))-g* (£*x+e) * 1n(
F))/a*1n((Fr(g* (£*x+e))) n)-2/1n(F)Ar2/£r3/gr2/n*dr2*e* (In(Fr(g* (£
*x+e)))-g* (£f*x+e)*1In(F))/a*1n(a+b* (FA(g* (£*x+e)) ) n)-2/1n(F)/£r2/
g/n*c*d*e/a*1In((FA(g* (£f*x+e)) ) n)+2/1n(F)/fr2/g/n*c*d*e/a* In(a+b*
(FA(g* (£*x+e)))An)+2/1In(F)r2/£Ar3/gr2/n*dr2%e/a* In(1+b* (FA(g* (£*x+
e)))rn/a)* (In(Fr(g* (£*x+e)))-g*(£*x+e)*1In(F))-2/1n(F)/f/g/n*c*d/a
*In(1+b* (FAr(g* (£f*x+e)) ) n/a)*x-2/1n(F)/£r2/g/n*c*d/a*1n(1+b* (FA (g
*(f*x+e))) n/a)*e+2/f*c*d/a*x*e-1/£r2*dr2/a*x*er2-2/1n(F)/£/g*dr2
/a*1In(Fr(g* (f*x+e))) *xr2+2/1In(F)r2/fr2/gr2*dr2/a* In(FA(g* (£*x+e))
YA2*x+1/1In(F)r2/fr2/gr2*c*d/a*In(FA(g* (£*x+e)))A2-1/1n(F)r2/fr2/g
A2*dr2/a*x* (In(FAr(g* (£*x+e)))-g* (£*x+e) *1In(F))"2+1/1n(F)/£/g/n*cA
2/a*In((FA(g* (f*x+e)))rn)-1/1n(F)/f/g/n*cr2/a*In(a+b* (FA(g* (£*x+e
Y))An)+2*c*d/a*xr2-2/1n(F)/fr2/g*dr2/a*x*e* (In(FA(g* (£ x+e)))-g* (
f*x+e)*1In(F))+1/1n(F)Ar3/£Ar3/gr3/n*dr2* (In(FA(g* (£*x+e)))-g* (£*x+e
Y*In(F))r2/a*In((FA(g* (£f*x+e)) ) n)+2/1n(F)/f/g*c*d/a*x* (In(FAr(g* (
f*x+e)))-g*(£*x+e)*1In(F))-1/1n(F)/£Ar3/g/n*dr2*er2/a* In(a+b* (FA(g*
(f*x+e))) n)-2/1n(F)r2/£1r2/gr2/n*c*d* (In(FAr(g* (£*x+e)) ) -g* (£f*x+e)
*In(F))/a*1In((Fr(g* (£*x+e)) ) n)+2/1n(F)r2/£r2/gr2/n*c*d* (In(Fr (g*
(f*x+e)))-g* (£*x+e)*1In(F))/a*1In(a+b* (FA(g* (£f*x+e)) ) rn)-2/1n(F)r2/
fr2/gr2/n*c*d/a* In(1+b* (FA(g* (£f*x+e))) n/a) * (In(Fr(g* (f*x+e)))-g*
(f*x+e)*1In(F))-2/1In(F)/f/g*c*d/a*In(Fr(g* (£*x+e))) *x+1/1In(F)/£f1r3/
g/n*dr2*er2/a*In(1+b* (FA(g* (£*x+e)))rn/a)+1/1In(F)~r3/£r3/gA3/n*dnr2
*(In(Fr(g* (£f*x+e)))-g* (£*x+e)*1In(F))r2/a*1In(1+b* (FA(g* (£*x+e)) ) n
/a)-1/1In(F)/f/g/n*dr2/a*In(1+b* (FA(g* (£*x+e)) ) n/a) *x"2-2/1n(F) 2
/Er2/gn2/nr2*dr2/a*polylog(2,-b* (FA(g* (f*x+e)) ) An/a)*x-1/1In(F)r3/
fA3/gr3/n*dA2* (In(FAr(g* (£f*x+e)))-g* (£f*x+e)*1In(F))r2/a*1In(a+b* (FA(
g*(f*x+e)))rn)-2/1n(F)r2/£fr2/gr2/nr2*c*d/a*polylog(2,-b* (FA(g* (£*
x+e)))rn/a)+1/1In(F)/£Ar3/g/n*dr2*er2/a* In((FA(g* (£*x+e)))rn)-2/3/1
n(F)~3/£r3/gr3*dr2/a* In(Fr(g* (£*x+e)) )3

Maxima [F]  time = 0., size = 0, normalized size = 0.

) log ((ngx+eg) b+ a) log ((ngx+eg) n) I d*x* + 2 cdx
- - X
afgnlog (F) afgnlog (F) (Ff9x)™(Fe9)"b + a

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)22/((FA((f*xX + e)*g)) n*b + a),x, algorithm="maxima"
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[Out] -cAr2* (log((FA(f*g*x + e*g))rn*b + a)/(a*f*g*n*log(F)) - log((Fr(f
*g*x + e*g))rn)/(a*f*g*n*log(F))) + integrate((dr2*x72 + 2*c*d*x)
/((Fr(£7g*x)) n* (Fr(e*g)) n"b + a), x)

Fricas [A] time = 0.265419, size = 366, normalized size = 2.52

3 (d%e? — 2cdef + c?£?) g?n? log (Ff9mx*¢9np + a) log (F)* — (d*f3g°n®x® + 3 cd f3g°n®x? + 3 2 f3g°n’x) log (F)* + 3 (d

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)A2/((FA((f*x + e)*g)) n*b + a),x, algorithm="fricas")

[Out] -1/3*(3*(dr2*enr2 - 2*c*d*e*f + cr2*fA2)*gr2*nr2*log(FA(f*g* n*x +
e*g*n)*b + a)*log(F)"r2 - (dr2*fA3*gA3*nA3*xA3 + 3*c*d*fA3*gA3*nA3

*XA2 + 3%cA27fA3*gA3* nA3*x) *1log(F)A3 + 3*(dA2*£A2%gA2*nA2¥xA2 4+ 2
ecrd*fA2*gr2*nA2*x - (dr2*en2 - 2*c*dre*f)*gr2*nnr2)*log(F)r2*log(
(FAr(f*g*n*x + e*g*n)*b + a)/a) + 6*(dr2*f*g*n*x + c*d*f*g*n)*dilo
g(-(Fr(f*g"n*x + e*g*n)*b + a)/a + 1)*log(F) - 6*dr2*polylog(3, -
FA(f*g*n*x + e*g*n)*b/a))/(a*£r3*gr3*nr3*1og(F)"3)

Sympy [F] time = 0., size = 0, normalized size = 0.

I (c + dx)*
a+b (Fegngx)n

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x+c)**2/(a+b* (F**(g*(f*x+e)))**n),x)

[Out] Integral((c + d*x)**2/(a + b*(F**(e*g)*F**(£*g*x))**n), x)

GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

J (dx + ¢)* dx
(Ffx+9)"p + q

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)22/((FA((f*x +e)*g))An*b + a),x, algorithm="giac")

[Out] integrate((d*x + c)A2/((FA((f*x + e)*g))An*b + a), x)
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c+dx
3.48 J a+b(Foler /=) dx

Optimal. Leaf size=98

b(F9(6+fx)) " b(Fg(E+fX)) "
dPolyLog |2, ——————— (c+dx)log | ——F +1
B .\ (c + dx)?
af?gin? logZ(F) afgnlog(F) 2ad

[Out] (c + d*x)~2/(2*a*d) - ((c + d*x)*Log[1 + (b*(Fr(g*(e + f*x)))"n)/
al])/(a"f*g"'n"Log[F]) - (d*PolyLog[2, -((b*(Fr(g*(e + £*x)))” n)/a)
1)/ (a*£r2*gnr2*nAr2*Log[F]A2)

Rubi [A] time = 0.256859, antiderivative size = 98, normalized size of antiderivative = 1., number of

number of rules _ ;74

steps used = 4, number of rules used = 4, integrand size = 23, = -
integrand size

b(Fg@tfﬂ)n b(Fgwtfﬂ)n
dPolyLog |2, —————— (c+dx)log | ——— +1
B . (c + dx)?
af?g’n? log’(F) afgnlog(F) 2ad

Antiderivative was successfully verified.

[In] Int[(c + d*x)/(a + b*(Fr(g*(e + £*x)))"n),x]

[Out] (c + d*x)~2/(2*a*d) - ((c + d*x)*Log[1 + (b*(Fr(g*(e + £*x)))*n)/
al])/(a*f*g*n*Log[F]) - (d*PolyLog[2, -((b*(F (g"(e + f£*x)))" n)/a)
1)/ (a*fr2*gnr2*nr2*Log[F]A2)

Rubi in Sympy [A]  time = 26.6092, size = 66, normalized size = 0.67

( a(Fgwtfﬂ)n) (a(Fg@ﬁfﬂ)n )
dliy | -—————— (c+dx)log | ——F——+1

af2g?n* log (F)’ af gnlog (F)
Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((d*x+c)/(a+b* (F**(g*(f*x+e)))**n),x)

[Out] d*polylog(2, -a*(F**(g*(e + £*x)))**(-n)/b)/(a*£**2*g**2*n**2*1log
(F)**2) - (c + d*x)*log(a*(F**(g*(e + £*x)))**(-n)/b + 1)/(a*f*g*
n*log(F))

Mathematica [A] time = 89.7332, size = 0, normalized size = 0.

J c+dx
a+b (Foler=)m
Verification is Not applicable to the result.

[In] Integrate[(c + d*x)/(a + b*(FA(g*(e + £*x)))*n),x]

[Out] Integrate[(c + d*x)/(a + b*(FA(g*(e + £*x)))*n), x]
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Maple [B] time = 0.06, size = 526, normalized size = 5.4
result too large to display

Verification of antiderivative is not currently implemented for this CAS.

[In] int((d*x+c)/(a+b* (FA(g* (f*x+e))) n),x)

[Out] 1/1In(F)/f/g/n*c/a*1ln((FAr(g* (f*x+e)))*n)-1/1n(F)/f/g/n*c/a*1In(a+b*
(Fr(g* (£*x+e)))rn)+d/a*xnr2+1/f*d/a*x*e+1/1In(F)/f/g*d/a*x* (In(Fr (g
*(f*x+e)))-g* (£f*x+e)*1In(F))-1/1In(F)/f/g*d/a* In(Fr(g* (f*x+e))) *x+1
/2/1In(F)r2/£r2/gr2*d/a*In(FAr(g* (£*x+e)))7r2-1/1n(F)/f/g/n*d/a*1n(1
+b* (FA(g* (£*x+e)))~n/a)*x-1/1n(F)/fr2/g/n*d/a*1In(1+b* (FA(g* (£f*x+e
Y))An/a)*e-1/1n(F)r2/£r2/gr2/n*d/a* In(1+b* (FA(g* (£*x+e))) n/a)* (1
n(Fr(g* (f*x+e)))-g* (£*x+e)*1n(F))-d*polylog(2,-b* (FA(g* (f*x+e)) )~
n/a)/a/fr2/gr2/nr2/1n(F)A2-1/1n(F)/fr2/g/n*d*e/a* In((Fr(g* (f*x+e)
Y)An)+1/1In(F)/fr2/g/n*d*e/a*In(a+b* (FA(g* (f*x+e)))An)-1/1n(F)r2/f
A2/gn2/n*d* (In(FA(g* (£*x+e)))-g* (£*x+e) *In(F))/a*In((Fr(g* (£*x+e)
Y)An)+1/1In(F)A2/£22/gr2/n*d* (In(FAr(g* (£*x+e)))-g* (£*x+e)*1In(F))/a
*In(a+b* (FA(g* (£*x+e)) ) An)

Maxima [F]  time = 0., size = 0, normalized size = 0.

log ((Ff9x+89) "b+ a) log ((ng’”eg) n) I x

¢ afgnlog (F) - afgnlog (F) (Ff9x) "(Fe9)"b + a dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + ¢)/((FA((f*x + e)*g)) n*b + a),x, algorithm="maxima"

[Out] -c* (log((FA(f*g*x + e*g))~n*b + a)/(a*f*g*n*log(F)) - log((Fr(f*g
*X + e*g))r)/(a*f*g*n*log(F))) + d*integrate(x/((FA(f*g*x))An* (F
r(e*g)) n*b + a), X)

Fricas [A] time = 0.266359, size = 198, normalized size = 2.02

2(de — cf)gnlog (Ff9mx+¢9np 1 a) log (F) + (df2g*n’x? + 2 cf2g*n’x) log (F)* — 2 (dfgnx + degn) log (F) log (

2af2g?n? log (F)?
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + ¢)/((FA((f*x + e)*g)) n*b + a),x, algorithm="fricas")

[Out] 1/2*(2*(d*e - c*f)*g*n*log(FA(f*g*n*x + e*g*n)*b + a)*log(F) + (d
FEA2TgA2 A2 XA2 + 2¥cTEA27gA2*nA2%x) " log(F)NA2 - 2 (d*ffg*n*x + d
*e*g*n)*log(F)*log((FA(f*g*n*x + e*g*n)*b + a)/a) - 2*d*dilog(-(F
A(f*g*n*x + e*g*n)*b + a)/a + 1))/(a*£r2*gAr2*nr2*1og(F)r2)

Sympy [F] time = 0., size = 0, normalized size = 0.

J c+dx
x
a+b (Fegngx)n
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Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x+c)/(a+b* (F**(g*(f*x+e)))**n),x)

[Out] Integral((c + d*x)/(a + b*(F**(e*g)*F**(f*g*x))**n), x)

GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

J dx +c e
(F(fx+e)g) "b +a

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)/((FA((f*x + e)*g))~n*b + a),x, algorithm="giac")

[Out] integrate((d*x + c)/((FA((f*x + e)*g)) n*b + a), x)
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1
349 | ey dx

Optimal. Leaf size=40

5 log (a +b (F9erfx)) n)
a afgnlog(F)

[Out] x/a - Log[a + b*(FAr(g*(e + £*x)))*n]/(a*f*g*n*Log[F])

Rubi [A] time = 0.0641019, antiderivative size = 40, normalized size of antiderivative = 1., number

number of rules _ ( 594

of steps used = 5, number of rules used = 5, integrand size = 17, = -
integrand size

5 log (a +b (Fg(“fx)) n)
a afgnlog(F)

Antiderivative was successfully verified.

[In] Int[(a + b*(FA(g*(e + £*x))) n)r(-1),x]

[Out] x/a - Log[a + b*(FA(g*(e + £*x)))*n]/(a*f*g*n*Log[F])

Rubi in Sympy [A] time = 13.0804, size = 46, normalized size = 1.15

log (a+ b (P21 n) log ((Fete+/) ")
- afonloe® afgnlog (P

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(1/(a+b*(F**(g*(f*x+e)))**n),x)

[Out] -log(a + b*(F**(g*(e + £*x)))**n)/(a*f*g*n*log(F)) + log((F**(g*(
e + £*x)))**n)/(a*f*g*n*log(F))

Mathematica [B] time = 0.0174381, size = 100, normalized size = 2.5

n(log(Fe9*f9% ) ~fgxlog(F)
10g(F5’H+f9x)

log a+ be"(log(Fvegx)—fgxlog(F)) (Feg+fgx) "

SH R

afgnlog(F)

Antiderivative was successfully verified.

[In] Integrate[(a + b*(FA(g*(e + £*x))) ) (-1),x]

[Out] x/a - Log[a + b*EA(n* (-(f*g*x*Log[F]) + Log[Fr(e*g + £*g*x)]))*(F
retg + £rgtx))r(n - (nf (- (£7g"x"Log[F]) + Log[FA(e"g + £ g"x)]))
/Log[Fr(e*g + £7g*x)])]/(a"f"g"n*Log[F])

Maple [A] time = 0.004, size = 65, normalized size = 1.6

In ((F9<fx+e>) ) In(a+b (F9<fx+e>) )

In(F)afgn In(F)afgn
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Verification of antiderivative is not currently implemented for this CAS.

[In] int(1/(a+b*(FA(g* (£f*x+e))) n),x)

[Out] 1/g/f/1In(F)/n/a*1In((FA(g* (£f*x+e)))rn)-1n(a+b* (FA(g* (f*x+e)) ) n)/a
/f£/g/n/1n(F)

Maxima [A] time = 0.88007, size = 89, normalized size = 2.22

log ((Ff9x+eg) "b+ a) log ((ng’“eg) n)
T afgnlog(F) | afgnlog(F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/((FA((f*x + e)*g))”n*b + a),x, algorithm="maxima"

[Out] -log((FA(f*g*x + e*g))~n*b + a)/(a*f*g*n*log(F)) + log((Fr(f*g*x
+ e*g))rn)/(a*£*g*n*log(F))

Fricas [A] time = 0.264101, size = 59, normalized size = 1.48

fgnxlog (F) - log (F/9nx+€9np + q)
afgnlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/((FA((f*x + e)*g))” n*b + a),x, algorithm="fricas")

[Out] (f*g*n*x*1log(F) - log(FA(f*g*n*x + e*g*n)*b + a))/(a*f*g*n*log(F)
)

Sympy [A]  time = 0.347616, size = 27, normalized size = 0.68

o o[+ ()

a afgnlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1l/(a+b* (F**(g*(f*x+e)))**n),x)

[Out] x/a - log(a/b + (F**(g*(e + £*x)))**n)/(a*f*g*n*1log(F))

GIAC/XCAS [F]  time = 0., size = 0, normalized size = 0.

1

——d
J (F(fx+e)§) "b+a X

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/((FA((f*x + e)*g))”n*b + a),x, algorithm="giac")

[Out] integrate(1/((FA((f*x + e)*g)) n*b + a), x)
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1
3.50 J (a+b(Fg(e+fx)) ") (c+dx) dx

Optimal. Leaf size=29

1
Int s
B ((c+dx) (a+b (Feg+fox)™) x

[Out] Unintegrable[1/((a + b*(FA(e*g + f*g*x))An)*(c + d*x)), x]

Rubi [A] time = 0.205401, antiderivative size = 0, normalized size of antiderivative = 0., number of

number of rules _

steps used = 0, number of rules used = 0, integrand size = 0, = =2 =
integrand size

1
(a+b (FOr)) v dn)

Int

Verification is Not applicable to the result.

[In] Int[1/((a + b*(FA(g*(e + £*x)))2n)*(c + d*x)),x]

[Out] Defer[Int][1/((a + b*(Fr(e*g + £*g*x))"n)*(c + d*x)), x]

Rubi in Sympy [F(-1)]  time = 0., size = 0, normalized size = 0.

Timed out
Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(1l/(a+b*(F**(g*(f*x+e)))**n)/(d*x+c),x)

[Out] Timed out

Mathematica [A] time = 0.117535, size = 0, normalized size = 0.

1
dx
J (a+b (F9e0)™) (c + dx)
Verification is Not applicable to the result.

[In] 1Integrate[1l/((a + b*(FA(g*(e + £*x)))An)*(c + d*x)),x]

[Out] Integrate[l/((a + b*(Fr(g*(e + £*x)))*n)*(c + d*x)), x]

Maple [A] time = 0.116, size = 0, normalized size = 0.

1
dx
J (a+b (FIUx+)™) (dx +c)
Verification of antiderivative is not currently implemented for this CAS.

[In] int(1/(a+b* (FA(g* (f*x+e)))rn)/(d*x+c),x)
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[Out] int(1/(a+b* (FA(g* (f*x+e))) n)/(d*x+c),x)

Maxima [A]  time = 0., size = 0, normalized size = 0.

1

J ((F(fx+e)9) "b+ a) (dx + ¢) dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/(((FA((f*x +e)*g))2n*b + a)*(d*x + c)),x, algorithm="maxima"

[Out] integrate(1/(((FA((f*x + e)*g))2n*b + a)*(d*x + ¢c)), x)

Fricas [A] time = 0., size = 0, normalized size = 0.

1
integral — , X
adx + (bdx + be)(Ff9x+¢9) " + ac

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/(((FA((f*x +e)*g))*n*b + a)*(d*x + c)),x, algorithm="fricas")

[Out] integral(l/(a*d*x + (b*d*x + b*c)*(FA(f'g"x + e*g))?n + a*c), Xx)

Sympy [F(-1)]  time = 0., size = 0, normalized size = 0.

Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(l/(a+b* (F**(g*(f*x+e)))**n)/(d*x+c),x)

[Out] Timed out

GIAC/XCAS [A]  time = 0., size = 0, normalized size = 0.

1

J ((F(fx+e)9) "b+ a) (dx + ¢) dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/(((FA((f*x + e)*g))2n*b + a)*(d*x + c)),x, algorithm="giac")

[Out] integrate(1/(((FA((f*x + e)*g))2n*b + a)*(d*x + ¢c)), x)
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1
351 b (o) (oo OX

Optimal. Leaf size=29

1
Int >
B ((c +dx)? (a + b (Fegfox)") *

[Out] Unintegrable[1/((a + b*(FA(e*g + f*g*x)) n)*(c + d*x)"*2), Xx]

Rubi [A] time = 0.184788, antiderivative size = 0, normalized size of antiderivative = 0., number of
number of rules _

steps used = 0, number of rules used = 0, integrand size = 0, = - =
integrand size

1
(a+ b (FeT)7) (e + dx)2

Int

Verification is Not applicable to the result.

[In] Int[1/((a + b*(FA(g* (e + £*x))) n)*(c + d*x)"2),x]

[Out] Defer[Int][1/((a + b*(Fr(e*g + £*g*x))”An)*(c + d*x)~2), x]

Rubi in Sympy [F(-1)]  time = 0., size = 0, normalized size = 0.

Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(1/(a+b*(F**(g*(f*x+e)))**n)/(d*x+c)**2,x)

[Out] Timed out

Mathematica [A] time = 0.461133, size = 0, normalized size = 0.

1
dx
j (a+b (F9(ef)™) (c + dx)?
Verification is Not applicable to the result.

[In] 1Integrate[l/((a + b*(FA(g*(e + £*x)))2An)*(c + d*x)~r2),x]

[Out] Integrate[1l/((a + b*(FA(g*(e + £*x)))An)*(c + d*x)"r2), Xx]

Maple [A] time = 0.135, size = 0, normalized size = 0.

1
dx
‘[ (a+ b (F9Fx+e)) n) (dx +¢)?
Verification of antiderivative is not currently implemented for this CAS.

[In] dint(1/(a+b* (FA(g* (f*x+e)))An)/(d*xX+c)"2,x)
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[Out] int(1/(a+b* (FA(g* (f*x+e))) n)/(d*x+c)"r2,X)

Maxima [A]  time = 0., size = 0, normalized size = 0.

1
I ((FUFx+elg) "b+ a) (dx + c)?

dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/(((FA((f*x + e)*g))2n*b + a)*(d*x + c)A2),x, algorithm="maxima"

[Out] integrate(1/(((FA((f*x + e)*g))rn*b + a)*(d*x + c)A2), X)

Fricas [A] time = 0., size = 0, normalized size = 0.

1
7o X
ad?x? + 2 acdx + ac® + (bd*x? + 2 bedx + be?)(Ff9x+e9)

integral
Verification of antiderivative is not currently implemented for this CAS.
[In] integrate(1/(((FA((f*x +e)*g))*n*b + a)*(d*x + c)*2),x, algorithm="fricas")

[Out] integral(1l/(a*dA2*xA2 + 2*a*c*d*x + a*cAr2 + (b*dr2*x72 + 2*b*c*d”
X + b*cr2)* (FA(f*g*x + e*g))rn), Xx)

Sympy [F(-1)] time = 0., size = 0, normalized size = 0.
Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(l/(a+b* (F**(g*(f*x+e)))**n)/(d*x+c)**2,x)

[Out] Timed out

GIAC/XCAS [A]  time = 0., size = 0, normalized size = 0.

1

I ((FFx+elg) "b+ a) (dx + ¢)? dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/(((FA((f*x +e)*g))rn*b + a)*(d*x + c)A2),x, algorithm="giac")

[Out] integrate(1/(((FA((f*x + e)*g))2n*b + a)*(d*x + c)A2), x)
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(c+dx)?
352 | (e 9%

Optimal. Leaf size=388

b (Fg(e+fX>) "

a

b( Fg(e+fX)) "
6d*(c + dx)PolyLog | 2, — 6d?(c + dx)PolyLog | 3, -

+
a®f3g*n® log’(F) a®f3g*n® log’(F)

b(Fgwﬁfﬂ)n b(FQWﬁf@)n
3d(c + dx)*PolyLog 2, —————— 6d°PolyLog 3, ———(——

a? f2¢?n? log*(F) - a? f4g*nt log*(F)
b(Fg(e"fx)) " b(pg(e+fX)) "
6d*PolyLog | 4, ——————— 3d(c + dx)* log | ———— + 1
+
a*f1g*n* log'(F) a* f2g%n* log’ (F)
b(FQWtﬁ@)n
(c + dx)*log —+1
B B (c +dx)? . (c + dx)* . (c +dx)*
a? fgnlog(F) a’fgnlog(F) 4a%d afgnlog(F) (a+b (Fg(6+fx))")

[Out] (c + d*x)nr4/(4*ar2*d) - (c + d*x)A3/(ar2*f*g*n*Log[F]) + (c + d*x
yrA3/(a*f*(a + b*(Fr(g*(e + £*x)))2n)*g*n*Log[F]) + (3*d*(c + d*x)
A2*Log[1 + (b*(FAr(g* (e + £*x)))An)/a]l)/(ar2*fA2*gn2*nr2*Log[F]Ar2)
- ((c + d*x)~3*Log[1 + (b*(Fr(g*(e + £*x)))"*n)/a]l)/(ar2*f*g*n*Lo
g[F]) + (6*dr2*(c + d*x)*PolyLog[2, -((b*(Fr(g*(e + £*x)))~n)/a)]
Y/ (ar2*£A3*gA3*nA3*Log[F]Ar3) - (3*d*(c + d*x)~2*PolyLog[2, -((b*(
Fr(g*(e + £*x)))rn)/a)])/(ar2*£r2*gnr2*nr2*Log[F]~2) - (6*dr3*Poly
Log[3, -((b*(Fr(g*(e + f*x)))"n)/a)])/(ar2*frd4*grda*nrd*Log[F]1r4)
+ (6*dr2* (c + d*x)*PolyLog[3, -((b*(FAr(g*(e + £*x)))*n)/a)])/(ar2
*fA3*gn3*nA3*Log[F]”3) - (6*dAr3*PolyLog[4, -((b*(Fr(g*(e + £*x)))
An)/a)])/(ar2*fr4*grda*nr4*Log[F]r4)

Rubi [A]  time = 1.42057, antiderivative size = 388, normalized size of antiderivative = 1., number of
number of rules _

- - =0.32

integrand size

b (Fg(e+fX)) " )

) 6d*(c + dx)PolyLog (3, - -

steps used = 13, number of rules used = 8, integrand size = 25,

b (Fg(e+fX>) "

a

6d%(c + dx)PolyLog (2, -

+
a2 f3g3n3log*(F) a2 f3g3n3log*(F)

b(Fgwﬁfﬂ)n b(FQWﬁf@)n
3d(c + dx)*PolyLog 2, —————— 6d°PolyLog 3, ——(——

a2 f2g?n? log*(F) C afiginilog'(F)
b(Fg(e"fx)) " b(pg(e+fX)) "
6d*PolyLog | 4, ——————— 3d(c + dx)* log | ———— + 1
+
a?fig'n* log*(F) a? f2g?n? log*(F)
b(FQWtﬁ@)n
(c + dx)log —+1
B B (c + dx)? . (c + dx)* . (c +dx)*
a? fgnlog(F) a®fgnlog(F) 4a2d afgnlog(F) (a+b (Fg(6+fx))")

Antiderivative was successfully verified.

[In] Int[(c + d*x)73/(a + b*(Fr(g* (e + £*x))) n)"r2,x]

[Out] (c + d*x)nr4/(4*ar2*d) - (c + d*x)A3/(ar2*f*g*n*Log[F]) + (c + d*x
yr3/(a*f*(a + b*(Fr(g*(e + £*x))) n)*g*n*Log[F]) + (3*d*(c + d*x)
A2*Log[1 + (b*(FAr(g* (e + £*x)))An)/a]l)/(ar2*fA2*gr2*nA2*Log[F]Ar2)
- ((c + d*x)A~3*Log[1 + (b*(Fr(g*(e + £*x)))" n)/a])/(ar2*f*g*n*Lo
g[F]) + (6*d”r2*(c + d*x)*PolyLog[2, -((b*(FAr(g*(e + f*x)))~7n)/a)]
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Y/ (ar2*£A3*gA3*nA3*Log[F]A3) - (3*d*(c + d*x)~2*PolyLog[2, -((b*(
Fr(g*(e + £*x)))An)/a)])/(ar2*fr2*gnr2*nr2*Log[F]Ar2) - (6*dr3*Poly
Log[3, -((b*(Fr(g*(e + £*x)))An)/a)])/(ar2*fr4*grda*nrd4*Log[F]r4)
+ (6*dr2* (¢ + d*x)*PolyLog[3, -((b*(FA(g*(e + £*x)))*n)/a)])/(ar2
*fA3*gn3*nA3*Log[F]”3) - (6*dAr3*PolyLog[4, -((b*(Fr(g*(e + £*x)))
An)/a)])/(ar2*frd4*grda*nrd4*Log[F]r4)

Rubi in Sympy [F(-1)]  time = 0., size = 0, normalized size = 0.

Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate((d*x+c)**3/(a+b* (F**(g*(f*x+e)))**n)**2,x)

[Out] Timed out

Mathematica [A] time = 3.57524, size = 0, normalized size = 0.

J (c +dx)® B
(av b (Foteo) ")

Verification is Not applicable to the result.

[In] 1Integrate[(c + d*x)A3/(a + b*(Fr(g*(e + £*x)))" n)"2,x]

[Out] Integrate[(c + d*x)73/(a + b*(FAr(g*(e + £*x)))An) 2, X]

Maple [B] time = 0.072, size = 2553, normalized size = 6.6
result too large to display

Verification of antiderivative is not currently implemented for this CAS.

[In] int((d*x+c)A3/(a+b* (FA(g* (£f*x+€)))rn)~r2,x)

[Oout] 6/n7r3/gr3/£A3/1n(F)Ar3/ar2*dr3*polylog(2,-b* (FA(g* (f*x+e)) ) n/a)*x
+6/n7r3/gA3/£A3/1n(F)r3/ar2*dr3*polylog(3,-b* (FA(g* (£f*x+e)) ) An/a)*
x+6/n73/gA3/£fA3/1In(F)Ar3/ar2*c*dr2*polylog(3,-b* (FA(g* (£*x+e)))An/
a)+6/nr3/gA3/£A3/1n(F)A3/ar2*c*dr2*polylog(2,-b* (FA(g* (£*x+e))) n
/a)-3/nr2/gr2/fr2/1n(F)r2/ar2*dr3*polylog(2,-b* (FA(g* (£*x+e)) ) n/
a)*xn2-3/nr2/grd/fr4/In(F)r4/ar2*dA3*1In(1+b* (FA(g* (f*x+e)))An/a)*
In(FAr(g* (£*x+e)))A2+3/gr2/£r2/1n(F)r2/ar2*c*dr2* In(FA(g* (£*x+e)))
A2*x-1/n/g/f/1n(F)/ar2*dr3*1In(a+b* (FA(g* (£*x+e)))An) *xA3+1/n/gr4/
fr4/1n(F)r4/ar2*dr3* In(a+b* (FA(g* (£*x+e)))rn) *1In(FAr(g* (£*x+e)) )13
+1/n/g/f/1In(F)/ar2*dr3*1In((FAr(g* (£*x+e)) ) n) *x~r3-1/n/gr4/£724/1n(F
Yrd/an2*dA3* In((FA(g* (£*x+e)) ) n) *In(FAr(g* (f*x+e)))A3-1/n/gr4/fr4
/In(F)rd/ar2*dA3*In(1+b* (FA(g* (£*x+e)))An/a) *In(FAr(g* (£*x+e)) )" 3-
3/n/gr3/£A3/1In(F)Ar3/ar2*c*dr2* In(FA(g* (£*x+e)))r2-3/n/gr3/£A23/1n(
F)r3/anr2*dr3*1In(FA(g* (£ x+e)))r2*x-3/nr2/gn2/£A2/1n(F)r2/ar2*dA3*
In((FA(g* (£ x+e)))rn) *xA2-3/nr2/grd/fAr4/1In(F)r4/ar2*dA3* In((FA(g*"
(f*x+e))) n) *In(FAr(g* (£*x+e)))r2+3/nr2/gr2/fr2/1n(F)r2/ar2*dAr3* 1n
(a+b* (FAr(g* (f*x+e)) ) n) *x"r2+3/nr2/gr4/fr4/1n(F)r4/ar2*dr3* In(a+b*
(FA(g* (£*x+e)))An) *In(FAr(g* (£*x+e)))Nr2-3/nr2/gr2/fr2/1In(F)r2/anr2*
cr2*d*polylog(2,-b* (FA(g* (f*x+e)))An/a)-3/nr2/gr2/£fAr2/1n(F)r2/anr2
*eA2*d*In((FA(g* (£ x+e)) ) n)+3/nr2/gr2/£r2/1n(F)r2/ar2*cr2*d* 1In(a
+b* (FA(g* (£*x+e))) n)-6*dr3*polylog(3,-b* (FA(g* (f*x+e)) ) rn/a)/anr2
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/frd/grd/nrd/In(F)r4-6*dr3*polylog(4,-b* (FA(g* (£*x+e)) ) rn/a)/ar2/
frd/grd/nrd/In(F)r4-3/n/gr2/£r2/1In(F)r2/anr2*cr2*d* In(1+b* (FA(g* (£
*x+e)))rn/a)*In(Fr(g* (£f*x+e)))-6/nr2/gr2/fr2/1n(F)r2/ar2*c*dr2*po
lylog(2,-b* (FA(g* (f£f*x+e)))rn/a) *x+3/n/gr3/£23/1In(F)Ar3/ar2*c*dr2*1
n(1l+b* (FA(g* (£*x+e)) ) n/a) *In(Fr(g* (£*x+e)))"r2+6/nr2/gr3/£A3/1n(F
YA3/anr2*dA3*In((FA(g* (£*x+e)) ) n) *In(FAr(g* (£*x+e))) *x-6/nr2/gr3/f
A3/1In(F)~3/ar2*dAr3*1In(a+b* (FA(g* (£f*x+e)))An) *In(FA(g* (£ *x+e))) *x+
6/n7"2/gr3/£A3/1n(F)Ar3/ar2*dA3* In(1+b* (FA(g* (£f*x+e)))~An/a) * In(FA (g
*(f*x+e))) *x-6/nr2/gr2/£fAr2/1In(F)r2/ar2*c*dr2* In((FA(g* (£*x+e)) ) n
)*x+6/nr2/gr3/fA3/1In(F)r3/ar2*c*dr2* In((FA(g* (£*x+e)))An) *1n(FAr (g
*(f*x+e)))+6/nr2/gnr2/fA2/1n(F)Ar2/ar2*c*dr2* In(a+b* (FA(g* (£ x+e)))
An)*x-6/nr2/gr3/fA3/1In(F)A3/ar2*c*dr2*In(a+b* (FA(g* (£f*x+e)) ) n)*1
n(FAr(g* (f*x+e)))+6/nr2/gr3/fA3/In(F)~r3/ar2*c*dr2* In(1+b* (FA(g* (£*
x+e))) n/a)*In(FA(g* (£*x+e)))+3/n/gr2/fr2/1In(F)r2/ar2*dr3*1In(a+b*
(FA(g* (£*x+e)))rn) *In(Fr(g* (£*x+e)) ) *x"r2-3/n/gr3/£r3/1In(F)r3/anr2*
dr3*1In(a+b* (FA(g* (£*x+e))) n) *In(FAr(g* (£*x+e)))r2*x-3/n/gr2/£f1r2/1
n(F)r2/ar2*dr3* In((FA(g* (£*x+e)))rn) *In(Fr(g* (£*x+e))) *x"2+3/n/gn
3/£fA3/1In(F)A3/ar2*dA3* In((FA(g* (£*x+€e)) ) n) *In(FA(g* (f*x+e)) ) 2*x
-3/n/gr2/£A2/1n(F)r2/ar2*dA3* In(1+b* (FA(g* (£*x+e)))rn/a) * In(Fr (g*
(f*x+e))) *x72+3/n/gr3/£23/1n(F)~3/ar2*d*r3* In(1+b* (FA(g* (£*x+e)) ) A
n/a)*1In(Fr(g* (£*x+e)))r2*x+3/n/g/£/1n(F)/ar2*c*dr2* In((FA(g* (£*x+
e)))rn)*xr2+3/n/gr3/£A3/1n(F)r3/ar2*c*dr2* In((FA(g* (£*x+e)) ) n)*1
n(FAr(g* (f*x+e)))"2-3/n/g/f/1In(F)/ar2*c*dr2* In(a+b* (FA(g* (f*x+€e)))
An) *xnr2-3/n/gr3/fA3/1In(F)Ar3/ar2*c*dr2*In(a+b* (FA(g* (£f*x+e)) ) n)*1
n(FA(g* (£f*x+e))) 2+3/n/g/£/1n(F)/ar2*cr2*d* In((FA(g* (£*x+e))) n)*
x-3/n/gnr2/£r2/1In(F)r2/ar2*cr2*d*In((FA(g* (£*x+e)) ) rn) *In(FAr(g* (£*
x+e)))-2/gNr3/f23/1n(F)r3/ar2*c*dr2*In(FAr(g* (£*x+e)) ) 3+2/n/gr4/£fr
4/1In(F)r4/anr2*dr3*In(Fr(g* (£*x+e)))73+1/n/g/f/In(F)/ar2*cAr3* In((F
AN(g*(f*x+e)))rn)-1/n/g/f/In(F)/ar2*cr3*In(a+b* (FA(g* (f*x+e))) n)+
3/2/gn2/f72/1n(F)r2/ar2*cAr2*d* In(FA(g* (£*x+e)) ) 2+3/2/gr2/£72/1n(
F)r2/anr2*dr3*1In(FAr(g* (£ x+e)))A2*xr2-2/g~r3/£Ar3/1n(F)~3/ar2*dr3* 1n
(Fr(g* (£*x+e)))73*x+1/n/g/f/1n(F)/a* (dA3*xA3+3*c*dr2*xr2+3*cr2*d*
x+c”3)/(a+b* (FAr(g* (£*x+e)) ) n)+3/4/gr4/£r4/1n(F)r4/ar2*dAr3* In(FA(
g* (f*x+e)))r4-3/n/g/f/1In(F)/ar2*cr2*d*In(a+b* (FA(g* (f*x+e))) n)*x
+3/n/gn2/fr2/1n(F)r2/ar2*cr2*d* In(a+b* (FA(g* (£*x+e)) ) n) * In(FAr (g*
(f*x+e)))-6/n/gr2/£r2/1n(F)r2/ar2*c*dr2* In((FA(g* (£*x+e)) )" n) *1n(
Fr(g*(£*x+e))) *x+6/n/gr2/£7r2/1n(F)r2/ar2*c*dr2* In(a+b* (FA(g* (£*x+
e))) ) "In(Fr(g* (£f*x+e)))*x-6/n/gr2/£Ar2/1In(F)r2/ar2*c*dr2* 1n(1+b*
(Fr(g" (£'x+e)) ) n/a) " In(FAr(g" (£*x+e))) "X

Maxima [F] time = 0., size = 0, normalized size = 0.

(Ff'9x+eg) "bra
log | ———
s 1 log (ngx+eg)
c + -
((Pf?x+eg)nabn-+a2n)fglog(F) a?fglog(F) a? fgnlog (F)

. d®x® + 3cd?x? + 3 cdx
(Ff9x)™(Fe9)"ab fgnlog (F) + a*fgnlog (F)
Id%@m@bg@)—3¥d+30ﬂﬁynbgdﬁ—dﬂxz+3k%ﬁ@nbg@%—mﬂﬂxd
+ x
(Ff9x)"(Fe9)"ab fgnlog (F) + a*fgnlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)A3/((FA((f*x + e)*g))An*b + a)”r2,x, algorithm="maxima"

[Out] cA3* (1/(((Fr(f*g*x + e*g))~rn*a*b*n + ar2*n)*f*g*log(F)) + log(Fr(
f*g*x + e*g))/(ar2*f*g*log(F)) - log(((Fr(f*g*x + e*g))~n*b + a)/
b)/(ar2*f*g*n*log(F))) + (dA3*xA3 + 3*c*dr2*xr2 + 3*cnr2*d*x)/((FA
(frg*x))An* (Fr(e*g))rn*a*b*f*g*n*log(F) + ar2*f*g*n*log(F)) + int
egrate((dr3*f*g*n*xA3*1log(F) - 3*cr2*d + 3*(c*dr2*f*g*n*log(F) -
dr3)*xA2 + 3*(cr2*d*f£rg*n*log(F) - 2*c*dr2)*x)/((FA(f*g*x))An* (FA
(e*g))rn*a*b*f*g*n*log(F) + ar2*f*g*n*log(F)), X)
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Fricas [A] time = 0.291846, size = 1877, normalized size = 4.84

result too large to display

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)A3/((FA((f*x + e)*g))An*b + a)A2,x, algorithm="fricas")

[Out] -1/4*(4* (a*dr3*er3 - 3*a*c*dr2*enr2*f + 3*a*cr2*d*e*fAr2 - a*cA3*fA
3)*gAr3*nA3*log(F)A3 - (a*dA3*fArd*gra*nid*xA4 + 4*a*c*dr2*Frda*gnra
nr4*xA3 + 6*a*cr2*d*fA4*grd*nrdrxA2 + 4¥a*cr3*fr47ghr4 nrdtx - (At
dr3*erd - 4*a*c*dr2*enr3*f + 6%a*cAr2¥d ¥ enr2*fA2 - 4¥a*cAr3F e fA3) g
4*nr4)*log(F)r4 - ((b*dA3*frd4*grd*nrd*xA4 + 4*b*c*dr2*fr4*grd*nrd
*XA3 4+ 6*b*cA2*d*fr47grd* nA4d*xA2 + 4*b*cA3¥fA4*grd4* nrdTx - (D*dAA3
*end - 4*b*c*dr2*er3*f + 6*b*cAr2*d*enr2*fA2 - 4*b*cA3*e*fA3)*gAd*n
r4)*log(F)A4 - 4* (b*dA3*fA3*gA3*nA3*xA3 + 3*b*c*dA2*fA3*gA3*nA3*x
A2 + 3*b*cAr2*d*£A3*gA3*nA3*x + (b*dA3*eAr3 - 3*b*c*dr2*er2*f + 3%b
*cA2rd¥ e £A2)*gA3*nA3) *log(F)A3) *FA(f*g*n*x + e*g*n) + 12*((a*dAr3
FEA2FGA2TNA2YXA2 + 2%atcTdA2F£A27gA27nA2¥X + a*cAr27dTEA27gA2¥nA2)
*1log(F)A2 + ((b*dA3*£A2*gA2*nA2*xA2 + 2*b*c*dA2*£fA2*gA2*nA2*x + b
*eA2xd*fA2*gA2*nA2)*log(F)Ar2 - 2*(b*dA3*f*g*n*x + b*c*dA2*f*g*n)*
log(F))*FA(f*g"n*x + e*g*n) - 2*(a*dr3*f*g"n*x + a*c*dr2*f*g*n)*1
og(F))*dilog(-(FA(f*g*n*x + e*g*n)*b + a)/a + 1) - 4*((a*dr3*er3
- 3*a*c*dr2*enr2*f + 3*a*cr2*d*e*fAr2 - a*cA3*£A3)*gA3*nA3*1log(F) A3
+ 3" (a*dAr3*er2 - 2*a*c*dr2fe*f + a*chr2*drfA2)*gA2'nA271og(F)A2 +
((b*dr3*er3 - 3*b*c*dr2*er2*f + 3*b*cAr2*d*e*fA2 - b*cAr3*fA3)*gA3
*nA3*log(F)~3 + 3*(b*dAr3*er2 - 2*b*c*dr2*e*f + b*cr2*d*fA2)*gA2*n
A2*1og(F)A2)*FA(f*g"™n*x + e*g*n)) " log(FA(f*g"n*x + e*g*n)*b + a)
+ 4" ((a*dAr3*fA3*gA3*nA3*xA3 + 3*a*c*dA2*fA3*gA3*nA3*xA2 + 3*a*cAh2
*d*£A3*gA3*nA3*x + (a*dAr3*er3 - 3*a*c*dr27er2*f + 3*a*cr2rdre*fA2
)*gA3*nA3)*log (F)A3 - 3*(a*dA3*fA2*gA2*nA2*xA2 + 2*a*c*dA2*fA2*gh
2*'nA2*x - (a*dr3*er2 - 2*a*c*dr2*e*f£)*gr2*nr2)*log(F)A2 + ((b*dA3
*fA3*gA3*nA3*xXA3 + 3*b*c*dA2*£A3*gA3*nA3*xA2 + 3*b*cAr2*d*fA3TgA3”
n?r3*x + (b*dA3*eA3 - 3*b*c*dAr2%er2*f + 3*b*cA2*d*e*fA2)*gA3*nA3)”
1og(F)A3 - 3*(b*dA3*fA2*gA2*nA2*xA2 + 2*b*c*dA2*fA2*gA2*nA2*x - (
b*dA3*enr2 - 2*b*c*dr2*e*f)*gr2*nAr2)*log(F)A2)*FA(Lf*g*n*x + e*g*n)
Y*log((FA(f*g*n*x + e*g*n)*b + a)/a) + 24*(FA(f*g*n*x + e*g*n)*b*
dr3 + a*da3)*polylog(4, -FA(f*g*n*x + e*g'n)*b/a) + 24*(a*dr3 + (
b*dA3 - (b*dA3*f*g*n*x + b*c*dA2*f*g*n)*log(F))*"FA(f*g*n*x + e*g”
n) - (a*dr3*f*g*n*x + a*c*dr2*f*g*n)*log(F))“polylog(3, -FA(f*g*n
*X + e*g*n)*b/a))/(FA(f*g*n*x + e*g*n)*ar2*b*fr4*grd*nrd4*log(F) 4
+ an3*frd*grg*nrd*log(F)r4)

Sympy [F] time = 0., size = 0, normalized size = 0.

¢® +3c2dx + 3cd’x? + d®x3
a*fgnlog (F) + abfgn (F9fx))" log (F)
I( 3c2d )dx+f(— 3d3x? )dx+f(— 6ed?x )dx+f *fgnlog (F)

_a+be29”10g(F)ef9"lX10g(F) a+beegnlog(F)ef gnxlog(F) a+beegnlog(F)ef gnxlog(F) a+be€egnlog(F)ef gnxlog(F)

afgnlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x+c)**3/(a+b* (F**(g*(f*x+€)))**n)**2,x)

[Out] (c**3 + 3*c**2*d*x + 3*c*d**2*x**2 + d**3*x**3)/(a**2*f*g*n*log(F
) + a*b*fr'g*n* (F**(g*(e + £*x)))**n*log(F)) + (Integral(-3*c**2*d

/(a + b*exp(e*g*n*log(F))*exp(f*g*n*x*1log(F))), x) + Integral(-3*
d**3*x**2/(a + b*exp(e*g*n*log(F))*exp(f*g*n*x*log(F))), x) + Int
egral(-6*c*d**2*x/(a + b*exp(e*g*n*log(F))“exp(f*g*n*x*1log(F))),

x) + Integral(c**3*f*g'n*log(F)/(a + b*exp(e*g*n*log(F))*exp(f*g*
n*x*1log(F))), x) + Integral(d**3*f*g*n*x**3*log(F)/(a + b*exp(e*g
*n*log(F))*exp(f*g*n*x*1log(F))), x) + Integral(3*c*d**2*f*g*n*x**
2*1og(F)/(a + b*exp(e*g*n*log(F))“exp(f*g*n*x*log(F))), x) + Inte
gral(3*c**2*d*f*g*n*x*log(F)/(a + b*exp(e*g*n*log(F))*exp(f*g*n*x
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"log(F))), x))/(a"f g n*log(F))

GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

I (dx +¢)° dx
((Ffx+09)" + a)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)A3/((FA((f*x + e)*g))An*b + a)”r2,x, algorithm="giac")

[Out] integrate((d*x + c)A3/((FA((f*x + e)*g)) n*b + a)r2, x)
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(c+dx)?
353 | (e 0

Optimal. Leaf size=294

b(Fg(ﬁfX)) " b(Fg(6+fx)) "
2d(c + dx)PolyLog | 2, -————— 2d*PolyLog | 2, ———————
+
a2 f2g2n?log?(F) a2 f3g3n3log’(F)
b(pgwffw)" b(Fgwffﬂ)n

2d*PolyLog |3, ——————|  2d(c + dx)log | ———— +1

+ +
a*f3g°n’ log’ (F) a? f2g*n? log*(F)
b(Fgwffﬂ)n

(c + dx)*log — +1

B B (c + dx)? . (c + dx)? .\ (c + dx)?
a’ fgnlog(F) a®fgnlog(F) 3a2d afgnlog(F) (a +b (F9(6+fX))”)

[Out] (c + d*x)A3/(3*ar2*d) - (c + d*x)r2/(ar2*f*g*n*Log[F]) + (c + d*x
yr2/(a*f*(a + b*(Fr(g*(e + £*x)))*n)*g*n*Log[F]) + (2*d*(c + d*x)
*Log[1l + (b*(Fr(g*(e + f£*x)))~rn)/a])/(ar2*fr2*gr2*nr2*Log[F]r2) -

((c + d*x)n2*Log[1 + (b*(Fr(g*(e + f£*x)))An)/a])/(ar2*f*g*n*Log[
F]) + (2*dr2*PolyLog[2, -((b*(FAr(g*(e + £*x)))~n)/a)])/(ar2*fr3*g
A3*nA3*Log[F]A3) - (2*d*(c + d*x)*PolyLog[2, -((b*(Fr(g*(e + £*x)
Y)An)/a)])/(ar2*£A2*gr2*nr2*Log[F]A2) + (2*dAr2*PolyLog[3, -((b*(F
A(g* (e + £*x)))An)/a)])/(ar2*£A3*gAr3* nA3*Log[F]A3)

Rubi [A] time = 1.11815, antiderivative size = 294, normalized size of antiderivative = 1., number of
number of rules _ 3¢

steps used = 11, number of rules used = 9, integrand size = 25, = -
integrand size

b(F9(8+fX>) " b(Fg(e+fx)) "
2d(c + dx)PolyLog | 2, —————— 2d*PolyLog | 2, ——————
a2 f2g2n? log?(F) a2 f3g3n3log’(F)
b(Fg@tfm)" b(pg@tfﬂ)n

2d*PolyLog |3, ——————|  2d(c +dx)log| ———— +1

+ +
a* f3g°n’ log*(F) a’ f2g*n* log"(F)
b(pg(e+fX)) "

(c +dx)*log | ————+1

B B (c + dx)? . (c + dx)? . (c + dx)?
afgnlog(F) a®fgnlog(F) 3a%d afgnlog(F) (a+b (Fg(e+fX))")

Antiderivative was successfully verified.

[In] Int[(c + d*x)"2/(a + b*(Fr(g*(e + £*x))) n)"2,x]

[Out] (c + d*x)A3/(3*ar2*d) - (c + d*x)nr2/(ar2*f*g*n*Log[F]) + (c + d*x
"2/ (a*f*(a + b*(Fr(g* (e + £*x)))*n)*g*n*Log[F]) + (2*d*(c + d*x)
*Log[1l + (b*(Fr(g*(e + £*x)))An)/a])/(ar2*fr2*gr2*nr2*Log[F]r2) -

((c + d*x)A2*Log[1 + (b*(FAr(g*(e + £*x)))~n)/a]l)/(ar2*f*g*n*Log|[
F]) + (2*dr2*PolyLog[2, -((b*(FAr(g*(e + £*x)))~rn)/a)])/(ar2*fr3*g
A3*nA3*Log[F]A3) - (2*d*(c + d*x)*PolyLog[2, -((b*(Fr(g*(e + £*x)
Y)An)/a)])/(ar2*fA2*ga2*nA2*Log[F]~2) + (2*dr2*PolyLog([3, -((b*(F
ANg*(e + £*x)))rn)/a)])/(ar2*£Ar3*gr3*nr3*Log[F]"3)

Rubi in Sympy [F(-1)]  time = 0., size = 0, normalized size = 0.

Timed out

Verification of antiderivative is not currently implemented for this CAS.



[In] rubi_integrate((d*x+c)**2/(a+b* (F**(g*(f*x+e)))**n)**2,x)

[Out] Timed out
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Mathematica [A]  time = 3.26952, size = 0, normalized size = 0.

J (c + dx)? dx
(a+b (Fotesf=)")*

Verification is Not applicable to the result.

[In] 1Integrate[(c + d*x)72/(a + b*(Fr(g*(e + £*'x)))" n)"2,x]

[Out] Integrate[(c + d*x)72/(a + b*(FAr(g*(e + £*x))) n) 2, Xx]

Maple [B] time = 0.05, size = 1251, normalized size = 4.3
result too large to display

Verification of antiderivative is not currently implemented for this CAS.

[In] int((d*x+c)Ar2/(a+b* (FA(g*(£f*x+€)))rn)~r2,x)

[Oout] 2/n/gr2/£A2/1n(F)r2/ar2*dr2* In(a+b* (FA(g* (£*x+e)))An)* In(FA(g* (£*

x+e))) *x-2/n/gr2/£fr2/1n(F)r2/ar2*dr2* In(1+b* (FA(g* (£*x+e)))rn/a)*
In(Fr(g* (f*x+e)))*x-2/n/gr2/fr2/1n(F)r2/ar2*c*d*In(1+b* (FA(g* (f*x
+e)))Arn/a) *In(FAr(g* (f*x+e)))+2/n/g/f/1In(F)/ar2*c*d* In((FAr(g* (£*x+
e))) ) *x-2/n/gr2/fr2/1In(F)r2/ar2*c*d* In((FA(g* (f*x+e)))An) *In(FA
(g*(f*x+e)))-2/n/g/£/1In(F)/ar2*c*d*In(a+b* (FA(g* (£f*x+e)) ) rn) *x+2/
n/gnr2/£r2/1In(F)r2/ar2*c*d*In(a+b* (FA(g* (£*x+e)) ) An) *In(FA(g* (£*x+
e)))-2/n/gr2/fr2/1In(F)r2/ar2*dr2*In((FAr(g* (£*x+e)) ) n) *In(FAr(g* (£
*x+e))) *x+2*dr2*polylog(2,-b* (FA(g* (£*x+e)))rn/a)/ar2/£r3/gr3/nr3
/In(F)A3+2*dr2*polylog(3,-b* (FA(g* (£f*x+e)))~n/a)/ar2/fr3/gr3/nr3/
In(F)A3+2/nr2/gr3/£A3/1n(F)A3/ar2*dr2* 1n(1+b* (FA(g* (£*x+e)) ) n/a)
*In(Fr(g* (£*x+e)))+2/nr2/gr2/£r2/1n(F)r2/ar2*dr2* In(a+b* (FA(g* (£
x+e)))An)*x-2/nr2/gA3/£A3/1n(F)r3/ar2*dr2* In(a+b* (FA(g* (£ x+e))) A
n)*In(Fr(g* (£*x+e)))-2/nr2/gn2/£A2/1n(F)r2/ar2*dr2* In((FA(g* (£ x+
e))) ) *x+2/nr2/gr3/fA3/In(F)Ar3/ar2*dA2* In((FA(g* (£*x+€e)))*n) * 1n(
FA(g*(£*x+e)))-2/nr2/gr2/fr2/1n(F)r2/ar2*dr2*polylog (2, -b* (FA(g* (
f*x+e)))rn/a)*x+1/n/g/£/In(F)/ar2*dr2*In((FA(g* (£*x+e)) ) An) *xr2+1
/n/gnh3/£A3/1In(F)Ar3/ar2*dA2* In((FA(g* (£ x+e)))An) *In(FAr(g* (£*x+e))
YA2-1/n/g/£/1n(F)/ar2*dr2* In(a+b* (FA(g* (£*x+e)) ) n) *x7r2-1/n/gr3/f
A3/1In(F)A3/ar2*dAr2*1In(a+b* (FA(g* (£f*x+e)))An) *In(FA(g* (f*x+e)) ) 2+
1/n/gA3/£r3/1n(F)A3/ar2*dr2* In(1+b* (FA(g* (£*x+e)))~n/a) *In(F A (g* (
f*x+e)))r2+2/nr2/gn2/£72/1n(F)r2/ar2*c*d* In(a+b* (FA(g* (£*x+€)) ) n
)-2/nr2/gr2/£r2/1n(F)Ar2/ar2*c*d*polylog(2,-b* (FA(g* (£*x+e)) ) An/a)
-2/nr2/gnh2/fr2/1n(F)r2/ar2*c*d*In((FA(g* (£f*x+e)) ) n)+1/n/g/f/1n(F
Y/a*(dr2*xA2+2*c*d*x+cr2)/ (a+b* (FA(g* (£*x+e)) ) n)+1/n/g/f/1n(F)/a
A2*en2* In((Fr(g* (f*x+e)))rn)-1/n/g/f/1In(F)/ar2*cr2* In(a+b* (FA(g* (
f*x+e)) ) rn)+1/gr2/£A2/1n(F)r2/ar2*c*d* In(Fr(g* (£*x+e)))r2+1/gr2/f
A2/1In(F)r2/ar2*dAr2*In(Fr(g* (£f*x+e)))Nr2*x-1/n/gr3/£A3/1In(F)Ar3/anr2*
dr2*In(Fr(g* (£*x+e)))r2-2/3/gnr3/£A3/1In(F)r3/ar2*dr2* In(FA(g* (£*x+
e)))"3
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Maxima [F] time = 0., size = 0, normalized size = 0.

(nyfwg)"b+a
log 5
2 : log (/9749
+ f—
((Ffox+e9)"abn + a2n) fglog (F)  a*fglog(F) a’fgnlog (F)

. d’x% + 2 cdx
(Ff9x)"(Fe9)"ab fgnlog (F) + a2 fgnlog (F)
. J’ d?fgnx*log(F) —2cd + 2 (cdfgnlog (F) — d*) x i
(Ff9x)"(Fe9)"abfgnlog (F) + a? f gnlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)*2/((FA((f*x + e)*g)) n*b + a)”r2,x, algorithm="maxima"

[Out] cr2* (1/(((FA(f*g*x + e*g))rn*a*b*n + ar2*n)*f*g*log(F)) + log(Fr(
f*g*x + e*g))/(ar2*f*g*log(F)) - log(((FA(f*g*x + e*g))~n*b + a)/
b)/(ar2*f*g*n*log(F))) + (dr2*xr2 + 2*c*d*x)/((FAr(f*g*x))An* (FAr (e
*g))rn*a*b*f*g*n*log(F) + ar2*f*g*n*log(F)) + integrate((dr2*f*g*
n*xA2*log(F) - 2*c*d + 2*(c*d*f*g*n*log(F) - dr2)*x)/((Fr(f*g*x))

An* (FA(e*g))Mn*a*b*f*g*n*log(F) + ar2*f*g*n*log(F)), x)

Fricas [A]  time = 0.283127, size = 1126, normalized size = 3.83

result too large to display

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)*2/((FA((f*x +e)*g))An*b + a)”r2,x, algorithm="fricas")

[Out] 1/3*(3*(a*dr2*enr2 - 2*a*c*d*e*f + a*cA2*fA2)*gr2*nAr2*1og(F)r2 + (
a*dA2*fA3*gA3*nA3*xA3 + 3*a*c*d*fA37gA3*nA3*xA2 + 3*atcr2¥fA3%gA3
*nA3*x + (a*dAr2¥er3 - 3*a*c*d*er2*f + 3*a*cAr2'e*fA2)*gA3*nr3)*log
(F)A3 + ((b*dr2*£fA3*gr3*nA3*xA3 + 3*b*c*d*fA3*gr3*nA3*xA2 + 3*b*c
A2*fA3*gA3*nA3*x + (b*dr2*er3 - 3*b*c*d*er2*f + 3*b*cA2¥e*fA2)*gh
3*nA3)*1log(F)A3 - 3*(b*dA2*fA2*gA2*nA2*xA2 + 2*b*c*d*fA2*gr2*nAr2*
x - (b*dr2*enr2 - 2*b*c*d*e*f)*gr2*nr2)*log(F)A2)*FA(f"g* n*x + e*g
*n) + 6*(a*dr2 + (b*dr2 - (b*dr2*f*g*n*x + b*c*d*f*g*n)*log(F))*F
A(f*g*n*x + e*g*n) - (a*dr2*f*g*n*x + a*c*d*f*g*n)*log(F))*dilog(
-(FA(f*g*n*x + e*g*n)*b + a)/a + 1) - 3*((a*dr2*er2 - 2*a*c*d*e*f
+ a*cA2*fA2)*gr2*nr2*log(F)A2 + 2*(a*dr2*e - a*c*d*f)*g*n*log(F)
+ ((b*dr2*enr2 - 2*b*c*d*e*f + b*cr2*fA2)*gA2*nr2*1log(F)~2 + 2* (b
*dr2*e - b*c*d*f)*g'n*log(F))*FA(f*g*'n*x + e*g"n))*log(FAr(f*g*'n*x
+ e*g'n)*b + a) - 3*((a*dr2*£A2FgA2*nA2*xA2 + 2%a*c*d*fA2*gA2¥nA
2*x - (a*dnr2*er2 - 2*a*c*d*e*f)*gnr2*nA2)*log(F)Ar2 + ((b*dr2*fA2*g
A2*NA2*xXA2 + 2*b*c*d*fA2*gr2*nr2*x - (b*dAr2*er2 - 2*b*c*d*e*f)*gh
2*nAr2)*log(F)r2 - 2*(b*dr2*f*g*n*x + b*dA2*e*g™n)*log(F)) *FAr(f*g*
n*x + e*g'n) - 2*(a*dr2*f*g*n*x + a*dr2*e*g*n)*log(F)) *log((FAr (L™
g*n*x + e*g*n)*b + a)/a) + 6*(FA(f*g*n*x + e*g*n)*b*dr2 + a*dr2)*
polylog(3, -FA(f*g*n*x + e*g*n)*b/a))/(FA(f*g*n*x + e*g*n)*anr2*b*
fA3*gr3*nA3*log(F)A3 + ar3*£A3*gA3*nA3*1og(F)A3)

Sympy [F] time = 0., size = 0, normalized size = 0.

c? + 2cdx + d%x?
afgnlog(F) + abfgn (F9(+f%)" log (F)
J‘( 2¢d ) dx + j (_ 2d?x ) dx + J' — c?fgnlog (F) dx+f d*f gnx? log (F) dx -

_a+beegnlog(F)efgnxlog(F) a+beegnlog(F) of gnxlog(F) egnlog(F) ¢ f gnxlog (F) a+beegnlog(F) of gnxlog(F)

afgnlog(F)
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Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x+c)**2/(a+b* (F**(g*(f*x+e)))**n)**2,x)

[Out] (c**2 + 2*c*d*x + d**2*x**2)/(a**2*f*g*n*log(F) + a*b*f*g*n* (F**(
g*(e + £*x)))**n*log(F)) + (Integral(-2*c*d/(a + b*exp(e*g*n*log(
F))*exp(f*g*n*x*log(F))), x) + Integral(-2*d**2*x/(a + b*exp(e*g*
n*log(F))*exp(f*g*n*x*log(F))), x) + Integral(c**2*f*g*n*log(F)/(

a + b*exp(e*g*n*log(F))*exp(f*g*n*x*1log(F))), x) + Integral(d**2*
f*g*n*x**2*1log(F)/(a + b*exp(e*g*n*log(F)) *exp(f*g*n*x*1log(F))),

x) + Integral(2*c*d*f*g*n*x*log(F)/(a + b*exp(e*g*n*log(F)) “exp(f
*g*n*x*log(F))), x))/(a*f*g*n*log(F))

GIAC/XCAS [F]  time = 0., size = 0, normalized size = 0.

I (dx + c)? dx
((Ffx+99) " + a)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)22/((FA((f*x + e)*g))An*b + a)”r2,x, algorithm="giac")

[Out] integrate((d*x + c)A2/((FA((f*x + e)*g)) n*b + a)r2, x)
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c+dx d
X
J (a+b(Fate+f)")?

3.54

Optimal. Leaf size=191

b(pg@ffﬂ)" b(FQWtﬁﬂ)n
dPolyLog |2, —————— (c +dx)log | ——F— +1 dlog (a ‘b (Fg(e+fx)) n)
afigntlogh(F) a? fgnlog(F) a2 f2g2n? log?(F)
(c + dx)? dx c+dx

2a02d a’ fgnlog(F) i afgnlog(F) (a +b (Fg(e+fx)) ")

[Out] (c + d*x)~r2/(2*ar2*d) - (d*x)/(ar2*f*g*n*Log[F]) + (c + d*x)/(a*f
*(a + b*(Fr(g* (e + £*x)))rn)*g*n*Log[F]) + (d*Log[a + b*(Fr(g* (e

+ £*x)))An])/(ar2*£A2*gAr2*nr2*Log[F]72) - ((c + d*x)*Log[1l + (b*(
Fr(g*(e + £*x)))*n)/a])/(ar2*f*g*n*Log[F]) - (d*PolyLog[2, -((b*(
Fr(g*(e + £*x)))An)/a)])/(ar2*fr2*gnrn2*nr2*Log[F]A2)

Rubi [A] time = 0.56891, antiderivative size = 191, normalized size of antiderivative = 1., number of
number of rules _  47¢

steps used = 11, number of rules used = 11, integrand size = 23, = -
integrand size

b(Fg(e+fX)) " b(py(e+fx)) "
dPolyLog |2, —————— (c+dx)log | ——F— +1 dlog (a ‘b (Fg(e+fx)) n)
- +
a? f2g2n? log’ (F) a?fgnlog(F) a? f2g*n? log*(F)
(c + dx)? dx c+dx

2a02d a’fgnlog(F) " afgnlog(F) (a +b (Fg(e+fx)) ”)

Antiderivative was successfully verified.

[In] Int[(c + d*x)/(a + b*(FA(g*(e + £*x)))An)r2,x]

[Out] (c + d*x)nr2/(2*ar2*d) - (d*x)/(ar2*f*g*n*Log[F]) + (c + d*x)/(a*f
*(a + b*(Fr (g™ (e + £*x))) M) *g*n*Log[F]) + (d*Logl[a + b* (FA(g~ (e

+ £*x)))An])/(ar2*£A2*gA2*nA2*Log[F]A2) - ((c + d*x)*Log[1 + (b*(
Fr(g*(e + £*x)))*n)/a])/(ar2*f*g*n*Log[F]) - (d*PolyLog[2, -((b*(

Fr(g (e + £*x)))An)/a)])/(ar2*fAr2*gr2*nr2*Log[F]Ar2)

Rubi in Sympy [F]  time = 0., size = 0, normalized size = 0.

dx log (1 + _b(Fg<e+fx))n)

c+dx . d fx dx ~ 4
afgn (a+ b (F9e0)") log (F) a? a?fgnlog (F)
dx log (a +b (Fg(“fx)) n) dxlog ((Fg(e+fX)) n)
2 fgnlog () 2 gnlog ()

b(Fg(6+fx)) " )

dlog(a+b(F9<e+fx>)") dlog((pg(e+fx))n) dLiZ(— a

+ p—
a2 f2g?nlog (F)’ a?f2g?n? log (F)* a?f2g2n? log (F)*
(c+dx)log (a+b (FHe)") (¢ +dx)log (o))
B @ fgnlog (F) : @ fgnlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((d*x+c)/(a+b* (F**(g*(f*x+e)))**n)**2,x)
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[Out] (c + d*x)/(a*f*g*n*(a + b*(F**(g*(e + £*x)))**n)*log(F)) + d*Inte
gral(x, x)/a**2 - d*x*log(l + b*(F**(g*(e + £*x)))**n/a)/(a**2*f*
g*n*log(F)) + d*x*log(a + b*(F**(g*(e + £*x)))**n)/(a**2*f*g*n*1o

g(F)) - d*x*log((F**(g*(e + £*x)))**n)/(a**2*f*g*n*log(F)) + d*lo

g(a + b*(F**(g*(e + f*X)))**n)/(a**z*f**z*g**z*n**z*log(F)**z) -
d*log((F**(g*(e + f*X)))**n)/(a**z*f**Z*g**z*n**z*log(F)**2) - d*
polylog(2, -b*(F**(g*(e + £*x)))**n/a)/(a**2*f**2*g**2*n**2*1log(F

Y**2) - (¢ + d*x)*log(a + b*(F**(g*(e + £*x)))**n)/(a**2*f*g*n*1o

g(F)) + (c + d*'x)"log((F**(g*(e + £*x)))**n)/(a**2*f*g*n*log(F))

Mathematica [A] time = 90.7211, size = 0, normalized size = 0.

J c+dx

> dx
(a+b (Folerf0)™)
Verification is Not applicable to the result.

[In] 1Integrate[(c + d*x)/(a + b*(FA(g*(e + £*x)))An)r2,x]

[Out] Integrate[(c + d*x)/(a + b*(FA(g*(e + £*x)))* n) 2, x]

Maple [B] time = 0.085, size = 437, normalized size = 2.3

cln((Fg(f’”e))n) cln (a+ b (Fg(f’”e)) n)

dx +
af (a+b(F9()fo+:))n) gnln(F) ’ In(F)a’fgn In (F)a?fgn
b (o) "\ din (o= )
“ergnmey T a | angn ey
dIn (a+b(F9<fx+e>) ) ~din (F9<fx+e>) " b(Fg(fx+e>)
a2 f2g?n? (In (F))* (In (F))* af2g®n a
dIn ((Fg(fx+e>)") x dln ((F9(fx+e>) ) In (F9<fx+e>) dIn (a b (Fg(fx+e>) ) x
In(F)a’fgn (In (F))* a®f2¢n - In(F)a®fgn
dln (a+ b (Fotx+e) ) In (FU~+9)  d(In (P} ’
(In (P @f?g%n "2 ) afig

Verification of antiderivative is not currently implemented for this CAS.

[In] int((d*x+c)/(a+b* (FA(g* (f*x+e))) n)"r2,x)

[Out] (d*x+c)/a/f/(a+b* (FA(g* (f*x+e))) n)/g/n/1In(F)+1/1n(F)/ar2/f/g/n*c
*In((FAr(g* (£f*x+e)))*n)-1/1In(F)/ar2/f/g/n*c*In(a+b* (FA(g* (f*x+e)))
An)-d*polylog(2,-b* (FA(g* (£f*x+e)))rn/a)/ar2/fr2/gr2/nr2/1n(F)r2-1
/In(F)r2/anr2/£r2/gr2/nr2*d* In((FA(g* (£ x+e)))rn)+d* In(a+b* (FA(g* (
f*x+e)))rn)/ar2/£r2/gAr2/nr2/1In(F)r2-1/1In(F)r2/ar2/£r2/gAr2/n*d* 1n(

1+b* (FAr(g* (£f*x+e)))An/a) *In(Fr(g* (£f*x+e)))+1/1n(F)/ar2/f/g/n*d* 1n
((Fr(g* (£f*x+e))) n) *x-1/1In(F)r2/ar2/fr2/gr2/n*d* In((FA(g* (£f*x+e))

YAn) *1In(FA(g* (£*x+e)))-1/1n(F)/ar2/f/g/n*d* In(a+b* (FA(g* (£*x+e)))

An) *x+1/1In(F)r2/ar2/£r2/gAr2/n*d* In(a+b* (FA(g* (£*x+e)) ) An) *1In(FAr (g
*(f£f*x+e)))+1/2/1n(F)r2/ar2/£r2/gr2*d* In(FA(g* (£ x+e) ) ) A2
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Maxima [F] time = 0., size = 0, normalized size = 0.

J x . J fgnxlog(F) -1 dx
(Ff9x)"(Fe9)"abfgnlog (F) + a?fgnlog (F) J (F/9%)"(F9)"abfgnlog (F) + a?fgnlog (F)
1 log (ngx+eg)

s
+c + -

((ngx+eg) "abn + azn) fglog (F) a?fglog (F) a? fgnlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + ¢)/((FA((f*x + e)*g)) n*b + a)72,x, algorithm="maxima"

[Out] d* (x/((FA(f*g*x))rn* (Fr(e*g))rn*a*b*f*g*n*log(F) + ar2*f*g*n*log(
F)) + integrate((f*g*n*x*log(F) - 1)/((FA(f*g*x)) n* (Fr(e*g))~ n*a
*p*f*g*n*log(F) + ar2*f*g*n*log(F)), x)) + c*(1/(((Fr(f*g*x + e*g
Y)An*a*b*n + ar2*n)*f*g*log(F)) + log(FA(f*g*x + e*g))/(ar2*f*g*1
0g(F)) - log(((FA(f*g*x + e*g)) n*b + a)/b)/(ar2*f*g*n*log(F)))

Fricas [A] time = 0.267044, size = 540, normalized size = 2.83

2 (ade — acf)gnlog (F) — (ad f2g*n*x* + 2 acf?g?n’x — (ade® — 2 acef) g?n?) log (F)* — ((bdf?g*n®x* + 2 be f2g*n’x —

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + ¢)/((FA((f*x + e)*g)) n*b + a)”2,x, algorithm="fricas")

[Out] -1/2*(2*(a*d*e - a*c*f)*g*n*log(F) - (a*d*fA2*gr2*nr2*x"2 + 2*a*c
*fA27gA2'nA27x - (a*d¥er2 - 2%a*cre*f)*gAr2*nr2)*log(F)A2 - ((b*d*
fA2*gA2*NA2*XA2 + 2*b*c*fA2*gA2*nA2*x - (b*d*er2 - 2*b*c*e*f)*gAh2
*nr2)*log(F)~2 - 2*(b*d*f*g*n*x + b*d*e*g*n)*log(F))*FA(f*g*n*x +
e*g'n) + 2*(FA(f*g*n*x + e*g*n)*b*d + a*d)*dilog(-(FA(f*g"n*x +
e*g*n)*b + a)/a + 1) - 2*((a*d*e - a*c*f)*g*n*log(F) + ((b*d*e -
b*c*f)*g*n*log(F) + b*d)*FA(f*g*n*x + e*g*n) + a*d)*log(FA(f*g*n*
X + e*g'n)*b + a) + 2*((b*d*f*g*n*x + b*d*e*g*n)*FA(f*g*n*x + e*g
*n)*log(F) + (a*d*f*g"n*x + a*d*e*g*n)*log(F)) log((FA(f*g*"n*x +
e*g*n)*b + a)/a))/(FA(f*g*n*x + e*g*n)*ar2*b*fAr2*gr2*nr2*1log(F)N2
+ anr3*fA2*gr2*nA2*1log(F)A2)

Sympy [F]  time = 0., size = 0, normalized size = 0.

c+dx
afgnlog(F) + abfgn (F9(+f*)" log (F)
d cfgnlog(F) df gnxlog (F)
f (_a+beegnlog<F>efgnxlog<F>) dx + f arbeegniog(F) of gnxlog (F) dx + I arbeegnlog(F)gf gnxiog(F) dx

afgnlog (F)
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x+c)/(a+b* (F**(g*(f*x+€)))**n)**2,x)

[Out] (c + d*x)/(a**2*f*g*n*log(F) + a*b*f*g*n*(F**(g*(e + £*x)))**n*1lo
g(F)) + (Integral(-d/(a + b*exp(e*g*n*log(F)) exp(f*g*n*x*log(F))
), X) + Integral(c*f*g*n*log(F)/(a + b*exp(e*g*n*log(F)) *exp(f*g*
n*x*1log(F))), x) + Integral(d*f*g*n*x*log(F)/(a + b*exp(e*g*n*log
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(F))*exp(frg'n*x*1log(F))), x))/(a*f*g"n*log(F))

GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

dx +c
‘[ ~ > dx
((FF~9)"b )

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + ¢)/((FA((f*x + e)*g)) n*b + a)”2,x, algorithm="giac")

[Out] integrate((d*x + c)/((FA((f*x + e)*g)) n*b + a)r2, x)
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1 dx

355 | IO

Optimal. Leaf size=74

log (a +b (Fg(‘f*fx)) ”) . .
pa— + —_—
a* f gnlog(F) P fgnlog(F) (a+ b (Fotef)™)

[out] x/ar2 + 1/(a*f*(a + b*(FA(g* (e + £*x)))*n)*g*n*Log[F]) - Logl[a +
b* (FA(g* (e + £*x)))An]/(ar2*£*g*n*Log[F])

Rubi [A] time = 0.108203, antiderivative size = 74, normalized size of antiderivative = 1., number of

number of rules _ 174

steps used = 4, number of rules used = 3, integrand size = 17, = -
integrand size

log(a4—b(F9@ffﬂ)") . .
pa— + —_—
a’ f gnlog(F) @G fgnlog(F) (a+ b (Fotef)™)

Antiderivative was successfully verified.

[In] Int[(a + b*(FA(g*(e + £*x))) n)r(-2),x]

[Oout] x/ar2 + 1/(a*f*(a + b*(FA(g* (e + £*x))) n)*g*n*Log[F]) - Logla +
b* (FA(g* (e + £*x)))*n]/(ar2*f*g*n*Log[F])

Rubi in Sympy [A]  time = 20.2427, size = 75, normalized size = 1.01

! log (a+ b (P21 n) log ((Fote/) ”)

afgn(a+b(F9®) ) log(F)  afgnlog() = afgnlog(F)

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(1l/(a+b*(F**(g* (f*x+e)))**n)**2,x)

[Oout] 1/(a*f*g*n*(a + b*(F**(g*(e + £*x)))**n)*log(F)) - log(a + b*(F**
(g"(e + £'x)))*"n)/(a**2"f£"g"n*log(F)) + log((F*"(g"(e + £'x)))""
n)/(a**2*f*g*n*log(F))

Mathematica [A] time = 0.192189, size = 68, normalized size = 0.92

a 3 10g(a+b(F9(E*fx)) )
af gnlog(F)+bf gnlog(F)(Fe9+/9x)" fgnlog(F)
2
a

+ X

Antiderivative was successfully verified.

[In] 1Integrate[(a + b*(FA(g*"(e + £*x)))*n)Ar(-2),x]

[out] (x + a/(a*f*g*n*Log[F] + b*f*(Fr(e*g + £*g*x)) n*g*n*Log[F]) - Lo
gla + b*(FA(g" (e + £*x))) n]/(f*g"n*Log[F]))/ar2
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Maple [A] time = 0.003, size = 99, normalized size = 1.3

In ((Fg(fx”")) n) In (a +b (Fg(f’”"’)) n) 1

ngf In(F) a? ngf In (F) a? * af (a+b (F9¢x+)") gnln (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] int(1/(a+b* (FA(g* (£*x+e)))An)A2,x)

[Out] 1/g/f/1In(F)/n/ar2*1In((Fr(g* (£f*x+e)) ) n)-1n(a+b* (FA(g* (£*x+e)))"n)
/ar2/f/g/n/1In(F)+1/a/£/(a+b* (FA(g* (£*x+e)))*n)/g/n/1In(F)

Maxima [A] time = 0.773008, size = 135, normalized size = 1.82

(ngx*69)nb+a
log 5
1 log (ngx+eg)
+ f—
((Ff9x+e9)"abn + a2n) fglog (F)  a*fglog(F) a’fgnlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))~n*b + a)~(-2),x, algorithm="maxima"

[Oout] 1/(((FA(f*g*x + e*g))An*a*b*n + ar2*n)*f*g*log(F)) + log(FA(f*g*x
+ e*g))/(ar2*f*g*log(F)) - log(((FA(f*g*x + e*g))rn*b + a)/b)/(a
A2*f*g*n*log(F))

Fricas [A]  time = 0.27551, size = 135, normalized size = 1.82

Ffonx+egnp £anx log (F) + afgnx log (F) — (F/9nx*¢9np + g) log (F/9"**¢9"b + a) + a
ngnx+egna2bfgn 10g (F) + a3fgrl 10g (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))~n*b + a)~r(-2),x, algorithm="fricas")

[Out] (FA(f*g*n*x + e*g*n)*b*f*g*n*x*log(F) + a*f*g*n*x*log(F) - (Fr(f*
g*n*x + e*g*n)*b + a)*log(FA(f*g*n*x + e*g*n)*b + a) + a)/(Fr(f*g
n*x + e*g*n)*ar2*b*f*g*n*log(F) + ar3*f*g*n*log(F))

Sympy [A]  time = 0.427752, size = 66, normalized size = 0.89

n
1 , log (% + (Fg(‘”fx)) )

+
a*fgnlog (F) + abfgn (F9fx))" log (F) a* a?fgnlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(l/(a+b* (F**(g*(f*x+e)))**n)**2,x)

[Oout] 1/(a**2*f*g*n*log(F) + a*b*f*g*n* (F**(g*(e + £*x)))**n*log(F)) +
x/a**2 - log(a/b + (F**(g*(e + £*x)))**n)/(a**2*f*g*n*log(F))
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GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

1
I n 2 dx
((FUx+e)9)"p + a)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))An*b + a)~(-2),x, algorithm="giac")

[Out] integrate(((FA((f*x + e)*g))An*b + a)r(-2), x)
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1
3.96 J (a+b(F9(e+fx))n)2(c+dx) dx

Optimal. Leaf size=29

Int ! 7
(c +dx) (a + b (Feg+f9x) n)

X

[Out] Unintegrable[1/((a + b*(Fr(e*g + f*g*x)) n)"r2*(c + d*x)), X]

Rubi [A]  time = 0.200273, antiderivative size = 0, normalized size of antiderivative = 0., number of

steps used = 0, number of rules used = 0, integrand size = 0, W =0.
integrand size

1
Int » X

(a+b (Folef0)™) 2 (c + dx)

Verification is Not applicable to the result.

[In] Int[1/((a + b*(FA(g*(e + £*x)))An)A2* (c + d*x)),x]

[Out] Defer[Int][1/((a + b*(Fr(e*g + £*g*x)) n)"2*(c + d*x)), x]

Rubi in Sympy [A] time = 0., size = 0, normalized size = 0.

1
I — dx
(a+0b(Fe9+f9x)™)* (c + dx)
Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(1/(a+b* (F**(g* (f*x+e)))**n)**2/(d*x+c),x)

[Out] Integral(l/((a + b*(F**(e*g + f*g*x))**n)**2*(c + d*x)), Xx)

Mathematica [A]  time = 1.46215, size = 0, normalized size = 0.

1
j — dx
(a+b (F9terf0)")% (c + dx)

Verification is Not applicable to the result.

[In] Integrate[1/((a + b* (FA(g* (e + £*x))) n)A2*(c + d*x)),x]

[Out] Integrate[l/((a + b*(FA(g*(e + £*x)))An)"r2*(c + d*x)), X]

Maple [A] time = 0.415, size = 0, normalized size = 0.

1
I — dx
(a+ b (F9UFx+e))™) " (dx + c)

Verification of antiderivative is not currently implemented for this CAS.
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[In] int(1/(a+b* (FA(g* (£f*x+e)))rn)~r2/(d*x+c),X)

[Out] int(1/(a+b* (FA(g* (£f*x+e)))An)A2/(d*x+c),x)

Maxima [A]  time = 0., size = 0, normalized size = 0.

1
a?df gnx log (F) + a?c fgnlog (F) + (Fe9)"abd f gnx log (F) + (F¢9)"abc f gn log (F))(Ff9x) "
+J dfgnxlog(F) + cfgnlog(F) +d
a*d? fgnx?log (F) + 2 a?cd f gnx log (F) + a®c? fgnlog (F) + ((F¢9)"abd? f gnx? log (F) + 2 (F¢9)" abcd f gnx log (F) + (Fe

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/(((FA((f*x + e)*g))rn*b + a)A2*(d*x + c)),x, algorithm="maxima"

[Out] 1/(ar2*d*f*g*n*x*1log(F) + ar2*c*f*g*n*log(F) + ((FAr(e*g)) n*a*b*d
*f*g*n*x*1og(F) + (Fr(e*g))*n*a*b*c*f*g*n*log(F))*(FA(£f*g*x)) n)

+ integrate((d*f*g*n*x*log(F) + c*f*g*n*log(F) + d)/(ar2*dr2*f*g*
n*xA2*1log(F) + 2*anr2*c*d*f*g*n*x*log(F) + ar2*cr2*f*g*n*log(F) +
((Fr(e*g))Mn*a*b*dr2*f*g*n*x"r"2*1log(F) + 2*(FAr(e*g)) n*a*b*c*d*f*g
*n*x*log(F) + (FAr(e*g)) n*a*b*cr2*f*g*n*log(F))* (FA(f*g*x)) n), X

)

Fricas [A] time = 0., size = 0, normalized size = 0.

1
integral - ~, X
a?dx + a’c + (b2dx + b2c)(Ff9x+€9)"" + 2 (abdx + abc)(F/9x+e9)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/(((FA((f*x +e)*g))*n*b + a)r2*(d*x + c)),x, algorithm="fricas")

[Out] integral(1l/(ar2*d*x + ar2*c + (bAr2*d*x + bA2*c)* (FA(f'g*x + e*g))
A(2*n) + 2*(a*b*d*x + a*b*c)* (FA(f*g*x + e*g))~n), X)

Sympy [F(-1)]  time = 0., size = 0, normalized size = 0.
Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(l/(a+b* (F**(g*(f*x+e)))**n)**2/(d*x+c),x)

[Out] Timed out

GIAC/XCAS [A] time = 0., size = 0, normalized size = 0.

1
I ((Ffx+€)9)"b + a) *(dx + c)

dx

Verification of antiderivative is not currently implemented for this CAS.
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[In] integrate(1/(((FA((f*x +e)*g))*n*b + a)~2*(d*x + c)),x, algorithm="giac")

[Out] integrate(1/(((FA((f*x + e)*g))2n*b + a)A2*(d*x + c)), X)
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1
3.57 J (a+b(Foerf))")*(c+dx)2

Optimal. Leaf size=29

Int !
((c +dx)? (a + b (Feg+f9x) n)

2’x

[Out] Unintegrable[1/((a + b*(Fr(e*g + f*g*x)) n)"r2*(c + d*x)"2), x]

Rubi [A]  time = 0.184984, antiderivative size = 0, normalized size of antiderivative = 0., number of

steps used = 0, number of rules used = 0, integrand size = 0, W =0.
integrand size

1

Int 7 )
(a+b (F9erf0)™) 7 (c + dx)?

X

Verification is Not applicable to the result.

[In] Int[1/((a + b*(FA(g*(e + £*x)))An)A2* (c + d*x)A2),x]

[Out] Defer[Int][1/((a + b*(FAr(e*g + £*g*x))rn)r2*(c + d*x)"2), X]

Rubi in Sympy [A] time = 0., size = 0, normalized size = 0.

1
I — > dx
(a+0b(Fe9+f9x)™)" (c + dx)
Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(1/(a+b* (F**(g* (f*x+e)))**n)**2/(d*x+c)**2,x)

[Out] Integral(l/((a + b*(F**(e*g + f*g*x))**n)**2*(c + d*x)**2), x)

Mathematica [A] time = 1.5098, size = 0, normalized size = 0.

1
J ny 2 dx
(a+0b (FIe /)" (c + dx)?

Verification is Not applicable to the result.

[In] Integrate[1/((a + b*(FA(g*(e + £*x)))An)A2* (c + d*x)A2),x]

[Out] Integrate[1l/((a + b*(FA(g*(e + £*x)))An)A2* (c + d*x)"2), x]

Maple [A]  time = 0.219, size = 0, normalized size = 0.

1
J — dx
(a+b (FIFx+9)™)" (dx + c)

Verification of antiderivative is not currently implemented for this CAS.
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[In] int(1/(a+b* (FA(g* (£f*x+e)))rn)~r2/(d*x+c)"2,X)

[Out] int(1/(a+b* (FA(g* (£f*x+e))) n)"r2/(d*x+c)r2,x)

Maxima [A]  time = 0., size = 0, normalized size = 0.

1

a’d? fgnx?log (F) + 2 a?cd f gnx log (F) + a?c? fgnlog (F) + (F¢9)"abd? f gnx? log (F) + 2 (F¢9)" abcd f gnx log (F) + (F¢9)"
dfgnxlog(F) + cfgnlog(F) + 2d

+
J a’d? f gnx3log (F) + 3 a?cd? f gnx? log (F) + 3 a?c?d f gnx log (F) + a?c3® fgnlog (F) + ((F¢9)" abd? f gnx3 log (F) + 3 (F¢9)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/(((FA((f*x + e)*g))rn*b + a)A2*(d*x + c)*2),x, algorithm="maxima"

[Out] 1/(ar2*dr2*f*g*n*xr"2*1og(F) + 2*ar2*c*d*f*g*n*x*log(F) + an2*cr2*
f*g*n*log(F) + ((FA(e*g))An*a*b*dr2*f*g*n*x"2*1og(F) + 2*(Fr(e*g)
YAn*a*b*c*d*f*g*n*x*1log(F) + (FA(e*g))rn*a*b*cAr2*f*g*n*log(F))* (F
A(f*g*x))rn) + integrate((d*f*g'n*x*log(F) + c*f*g*n*log(F) + 2*d
Y/ (ar2*dr3*f*g*n*xA3*1og(F) + 3*anr2*c*dr2*f*g*n*xr2*1log(F) + 3*an
2*cn2*d*f*g*n*x*1log(F) + ar2*cAr3*f*g*n*log(F) + ((FAr(e*g))An*a*b*
dr3*f*g*n*xA3*log(F) + 3*(FA(e*g))rn*a*b*c*dr2*f*g*n*xr"2*1log(F) +
3*(Fr(e*g))rn*a*b*cr2*d*f*g*n*x*log(F) + (Fr(e*g))rn*a*b*cr3*f*g
"n*log(F))* (FA(£*g*x))An), x)

Fricas [A] time = 0., size = 0, normalized size = 0.

1

,X
a?d?x? + 2 aedx + a?c? + (b2d?x? + 2 b2cdx + b2c?)(Ff9x+e9) 2" 4 2 (abd?x? + 2 abedx + abc?)(Ffgx+eg)™

integral

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/(((FA((f*x + e)*g)) n*b + a)~2*(d*x + c)72),x, algorithm="fricas")

[Out] integral(1/(ar2*dr2*x72 + 2%anr2*c*d*x + anr2*cnr2 + (bAr2*dA2*xA2 +
2*br2*c*d*x + bA2*cA2)* (FA(f*g*x + e*g))A(2*n) + 2*(a*b*dr2*xr2 +
2*a*b*c*d*x + a*b*cr2)*(FA(f*g*x + e*g))rn), X)

Sym—py [F(-1)] time = 0., size = 0, normalized size = 0.
Timed out
Verification of antiderivative is not currently implemented for this CAS.
[In] integrate(1/(a+b* (F**(g* (f*x+e)))**n)**2/(d*x+c)**2,x)

[Out] Timed out

GIAC/XCAS [A] time = 0., size = 0, normalized size = 0.

1

d
J ((Fx+9)"b + a) *(dx + c)? *
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Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/(((FA((f*x + e)*g))~rn*b + a)A2*(d*x + c)72),x, algorithm="giac")

[Out] integrate(1/(((FA((f*x + e)*g))An*b + a)A2*(d*x + c)r2), x)
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(c+dx)?
358 | (e 0

Optimal. Leaf size=594

a

b(pwwfm)" b(pwwfm)"
9d*(c + dx)PolyLog | 2, —————|  6d*(c + dx)PolyLog |3, -——————

a3 f3g3n3log’(F) a3 f3g3n3log’(F)
b(FQWtfﬂ)n b(Fg@tfﬂ)n
3d(c + dx)*PolyLog | 2, - ———— 3d*PolyLog | 2, ———————
a3 f2g?n? log*(F) - a3 f4g*nt log*(F)
b(FQWtfﬂ)n b(Fgwﬁf@)n
9d°PolyLog 3, ——————| 6d°PolyLog |4, ————
a* figin* log'(F) ) @’ f*g*n* log*(F)
b(FQWtﬁﬂ)" b(FQWtfﬂ)n
3d?(c + dx)log —+1 9d(c + dx)? log —+1
+
a3 f3g3n3 log*(F) 2a3 f2g2n? log?(F)

(c + dx)*log (_b(Fg(ij)) '

+ 1)
2
. 3d(c + dx)

a’ fgnlog(F) 2a3 f2g?n? log?(F)
_ 3(c + dx)? . (c + dx)* B 3d(c + dx)?
2a® fgnlog(F) 4a3d 2a? f2g%n? logz(F) (a +b (F9(€+fX)) ")
(c +dx)? (c +dx)?

+ — +
a*fgnlog(F) (a + b (F9e*/)")  2afgnlog(F) (a+ b (Fo(e+fx)")*

[Out] (c + d*x)nr4/(4*ar3*d) + (3*d*(c + d*x)A2)/(2*ar3*fr2*gr2*nAr2*Log[
F]r2) - (3*d*(c + d*x)~r2)/(2*anr2*fr2*(a + b*(Fr(g*(e + £*x)))~ n)*
gA2*nA2*Log[F]A2) - (3*(c + d*x)73)/(2*ar3*f*g*n*Log[F]) + (c + d
*x)A3/(2*a*f*(a + b*(Fr(g* (e + £*x))) M) 2*g*n*Log[F]) + (c + d*x
YA3/(ar2*f* (a + b*(FA(g*(e + £*x)))2n)*g*n*Log[F]) - (3*dr2*(c +
d*x)*Log[1 + (b*(Fr(g*(e + £*x)))~n)/a])/(ar3*fr3*gr3*nr3*Log[F]A
3) + (9*d*(c + d*x)~2*Log[1 + (b*(Fr(g*(e + f£*x)))~n)/a])/(2*anr3*
fr2* gr2*nr2*Log[F]r2) - ((c + d*x)A3*Log[1l + (b*(FAr(g*(e + £'x)))
An)/al)/(ar3*f*g*n*Log[F]) - (3*d~3*PolyLog[2, -((b*(Fr(g*(e + f*
x)))An)/a)])/(ar3*frd4*grd*nr4*Log[F]r4) + (9*dr2* (c + d*x)*PolyLo
gl2, -((b*(Fr(g"(e + £'x))) n)/a)])/(ar3*£73"gAr3*n 3" Log[F] 3) -
(3*d*(c + d*x)"2*PolyLog[2, -((b*(Fr(g*(e + £*x)))~n)/a)])/(ar3*f
A2*gA2*nA2*Log[F]A2) - (9*dAr3*PolyLog[3, -((b*(Fr(g*(e + £*x)))"n
Y/a)])/(ar3*frda*gra*nrd*Log[F]r4) + (6*dr2* (¢ + d*x)*PolyLog[3, -
((b*(Fr(g* (e + £*x)))~rn)/a)])/(ar3*£A3*gAr3*nrA3*Log[F]"3) - (6*dA3
*PolyLog([4, -((b*(Fr(g*(e + £*x)))rn)/a)])/(ar3*fr4*grda*nr4*Log[F
174)

Rubi [A] time = 3.15226, antiderivative size = 594, normalized size of antiderivative = 1., number of
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number of rules _

steps used = 26, number of rules used = 10, integrand size = 25, = -
integrand size

a

b(Fg(E+fX)) " b(pg(6+fX)) "
9d*(c + dx)PolyLog | 2, - 6d*(c + dx)PolyLog |3, ————

a3 f3g3n3log’(F) a3 f3g3n3log’(F)

b( Fg(e+fx>) " b( Fg(e+fx>) "
3d(c + dx)*PolyLog | 2, -—— 3d*PolyLog |2, —————

a a

a3 f2g?n? log*(F) - a3 f4g*nt log*(F)
b(Fg@tfﬂ)n b(FQWff@)n
9d°PolyLog | 3, -—— 6d°PolyLog | 4, -——
@ Figint log*(F) - & Figint log*(F)
b(pﬂwfﬂ)n b(FﬁWfﬂ)n
3d%(c + dx)log —+1 9d(c + dx)? log —+1
+

a3 f3g3n3 log’(F) 2a3 f2¢2n? log?(F)

(c +dx)log (—b(F-"(:f">)

+ 1)
3d(c + dx)?
+

a’ f gnlog(F) 2a3 f2g%n? log?(F)
~3(c+ dx)? . (c +dx)* B 3d(c + dx)?
2a3 fgnlog(F) 4a3d 2a%f2g%n? log*(F) (a + b (F9(e+f)™)
(c +dx)? (c +dx)?

+ ot
@ fgnlog(F) (a+b (FI)")  2afgnlog(F) (a+ b (Folerfx)")*

Antiderivative was successfully verified.

[In] Int[(c + d*x)73/(a + b*(FA(g* (e + £*x)))An)"3,x]

[Out] (c + d*x)7r4/(4*ar3*d) + (3*d*(c + d*x)r2)/(2*ar3*fr2*gnr2*nAr2*Log|
F]r2) - (3*d*(c + d*x)~r2)/(2*anr2*fr2*(a + b*(Fr(g*(e + £*x)))~ n)*
gh2*nr2*Log[F]Ar2) - (3*(c + d*x)A3)/(2*ar3*f*g"n*Log[F]) + (c + d
*x)A3/(2*a*f*(a + b*(Fr(g* (e + £*x)))M)r2*g*n*Log[F]) + (c + d*x
yA3/(ar2*f* (a + b*(Fr(g*(e + £*x))) n)*g*n*Log[F]) - (3*dr2*(c +
d*x)*Log[1 + (b*(Fr(g*(e + £*x)))~n)/a])/(ar3*£fr3*gr3*nr3*Log[F]A
3) + (9*d*(c + d*x)~2*Log[1 + (b*(Fr(g*(e + f£*x)))~n)/a])/(2*anr3*
fA2*gA2*nA2*Log[F]Ar2) - ((c + d*x)7A3*Log[1 + (b*(Fr(g*(e + £*x)))
An)/al)/(ar3*f£*g*n*Log[F]) - (3*dr3*PolyLog[2, -((b*(Fr(g*(e + £*
x)))An)/a)])/(ar3*frd*grd*nr4*Log[F]lr4) + (9*dr2* (c + d*x)*PolyLo
gl2, -((b*(Fr(g*(e + £*x))) n)/a)])/(ar3*£r3*gr3*nr3*Log[F]"3) -
(3*d*(c + d*x)~2*PolyLog[2, -((b*(Fr(g*(e + £*x)))~n)/a)])/(ar3*f
A2*gA2*nA2*Log[F]A2) - (9*dAr3*PolyLog[3, -((b*(FAr(g*(e + £*x)))"n
Y/a)])/(ar3*frda*gra*nrda*Log[F]r4) + (6*dr2* (¢ + d*x)*PolyLog[3, -
((b*(Fr(g* (e + £*x)))~7n)/a)])/(ar3*£fA3*gr3*nrA3*Log[F]"3) - (6*dA3
*PolyLog([4, -((b*(Fr(g*(e + £*x)))~n)/a)])/(ar3*frd4*grda*nr4*Log[F
174)

Rubi in Sympy [F(-1)]  time = 0., size = 0, normalized size = 0.

Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((d*x+c)**3/(a+b* (F**(g*(f*x+e)))**n)**3,x)

[Out] Timed out
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Mathematica [A] time = 4.08425, size = 0, normalized size = 0.

J (c +dx)* .
(a+b (Foterfx)")’
Verification is Not applicable to the result.

[In] 1Integrate[(c + d*x)73/(a + b*(Fr(g*(e + £*x)))" n)"3,x]

[Out] Integrate[(c + d*x)73/(a + b*(Fr(g*(e + £*x))) n)"3, Xx]

Maple [B] time = 0.079, size = 3116, normalized size = 5.3
output too large to display

Verification of antiderivative is not currently implemented for this CAS.

[In] int((d*x+c)A3/(a+b* (FA(g* (£f*x+€))) n)~3,x)

[Out] -9*dr3*polylog(3,-b* (Fr(g* (f*x+e)))An/a)/ar3/fra/grd/nr4/1n(F)r4-
6*d”r"3*polylog(4,-b* (FAr(g* (f£f*x+e)))~n/a)/ar3/fr4d/gr4/nr4/1In(F)r4-3
*dA3*polylog(2,-b* (FA(g* (£*x+e)))~n/a)/ar3/fr4/gr4/nr4/1In(F)r4-1/
n/g/f/1In(F)/ar3*cAr3*In(a+b* (FA(g* (£*x+e)))*n)+3/n/gr4/£fr4/1n(F) 4
/anr3*dA3* In(Fr(g* (£*x+e)))"3+1/n/g/£/1In(F)/ar3*cA3*1In((FA(g* (£*x+
e)))M)+3/2/nr2/grd/fAr4/In(F)r4/ar3*dA3*In(Fr(g* (£f*x+e)))N2+3/2/g
A2/EA2/1n(F)A2/ar3*dA3* In(FA(g* (£ x+e)))r2*xn2-2/gAr3/£A3/1n(F)A3/
ar3*dr3*1In(FA(g* (£*x+e)))A3*x-2/gAr3/£A3/1n(F)Ar3/ar3*c*dAr2* In(FA(g
*(£*x+e)))N3+3/2/gr2/£7r2/1n(F)r2/ar3*d*cr2* In(FA(g* (£ x+e)) ) 2+3/
n/gAr3/£A3/1In(F)A3/ar3*dA3*In((FA(g* (£*x+e)) ) n) *In(FAr(g* (£*x+e)))
N2*x+3/n/gnr2/fA2/1In(F)r2/ar3*dAr3* In(a+b* (FA(g* (£f*x+e)))An) * In(FA(
g*(f*x+e)))*xr2-3/n/gr3/£fr3/1n(F)~3/ar3*dr3* In(a+b* (FA(g* (£*x+e))
YAn) *1In(FA(g* (£*x+e)) ) 2*x-3/n/gr2/£A2/1n(F)Ar2/ar3*dA3* In(1+b* (FA
(g*(f*x+e)))rn/a) *In(Fr(g* (£ x+e))) *xA2+3/n/gr3/£23/1n(F)Ar3/ar3*d
A3*In(14b* (FA(g* (£*x+e)) ) n/a) *In(FA(g* (£*x+e)))r2*x-9/nr2/gr3/£A
3/1n(F)~3/ar3*dr3* In(a+b* (FA(g* (£f*x+€))) n) *In(FAr(g* (f*x+e)))*x-9
/nn2/gn2/fA2/1In(F)r2/ar3*c*dr2* In((FA(g* (£ x+e)))An) *x+9/n"r2/gr3/
£fA3/1n(F)A3/ar3*c*dA2* In((FA(g* (£*x+e)))An) *In(FA(g* (£*x+e)))+9/n
N2/gn2/£A2/1In(F)Ar2/ar3*c*dr2* In(a+b* (FA(g* (£*x+€)) ) n) *x-9/nr2/gh
3/f73/1n(F)~3/ar3*c*dr2*In(a+b* (FA(g* (£*x+e)) ) n) *1In(FAr(g* (£*x+e)
))+9/nr2/gA3/£A3/1n(F)Ar3/ar3*dA3* In(1+b* (FA(g* (£*x+e)))~n/a) *1n(F
ANg*(f*x+e)))*x+9/nr2/gr3/£A3/1In(F)A3/ar3*dA3* In((FAr(g* (f*x+e)) )N
n) *1In(FA(g* (£*x+e))) *x+9/nr2/gAr3/£A3/1n(F)A3/ar3*c*dAr2* In(1+b* (FA
(g*(f*x+e)))rn/a) *In(Fr(g* (£f*x+e)))+3/n/gr2/£fr2/1In(F)r2/ar3*cr2*d
*In(a+b* (FA(g* (£*x+e)) ) n) *In(FAr(g* (£*x+e)))-3/n/gr2/£7r2/1n(F)r2/
ar3*cr2*d*1In(1+b* (FA(g* (£*x+e)))rn/a) *In(Fr(g* (£f*x+e)))-3/n/gr2/f
A2/1In(F)r2/anr3*cr2*d* In((FAr(g* (f*x+e)) ) n) *In(FAr(g* (f*x+e)))+3/n/
gA3/£fA3/1n(F)Ar3/ar3*c*dA2* In(1+b* (FA(g* (£*x+e)))An/a) *In(FAr(g* (£*
x+e)))A2-3/n/gr2/£A2/1n(F)Ar2/ar3*dA3* In((FA(g* (£*x+e)))An) *1In(FA(
g*(£f*x+e)))*xr2-6/nr2/gr2/fr2/1n(F)Ar2/ar3*c*dr2*polylog(2,-b* (FA(
g*(f*x+e)))rn/a)*x-3/n/g/£/1In(F)/ar3*cr2*d*1In(a+b* (FA(g* (f*x+e)))
An) *x+3/n/g/f/1In(F)/ar3*cr2*d* In((FA(g* (£*x+e)) ) n) *x+3/n/g/£/1n(
F)/ar3*c*dr2*In((FA(g* (£f*x+e)) ) n) *x72+3/n/gr3/fr3/1n(F)~r3/ar3*c*
dr2*In((FA(g* (£*x+e))) n) *In(FAr(g* (£*x+e)))r2-3/n/g/f/1In(F)/ar3*c
*dr2*1In(a+b* (FA(g* (£*x+e)))An) *xr2-3/n/gr3/£A3/1n(F)Ar3/ar3*c*dr2*
In(a+b* (FA(g* (£*x+e)))An) *In(FA(g* (£*x+e)) ) 2+3/nr3/grd/£724/1n(F)
nd/ar3*dAr3* In(a+b* (FA(g* (£*x+e)) ) n) *In(Fr(g* (£f*x+e)))-3/nr3/gr4/
fr4/In(F)r4/ar3*dA3*1In(1+b* (FA(g* (£f*x+e)) ) n/a) *In(FAr(g* (f*x+e)))
-9/2/n/gNr3/f2r3/1n(F)~3/ar3*dA3* In(FA(g* (£ x+€)))r2*x+6/nr3/gr3/£A
3/1n(F)~3/ar3*dr3*polylog(3,-b* (FA(g* (£f*x+e)))rn/a) *x+9/nr3/gr3/f
A3/1In(F)Ar3/ar3*dAr3*polylog(2,-b* (FA(g* (f*x+e)))An/a)*x+6/n"r3/gr3/
fA3/1In(F)Ar3/ar3*c*dr2*polylog(3,-b* (FA(g* (£*x+e)))An/a)-3/nr3/gA3
/fr3/1n(F)~3/ar3*c*dr2* In(a+b* (FA(g* (f*x+e)) ) n)+9/nr3/gr3/fAr3/1n
(F)~r3/anr3*c*dr2*polylog(2,-b* (FA(g* (£f*x+e)) ) n/a)+3/nr3/gr3/£f1r3/1
n(F)~3/ar3*c*dr2*In((FA(g* (£*x+e)))rn)-9/2/n/gr3/£A3/1In(F)Ar3/anr3*
dr2*c*In(Fr(g* (£*x+e)))r2-9/2/nr2/gnr2/£r2/1n(F)r2/ar3*cr2*d* In((F
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ANg*(£*x+e)))rn)+9/2/nr2/gnr2/£Ar2/1n(F)r2/ar3*cr2*d* In(a+b* (FA(g* (
f*x+e)))rn)-3/nr2/gr2/£fr2/1n(F)r2/ar3*dr3*polylog(2,-b* (FA(g* (£f*x
+e)))~n/a)*xr2-3/nr2/gr2/£r2/1n(F)r2/ar3*cr2*d*polylog(2,-b* (FA(g
*(f*x+e)))rn/a)-9/2/nr2/grd/fr4/1In(F)r4/ar3*dA3* In(1+b* (FA(g* (£*x
+e)))rn/a)*In(Fr(g* (£ x+e)))r2-9/2/nr2/gr2/£A2/1n(F)r2/ar3*dAr3* 1n
((Fr(g* (f*x+e)) ) n)*xr2-9/2/nr2/grd/£r4/1n(F)r4/ar3*dr3* In((FAr(g*
(f*x+e))) n) *In(FAr(g* (£*x+e)))r2+9/2/nr2/gnr2/fr2/1In(F)Ar2/ar3*dr3*
In(a+b* (FA(g* (f*x+e)))An) *xA2+9/2/nr2/grd/fr4/1In(F)~r4/ar3*dAr3* 1In(
a+b* (FA(g* (£*x+e))) rn) *In(FAr(g* (£*x+e)))r2-1/n/gr4/fr4/1n(F)r4/an
3*dA3*1In(1+b* (FA(g* (£*x+e)) ) rn/a) *In(FAr(g* (£*x+e)))*3+1/n/g/£/1n(
F)/anr3*dr3*1In((FAr(g* (£*x+e)))An) *x7r3-1/n/gr4/£r4/1n(F)r4/ar3*dr3*
In((FAr(g* (£f*x+€e))) n) *In(FAr(g* (f*x+e)))"3+3/gn2/fr2/1n(F)r2/ar3*c
*dra2* In(Fr(g* (£*x+e)))r2*x-1/n/g/f/1n(F)/ar3*dr3*1n(a+b* (FA(g* (f*
X+€))) n) *xA3+1/n/gr4/fr4/1n(F)r4/ar3*dA3* In(a+b* (FA(g* (£f*x+e)) )~
n) *1In(FA(g* (£*x+e)))A3+3/nr3/gAr3/£A3/1n(F)Ar3/ar3*dA3* In((FA(g* (£
x+e))) n)*x-3/nr3/gr4/£24/1In(F)r4/ar3*dA3* In((FA(g* (£*x+e)) ) n)*1
n(Fr(g* (£f*x+e)))-3/nr3/g~r3/£A3/1n(F)~r3/ar3*dAr3* In(a+b* (FA(g* (£*x+
e)))M)*x+1/2* (2*1n(F)*b*dr3*f*g*n*xA3* (FA(g* (£f*x+e))) n+3*1n(F)*
a*dr3*f*g*n*xA3+6* In(F) *b*c*dr2* £ *g*n*xA2* (FA(g* (£*x+€e)) ) "n+9* In(
F)*a*c*dr2*f*g*n*x72+6*1n(F)*b*cr2*d* £ *g*n*x* (FA(g* (£*x+e)) ) "n+9*
In(F)*a*cr2*d*f*g*n*x+2*1In(F) *b*cr3*f*g*n* (FA(g* (£*x+e)))*n+3* 1n(
F)*a*cr3*f*g*n-3*b*dr3*xA2* (FA(g* (£f*x+e)) ) rn-3*a*dr3*xr2-6*b*c*dA
2*x* (FA(g* (f*x+e)) ) n-6*a*c*dr2*x-3*b*cr2*d”* (FA(g* (f*x+e)) ) n-3*a
*cn2*d)/nnr2/gn2/f22/1n(F)r2/ar2/ (a+b* (FA(g* (£f*x+e)))An)r2+3/4/gr4
/E£r4/1In(F)r4/ar3*dAr3* In(FA(g* (£*x+e)))r4-6/n/gr2/£702/1n(F)r2/ar3*
c*dr2*1n(14b* (FA(g* (£*x+e)))rn/a) *In(Fr(g* (£*x+e)) ) *x-6/n/gnr2/£r2
/In(F)r2/ar3*c*dA2* In((FA(g* (£*x+e))) n) " In(FAr(g* (f*x+e))) *x+6/n/
gn2/£fr2/1n(F)r2/ar3*c*dr2* In(a+b* (FA(g* (£*x+e)))2n) *1In(Fr(g* (£*x+
e)))*x

Maxima [F] time = 0., size = 0, normalized size = 0.

(P9¢9) " bea
" 2 log | *———
- 2 (Ff9x+¢9)"p + 3. 2 log (Ff9x+¢9)

2 (2(ffyx+eg)na3bn_+(ijx+eg)2na2b2n_+a4n)fglog(F) a®fglog(F) @ fgnlog (F)

3 ad® fgnx®log (F) — 3 ac’d + 3 (3 acd? fgnlog (F) — ad®) x* + (2 (F¢9)"bd® f gnx* log (F) — 3 (F¢9)"bc*d + 3 (2 (F¢9)" bed’
' 2(2(FY?X)n(F?9)"a3bf?gznzlog(F)24—(ngx)zn(F
+I 2d° f2g%n%x3 log (F)* — 9 c2dfgnlog (F) + 6 cd? + 3 (2 cd* f2g°n’ log (F)* — 3 d° fgnlog (F)) x* + 6 (c2d f2g°n® log (F)° -

2 ((Ff9%)"(Fe9)"a?b f2g?n? log (F)” + @ fg*n? log (F)’)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)A3/((FA((f*x + e)*g))rn*b + a)~3,x, algorithm="maxima"

[Out] 1/2*cA3* ((2*(FA(f*g*x + e*g)) n*b + 3*a)/((2* (Fr(f*g*x + e*g)) n*
ar3*b*n + (FA(f*g*x + e*g))A(2*n)*ar2*bAr2*n + ard*n)*f*g*log(F))
+ 2*log(Fr(f*g*x + e*g))/(ar3*f*g*log(F)) - 2*log(((Fr(f*g*x + e*
g))An*b + a)/b)/(ar3*f*g*n*log(F))) + 1/2*(3*a*dr"3*f*g*n*x~3*1log(
F) - 3*a*cnr2*d + 3*(3*a*c*dr2*f*g*n*log(F) - a*dr3)*xAr2 + (2* (FA(
e*g))An*b*dr3*f*g*n*xAr3*log(F) - 3*(Fr(e*g))rn*b*cr2*d + 3* (2% (FA
(e*g))An*b*c*dr2*f*g*n*log(F) - (FA(e*g))An*b*dr3)*x7r2 + 6" ((FA(e
*g))An*b*cr2*d*f*g*n*log(F) - (FAr(e*g))rn*b*c*dr2)*x)* (FA(f*g*x))
An + 3*(3*a*cr2*d*fr*g*n*log(F) - 2*a*c*dr2)*x)/(2* (FA(£f*g*x)) n* (
FAr(e*g))rn*anr3*b*fA2*gr2*nr2*1log(F)A2 + (FA(£*g*x))A(2*n)* (Fr(e*g
Y)A(2*n)*an2*bA2* £A2*gA2*nA2* 1og(F)A2 + anrd*fA2*gr2*nr2*1og(F)A2)
+ integrate(1/2* (2*dr3*fA2*gnr2*nr2*xA3*1log(F)Ar2 - 9*cr2*d*f*g*n*
log(F) + 6*c*d”r2 + 3*(2*c*dr2*fA2*gr2*nAr2*1log(F)Ar2 - 3*dr3*f*g*n”
log(F))*x"2 + 6*(cr2*d*fr2*gnr2*nr2*log(F)~2 - 3*c*dr2*f*g*n*log(F
) + dA3)*x)/((FA(f*g*x))An* (FA(e*g) ) n*ar2*b*fA2*gr2*nr2*1og(F) A2
+ ar3*fA2*gnh2*nr2*log(F)Ar2), x)
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Fricas [A] time = 0.284597, size = 3650, normalized size = 6.14

result too large to display

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)*3/((FA((f*x + e)*g))An*b + a)~3,x, algorithm="fricas")

[Out] -1/4*(6* (ar2*dr3*enr3 - 3*an2*c*dr2*enr2*f + 3*anr2*cr2*d*e*fr2 - anr
2*cnr3*fA3)*gr3*nA3*1og(F)A3 + 6* (ar2*dr3*enr2 - 2%an2*c*dr2*e*f +
an2*cA2*d*fAr2)*gr2*nr2*log(F) A2 - (ar2*dAr3*fAd*gra*nid*xrd + 4*an
2*c*dr2*fA47gn4 T nr4 XA + 6%anr2*ch27d A4 g4 nNdT A2 + 47 anr2tch3
*fA4*grdainrd*x - (ar2*dA3*erd - 4*anr2*c*dr2¥er3*f + 67ar2*cr2*de
A2*fA2 - 4*an2*cA3*e*fA3)*grd*nrd)*log(F)r4 - ((bAr2*dA3*fA4*grd™n
A4*xA4 4+ 4*bA2*c*dA2*fA4*grda*nA4*xA3 + 6*bA2%cA2*d*fr47grd nrdtxA
2 + 4*br2*cA3*fAr4*gh4*nrd*x - (bA27dA37erd - 4*bA2*c*dr2¥er3*f +
6*br2*cr2*d*enr2*fA2 - 4*bA2*cA3*e*fA3)*grda*nrd)*log(F)A4 - 6% (bA2
*dA3*£A3*gA3*nA3*xA3 + 3*bA2*c*dA2*fA3*gA3*nA3*xA2 + 3*bA2*cA2*d*
fA3*gA3*nA3*x + (bA2*dA3*eA3 - 3*bA2*c*dA2%eAr2*f + 3*bA2%cA2*d*e”
£A2)*gr3*nA3)*1og(F)A3 + 6* (bA2*dA3*FA2*gA2*nA2*XA2 + 2*bA2*c*dA2
*EA2*gA2*nAr2*x - (bA2*dA3*en2 - 2*bA2*c*dA2¥e*f)*gr2*nr2)*log(F)A
2)*FAr(2*f*g*n*x + 2*e*g*n) - 2*((a*b*dr3*fAr4*grd*nrd*xA4 + 4"a*b*”
c*dA2*fA4*grda*nrd*xA3 + 6% a*b*cAr2*d A4 gA4* nAd*xA2 + 47a*b*cA3f
Ad*gh4*nrd*x - (a*b*dA3*enrd - 4*a*b*c*dr2*er3*f + 6*a*b*cAr2*d*enr2
*fA2 - 4*a*b*cAr3*e*fA3)*grd*nrd)*log(F)r4 - 2" (2*a*b*dA3*fA3*gh3*
nA3*xA3 + 6*a*b*c*dA2*fA3*gA3*nA3*xA2 + 6%a*b*cA2¥d*£A3*gA3* nA3 X
+ (3*a*b*dA3*enr3 - 9*a*b*c*dr2*er2*f + 9*a*b*cr2*d*e*fAr2 - a*b*c
A3*fA3)*gA3*nA3)*log(F)A3 + 3*(a*b*dA3*fA2*gr2*nA2*xA2 + 2*a*b*c”
dr2*fA2*gA2*nr2*x - (2*a*b*dr3*er2 - 4*a*b*c*dr2¥e*f + a*b*cr2*d”
fA2)*gr2*nAr2)*1log(F)A2)*FA(f*g* n*x + e*g*n) + 12*(ar2*dr3 + (anr2*
dA3*£A2*gA2*NA2*XA2 + 2*ar2*c*dA2*fA2*gA2*nA2*X + an2*cAr2*d*fA2*g
A2*nA2)*log(F)A2 + (bA2*dA3 + (bA2*dA3*£A2*gA2*nA2*xA2 + 2*bA2*%c*
dA2* fA2*gA2*nA2*X + bA2*cA2*d*fA2*gA2*nA2)*log(F)A2 - 3*(bA2*dA3*
f*g*n*x + bA2*c*dA2*f*g*n)*log(F))*FAr(2*f*g*n*x + 2*e*g"n) + 2*(a
*b*dA3 + (a*b*dA3*fA2%gA2*nA2*xA2 4+ 2*a*b*c*dA2F£A27gA2*nA2*x + a
*b*cr2*d*fr2*gr2*nr2)*log(F)~2 - 3*(a*b*dr3*f*g*n*x + a*b*c*dr2*f
*g*n)*log(F))*FAr(f*g*n*x + e*g*n) - 3*(ar2*dr3*f*g*n*x + ar2*c*dA
2*f*g*n)*log(F))*dilog(-(FA(f*g*n*x + e*g*n)*b + a)/a + 1) - 2*(2
*(anrn2*dnr3*enr3d - 3*an2*c*dr2renr2*f + 3Tanr2*cr2*drefA2 - an2*cA3*f
A3)*gA3*nA3*log(F)A3 + 9* (ar2*dr3*er2 - 2*anr2*c*dr2*e*f + anr2*ch2
*d*fa2)*gr2*nAr2*log(F)A2 + 6* (ar2*dr3*e - anr2*c*dr2*f)*g*n*log(F)
+ (2*(br2*dnr3*er3 - 3*bA2*c*dr2*enr2*f + 3*bA2*cAr2*d*e*fA2 - ba2*
cNh3*fA3)*gA3*nA3*1og(F)A3 + 9" (bA2*dA3*er2 - 2*bA2*c*dAr2*e*f + bA
2*cn2*d*£A2)*gr2*nr2*1log(F)A2 + 6% (bAr2*dA3"e - bA2*c*dAr2*f)*g*n*l
og(F))*FAr(2*f*g*n*x + 2%e*g*n) + 2*(2*(a*b*dAr3*enr3 - 3*a*b*c*dr2*
er2*f + 3*a*b*cr2*d*e* A2 - a*b*cA3*£A3)*gA3*nA3*1og(F)A3 + 9% (a*
b*dAr3*enr2 - 2*a*b*c*dA2*e*f + a*b*cA2*d*fA2)*gA2*nAr2*1log(F)N2 + 6
*(a*b*dr3*e - a*b*c*dr2*f)*g*n*log(F))*FA(f*g"n*x + e*g™n)) *log(F
A(f*g*n*x + e*g*n)*b + a) + 2*(2*(ar2*dAr3*£A3*gA3*nA3*xA3 4+ 3*an2
*c*dA2*fA3*gA3* nA3* xA2 + 3*anr2*cAr2*d*£A3*gA3 nA3*x + (ar2*dA3en3
- 3*an2*c*dA2*enr2*f + 3*an2*cr2*d*e*fA2)*gAr3*nA3)*1log(F)A3 - 9% (
an2*dna3*£A2*gA2*nA2*xA2 + 2*anr2*c*dAr27£A2%gA2*nA2%x - (ar2*dA3Ten
2 - 2*an2*c*dnr2*e*f£)*gnr2*nAr2)*log(F)A2 + (2" (bA2*dA3*£A3*gA3*nA3”
XA3 + 3*bA2*c*dA27fA3*gA3*nA3*xA2 4+ 3*bA27cA27d*£A3FgA3 nA3 X + (
br2*dAr3*er3 - 3*bA2*c*dAr2*er2*f + 3*bA2*cr2*d*e*£A2)*gA3"nA3) *log
(F)A3 - 9" (bA27dA3*£A2*gA2"nA2*XA2 + 2*bA2"c*dA2"£fA2%gA2"nA2*x -
(br2*dA3*enr2 - 2*bA2*c*dr2*e*f)*gr2*nAr2)*log(F)A2 + 6* (br2*dA3* £
g*n*x + br2*dr3*e*g*n)*log(F))*FA(2*f*g*n*x + 2*e*g*n) + 2*(2*(a*
b*dA3*£A3*gA3*nA3*xA3 + 3*a*b*c*dAr2*fA3*gA3*nA3*xA2 + 3*a*b*cr2*d
*fA3*gA3*nA3*x 4+ (a*b*dA3*er3 - 3*a*b*c*dA2¥er2*f + 3*a*b*cA2*dre
*£A2)*gAr3*nA3)*log(F)A3 - 9" (a*b*dA3*£fA2*gA2*nA2*xA2 + 2*a*b*c*dA
2 fA2%gA2*nA2*x - (a*b*dr3*er2 - 2*a*b*c*dr2*e*f)*gr2*nAr2)*log(F)
A2 + 6" (a*b*dr3*f*g*n*x + a*b*dr3*e*g*n)*log(F))*FA(f*g"n*x + e*g
*n) + 6*(ar2*dr3*f*g*n*x + ar2*dr3*e*g*n)*log(F)) *log((FA(f*g*n*x
+ e*g'n)*b + a)/a) + 24*(2*FAr(f*g*'n*x + e*g*n)*a*b*dr3 + FA(2"f*
g'n*x + 2*e*g*n)*bAr2*dA3 + ar2*dAr3)*polylog(4, -FA(f*g*n*x + e*g”
n)*b/a) + 12*(3*ar2*dAr3 + (3*br2*dr3 - 2*(bA2*dA3*f*g*n*x + bA2*c
*dr2*f*g*n)*log(F))*FA(2*f*g*n*x + 2*e*g*n) + 2*(3*a*b*dr3 - 2*(a
*b*dA3*f*g*n*x + a*b*c*dr2*f*g*n)*log(F)) *FA(f*g*n*x + e*g*n) - 2
*(anr2*dA3*fr*g'*n*x + ar2*c*dAr2*f*g*n) *log(F)) *polylog(3, -FA(f*g*n
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*X + e*g*n)*b/a))/(2*Fr(£*g*n*x + e*g*n)*ard*b*fr4*grds*nr4*log(F)
A+ FA(2*f*g*n*x + 2%¥e*g*n)*ar3*br2*fAr4*gAd*nr4*1log(F)r4 + ar5*f
N *ghrd*nrd* 1og(F)r4)

Sympy [F]  time = 0., size = 0, normalized size = 0.
result too large to display

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x+c)**3/(a+b* (F**(g*(f*x+€)))**n)**3,x)

[Out] (3*a*c**3*f*g*n*log(F) + 9*a*c**2*d*"f*g*n*x*1log(F) - 3*a*c**2*d +
9%*a*c*d**2*f*g*n*x**2*log(F) - 6%a*c*d**2*x + 3*a*d**3*f*g*n*x**
3*1log(F) - 3*a*d**3*x**2 + (2*b*c**3*f*g*n*log(F) + 6*b*c**2*d*f*
g'n*x*log(F) - 3*b*c**2*d + 6*b*c*d**2*f*g*n*x**2*1og(F) - 6*b*c*
d**z*x + 2*b*d**3*f*g*n*x**3*log(F) _ 3*b*d**3*x**2)*(F**(g*(e +
f*X)))**n)/(z*a**4*f**z*g**z*n**z*log(F)**2 + 4*a**3*b*f**2*g**2*
n**z*(F**(g*(e + f*X)))**n*log(F)**z + z*a**z*b**z*f**z*g**z*n**z
*(F**(g*(e + £*x)))**(2*n)*log(F)**2) + (Integral(6*c*d**2/(a + b
*exp(e*g*n*log(F)) *exp(f*g*n*x*1log(F))), x) + Integral(6*d**3*x/(
a + b¥exp(e*g*n*log(F))*exp(f*g*n*x*log(F))), x) + Integral(2*c**
3*f**2*g**2*n**2*1log(F)**2/(a + b*exp(e*g*n*log(F)) *exp(f*g*n*x*1
og(F))), x) + Integral(-9*c**2*d*f*g*n*log(F)/(a + b*exp(e*g*n*lo
g(F)) exp(f*g*n*x*1log(F))), x) + Integral(-9*d**3*f*g*n*x**2*1log(
F)/(a + b*exp(e*g*n*log(F))“exp(f*g*n*x*log(F))), x) + Integral(2
*drr3*frr2 g2 *n**2*x**3*log(F)**2/(a + b*exp(e*g*n*log(F)) *exp(
f*g*n*x*1log(F))), x) + Integral(-18*c*d**2*f*g*n*x*log(F)/(a + b~
exp(e*g*n*log(F))*exp(f*g*n*x*1log(F))), x) + Integral(6*c*d**2*f*
*2rgr*2*n**2*x**2*log(F)**2/(a + b*exp(e*g*n*log(F)) *exp(f*g*n*x*
log(F))), x) + Integral(6*c**2*d*f**2*g**2*n**2*x*1log(F)**2/(a +
b*exp(e*g*n*log(F)) *exp(f*g*n*x*1log(F))), x))/(2*a**2*£**2*g**2*n
**2*log(F)**2)

GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

I (dx +¢)® "

((Fx+2)9)"p + a)’
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)23/((FA((f*x + e)*g))An*b + a)”r3,x, algorithm="giac")

[Out] integrate((d*x + c)A3/((FA((f*x + e)*g)) n*b + a)r3, x)
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(c+dx)?
359 | (e 0

Optimal. Leaf size=439

a a

b(pg@ffﬂ)” b(Fgwtfﬂ)n
2d(c + dx)PolyLog | 2, ————— 3d*PolyLog |2, - ————

+
a* f2g%n? log(F) a3 f3g%n3 log’ (F)
b ( Fg(e+fX)) " b ( Fg(e+fX)) "
2d*PolyLog 3, ———————|  3d(c + dx)log | ——— +1
+ +
a® f3g%n3 log’ (F) a® f2g2n? log”(F)

(c +dx)*log m +1 ) glefr)\ "
_d log(a+b(F ) ) 3(c + dx)?

a’ fgnlog(F) a3 f3g3n3 log*(F) 2a3 fgnlog(F)
. (c +dx)* . d’x B d(c + dx)
3a%d a’f2g?n2log’(F)  a?f2g2n2log(F) (a + b (F9lexfx)")
(c + dx)? (c + dx)?

+ ot
a®fgnlog(F) (a +b (Fg(”fx)) ) 2afgnlog(F) (a +b (Fg(‘”fx)) ”)2

[Out] (c + d*x)A3/(3*ar3*d) + (dr2*x)/(ar3*£A2*gr2*nAr2*Log[F]r2) - (d*(
c + d*x))/(ar2*fr2*(a + b*(Fr(g*(e + £*x)))"An)*gr2*nr2*Log[F]12)
- (3*(c + d*x)~2)/(2*ar3*f*g*n*Log[F]) + (c + d*x)r2/(2*a*f*(a +
b*(Fr(g*(e + £*x))) n)r2*g*n*Log[F]) + (c + d*x)r2/(ar2*f*(a + b*
(Fr(g* (e + £*x)))*n)*g*n*Log[F]) - (dr2*Logl[a + b* (FAr(g* (e + £*x)
Y)An])/(ar3*£A3*gA3*nA3*Log[F]A3) + (3*d*(c + d*x)*Log[1 + (b*(FA
(g*(e + £*x)))~n)/a])/(ar3*£fr2*gr2*nr2*Log[F]"2) - ((c + d*x)A2*L
og[1 + (b*(Fr(g*(e + £*x)))An)/a])/(ar3*f*g*n*Log[F]) + (3*dr2*Po
lyLog[2, -((b*(Fr(g*(e + £*x)))*n)/a)])/(ar3*fr3*gr3*nr3*Log[F]A3
) - (2*d*(c + d*x)*PolyLog[2, -((b*(Fr(g*(e + £*x)))”n)/a)])/(ar3
*fA2*gn2*nr2*Log[F]72) + (2*dr2*PolyLog[3, -((b*(Fr(g*(e + £*x)))
An)/a)])/(ar3*fA3*gnA3*nA3*Log[F]A3)

Rubi [A]  time = 2.18456, antiderivative size = 439, normalized size of antiderivative = 1., number of

number of rules _ 5

steps used = 24, number of rules used = 13, integrand size = 25, = -
integrand size

a a

b(F9@tf@)n b(FQWff@)n
2d(c + dx)PolyLog | 2, —————| 3d*PolyLog |2, -——*

a3 f2¢?n? log*(F) a3 f3g®n3log*(F)
b(pgwffm)" b(Fg@ffﬂ)n
2d*PolyLog |3, ————— 3d(c +dx)log | ——F—— +1

+

+
a® f3g3n3 log(F) @ f2g%n? log*(F)
) b(Fg@ﬁf@)n
(c+dx)"log | ———F——+1 d*log (a + b (Folerf) n) 3(c + dx)?

a’ fgnlog(F) a3 f3g3n3 log*(F) 243 fgnlog(F)
(c+dx)’ d*x ~ d(c + dx)
3@d | @fgnlog(F) | @ f2@n*logh(F) (a+ b (F4e/9)")
(c + dx)? (c + dx)?

+ — +
@ fgnlog(F) (a+b (F9e+1)") 24 fgnlog(F) (a+ b (Foe:0)")*

Antiderivative was successfully verified.

[In] Int[(c + d*x)72/(a + b*(FA(g* (e + £*x)))An)"3,x]

[Out] (c + d*x)A3/(3*ar3*d) + (dr2*x)/(ar3*£fA2*gr2*nAr2*Log[F]r2) - (d*(
c + d*x))/(ar2*fr2*(a + b*(FAr(g* (e + £*x)))*n)*gr2*nAr2*Log[F]12)
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- (3*(c + d*x)A~2)/(2*ar3*f*g*n*Log[F]) + (c + d*x)"2/(2*a*f*(a +
b* (Fr(g*(e + £*x)))rn)"r2*g*n*Log[F]) + (c + d*x)~2/(ar2*f*(a + b*
(Fr(g*(e + £*x))) n)*g*n*Log[F]) - (dr2*Logl[a + b* (FAr(g*(e + £*x)
Y)An])/(ar3*£A3*gA3*nA3*Log[F]A3) + (3*d*(c + d*x)*Log[1 + (b*(FA
(g*(e + £*x)))"n)/a])/(ar3*£r2*gnr2*nr2*Log[F]r2) - ((c + d*x)A2*L
og[1l + (b*(Fr(g*(e + £*x)))”n)/a])/(ar3*f*g*n*Log[F]) + (3*dr2*Po
lyLog[2, -((b*(Fr(g*(e + f*x)))"n)/a)])/(ar3*fAr3*gr3*nAr3*Log[F]A3
) - (2*d*(c + d*x)*PolyLog[2, -((b*(Fr(g*(e + £*x)))" n)/a)])/(ar3
*fA2*gn2*nA2*Log[F]r2) + (2*dr2*PolyLog[3, -((b*(Fr(g*(e + £*x)))
An)/a)])/(ar3*£A3*gr3*nA3*Log[F]"3)

Rubi in Sympy [F(-1)]  time = 0., size = 0, normalized size = 0.

Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((d*x+c)**2/(a+b* (F**(g*(f*x+e)))**n)**3,x)

[Out] Timed out

Mathematica [A] time = 3.53597, size = 0, normalized size = 0.

J (c + dx)?
(a+b (Foterfx)")’

Verification is Not applicable to the result.

[In] 1Integrate[(c + d*x)72/(a + b*(Fr(g*(e + £*x)))" n)"3,x]

[Out] Integrate[(c + d*x)72/(a + b*(Fr(g*(e + £*x))) n)"3, Xx]

Maple [B] time = 0.053, size = 1457, normalized size = 3.3
result too large to display

Verification of antiderivative is not currently implemented for this CAS.

[In] dint((d*x+c)Ar2/(a+b* (FA(g* (£f*x+€))) n)~3,x)

[Out] -3/2/n/gr3/£A3/1n(F)Ar3/ar3*dr2* In(Fr(g* (£*x+e)))"2-1/n/g/£/1n(F)/
anr3*cAr2*In(a+b* (FA(g* (£f*x+€)) ) n)+1/nr3/gr3/£A3/1n(F)A3/ar3*dr2*1
n((Fr(g*(£f*x+e)))*n)+1/n/g/f/In(F)/ar3*cr2* In((FAr(g* (f*x+e))) n)+
1/gnr2/£7r2/1n(F)r2/ar3*d*c*1In(FAr(g* (£*x+e)))r2+1/gr2/f7r2/1n(F)r2/a
A3*dA2* In(FA(g* (£ x+e)))r2*x-dr2* In(a+b* (FA(g* (£*x+e)))An)/ar3/£A
3/g73/nr3/1n(F)~3+3*dr2*polylog(2,-b* (FA(g* (£*x+e)))rn/a)/ar3/£r3
/gr3/n7"3/1In(F)Ar3+2*dr2*polylog(3,-b* (FA(g* (£f*x+e)))~rn/a)/ar3/fr3/
gA3/nA3/1n(F)A3+1/2* (2*In(F) *b*dr2*f*g*n*xA2* (FA(g* (£*x+e)) ) n+3*
In(F)*a*dr2*f*g*n*xr2+4*1In(F)*b*c*d* £ *g*n*x* (FA(g* (£*x+e)) ) n+6*1
n(F)*a*c*d*f*g*n*x+2*1n(F) *b*cr2*f*g*n* (FA(g* (£*x+e)) ) n+3*1n(F)*
a*cA2*f*g*n-2*b*dr2*x* (FA(g* (£*x+e)))rn-2*a*dr2*x-2*b*c*d* (FAr(g* (
f*x+e)))rn-2*a*c*d)/nr2/gr2/fAr2/1In(F)r2/ar2/(a+b* (FA(g* (£*x+e)) ) A
n)"2+1/n/gr3/£fA3/1In(F)~r3/ar3*dr2* In((FA(g* (£*x+e)))2n) *In(Fr(g* (£
*x+e)))"r2-3/nr2/gr3/£A3/1In(F)Ar3/ar3*dA2* In(a+b* (FA(g* (£*x+e)) ) An)
*In(Fr(g* (£*x+e)))+3/nr2/gr3/£A3/1n(F)~r3/ar3*dr2* In(1+b* (FA(g* (£
x+e)))rn/a)*In(FA(g* (f*x+e)))-3/nr2/gr2/£A2/1n(F)r2/ar3*dAr2* In((F
ANg*(£*x+e)))rn) *x+3/nr2/gnh3/£A3/1n(F)Ar3/ar3*dAr2* In((FA(g* (£ x+e)
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Y)An) *In(FAr(g* (£*x+e)))+3/nr2/gr2/f7r2/1n(F)~r2/ar3*dr2* In(a+b* (FA(
g* (f*x+e)))rn)*x-2/nr2/gr2/fr2/1n(F)r2/ar3*c*d*polylog(2,-b* (FA(g
*(f*x+e)))~rn/a)-3/nr2/gr2/£Ar2/1In(F)r2/ar3*c*d* In((FA(g* (£*x+e)) )~
n)-2/nr2/gr2/£fA2/1n(F)r2/ar3*dr2*polylog(2,-b* (FA(g* (f*x+e)) ) n/a
)*x+3/nr2/gA2/£A2/1n(F)r2/ar3*c*d* In(a+b* (FA(g* (£*x+e)))*n)+1/n/g
A3/£A3/1n(F)Ar3/ar3*dA2* In(1+b* (FA(g* (£*x+e)))rn/a) *In(FAr(g* (£*x+e
Y))r2-1/n/g/£/1In(F)/ar3*dr2* In(a+b* (FA(g* (£*x+€)) ) n) *x"2-1/n/g"3
/EA3/1In(F)A3/ar3*dA2* In(a+b* (FA(g* (£*x+e)))An) *In(FAr(g* (£*x+e))) A
2+1/n/g/f/1n(F)/ar3*dr2* In((FAr(g* (£*x+e)))An) *xr2-2/3/g~r3/£73/1n(
F)r3/anr3*dr2*1In(FAr(g* (£*x+e)))A3+2/n/g/£/1n(F)/ar3*c*d* In((FA(g* (
f*x+e)))rn)*x-2/n/g/f/1n(F)/ar3*c*d* In(a+b* (FA(g* (£*x+e)) ) n) *x-2
/n/gn2/fr2/1n(F)r2/ar3*dA2* In(1+b* (FA(g* (£f*x+e)) ) n/a) * In(FAr(g* (f
*x+e))) *x+2/n/gr2/fAr2/In(F)r2/ar3*dr2*In(a+b* (FA(g* (f*x+e)) ) n)*1
n(FA(g* (£*x+e))) *x-2/n/gr2/£A2/1n(F)Ar2/ar3*dA2* In((FA(g* (£ x+e)))
An) *In(FAr(g* (£*x+e)))*x-2/n/gr2/fr2/1n(F)r2/ar3*c*d*In(1+b* (Fr (g*
(f*x+e)))rn/a)*In(Fr(g* (£*x+e)))-2/n/gr2/£r2/1n(F)r2/ar3*c*d* 1In((
Fr(g* (£*x+e)))rn) *In(Fr(g* (£*x+e)))+2/n/gr2/£r2/1n(F)r2/ar3*c*d*1
n(a+b* (FA(g* (f*x+e)))An) " In(FAr(g* (£*x+e)))

Maxima [F] time = 0., size = 0, normalized size = 0.

b

(ngxwg)"b+a)

" 2 log
1, 2 (Ff9x+¢9)"p + 34 2 log (Ff9x+9)
2 (2 (Ff9x+¢9)"a3bn + (Ff9x+¢9) " a2b2n + a4n) fglog(F)  @fglog(F) @’ fgnlog(F)

3 ad’ fgnx*log (F) — 2 acd + 2 ((F9)"bd? f gnx? log (F) — (F®9)"bed + (2 (F9)"bed fgnlog (F) — (F°9)"bd?) x) (F/9%) "y
' 2(2(fV?x)"(FV9)”a3begzn2log(P)Z4—(Pfgx)zn(Pvg)Z"a2b2f?gzn2log(P)Z4—affzgzn210g(F}
. J d*f2g*nx? log (F)* — 3 cdfgnlog (F) + d* + (2 cd f?g*n? log (F)* — 3d*fgnlog (F)) x i

(Ff9x) "(Fe9)"a?b f2gn? log (F)’ + a3 f2g?n? log (F)?

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)A2/((FA((f*x + e)*g)) n*b + a)”3,x, algorithm="maxima"

[Out] 1/2*cr2* ((2* (FA(f*g*x + e*g)) n*b + 3*a)/((2* (Fr(f*g*x + e*g)) n*
ar3*b*n + (FA(f*g*x + e*g))Ar(2*n)*ar2*bAr2*n + ard*n)*f*g*log(F))
+ 2*log(FAr(f*g*x + e*g))/(ar3*f*g*log(F)) - 2*log(((Fr(f*g*x + e*
g))An*b + a)/b)/(ar3*f*g*n*log(F))) + 1/2*(3*a*dr2*f*g*n*xr2*1log(
F) - 2*a*c*d + 2" ((Fr(e*g))An*b*dr2*f*g*n*xr2*1log(F) - (Fr(e*g))r
n*b*c*d + (2*(Fr(e*g)) n*b*c*d*f*g*n*log(F) - (FA(e*g)) n*b*dr2)*
x)*(FA(f*g*x)) n + 2*(3*a*c*d*f*g*n*log(F) - a*dr2)*x)/(2*(Fr(f*g
*x))An* (Fr(e*g))An*anr3*b*£A2*gr2*nr2*1og(F)r2 + (FA(f*g*x))A(2*n)
*(Fr(e*g))M(2*n) *anr2*bA2*£A2*gA2*nA2* 1og(F)NA2 + ard*fa2*gn2*nr2*]
og(F)~2) + integrate((dr2*fA2*gh2*nA2*xA2*1log(F)Ar2 - 3*c*d*f*g*n”
log(F) + dr2 + (2*c*d*fA2*gr2*nr2*log(F)A2 - 3*dr2*f*g*n*log(F))*
)/ ((Fr(£*g*x))An* (FAr(e*g))An*ar2*b*fr2*gnr2*nr2*log(F)"2 + ar3*fa
2 gn2*nr2*1og(F)Ar2), x)

Fricas [A] time = 0.269916, size = 2049, normalized size = 4.67
result too large to display

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)*2/((FA((f*x + e)*g))An*b + a)”3,x, algorithm="fricas")

[Out] 1/6*(9* (ar2*dAr2*enr2 - 2*anr2*c*d*e*f + anr2*cr2*fAr2)*gnr2*nr2*1log(F)
A2 + 6% (ar2*dr2%e - ar2*c*d*f)*g*n*log(F) + 2*(ar2*dr2*fA3*gA3*nA
3*xA3 + 3*aAr2*c*d*fA3*gA3*nA3*xA2 + 3*an2*cA2¥fA3*gA3 nA3*x + (an
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2*dr2*enr3 - 3*an2*c*d*er2*f + 3*anr2*cAr2¥e*fA2)*gA3*nA3)*log(F)A3
+ (2" (bA2*dA2*£A3*gA3*nA3*xXA3 + 3*bA2*c*d*£A3*gA3*nA3*xA2 + 3*bA2
*cA2*fA3*gA3*nA3*x + (bA2*dr2%enr3 - 3*bA2*c*d*er2*f + 3*bA2*cA2%e
“fA2)*gAr3*nA3)*1og(F)A3 - 9*(bA2*dA2*FfA2*gA2*nA2*XA2 + 2*bA2*c*d*
fA2* gr2*nr2*x - (bA2*dAr2*enr2 - 2*bA2*c*d*e*f)*gr2*nr2)*log(F)r2 +
6" (bA2*dA2*f*g*n*x + bA2*dA2%e*g™n) *log(F))*FA(2*f*g" n*x + 2"e*g
*n) + 2*(2*(a*b*dr2*£A3*gA3* nA3*xA3 + 3*a*b*c*d*fA3*gA3 nA3 xA2 +
3*a*b*cr2*fA3*gA3*nA3*x + (a*b*dr2*er3 - 3*a*b*c*d*enr2*f + 3*a*b
*cA2*e*fA2)*gA3*nA3)*1log(F)A3 - 3*(2*a*b*dA2*fA2*gA2*nA2*xA2 + 4*
a*b*c*d*fA2*gr2*nr2*x - (3*a*b*dr2*enr2 - 6*a*b*c*d*e*f + a*b*cAr2*
fA2)*gr2*nr2)*log(F)Ar2 + 3*(a*b*dr2*f*g*n*x + (2*a*b*dr2*e - a*b*
c*d*f)*g*n)*log(F))*FA(f*g"n*x + e*g*n) + 6*(3*ar2*d”r2 + (3*br2*d
A2 - 2*(br2*dr2*f*g*n*x + bA2*c*d*f*g*n)*log(F))*FAr(2*f*g*n*x + 2
*e*g'n) + 2*(3*a*b*dAr2 - 2*(a*b*dr2*f*g*n*x + a*b*c*d*f*g*n)*log(
F))*FA(f*g*n*x + e*g*n) - 2*(ar2*dr2*f*g*n*x + ar2*c*d*f*g*n)*log
(F))*dilog(-(FA(f*g*n*x + e*g'n)*b + a)/a + 1) - 6*((ar2*dr2*enr2
- 2%an2*c*d*e*f + an2*cAr2*£A2)*gr2*nr2*log(F)A2 + ar2*dr2 + 37 (an
2*dnr2*e - anr2*c*d*f)*g*n*log(F) + ((br2*dr2*enr2 - 2*bA2*c*d*e*f +
bA2*cA2*£fA2)*gnh2*nAr2* log(F)Ar2 + bAr2*dr2 + 3* (br2*dA2%e - bA2*c*d
*f)y*g*n*log(F))*Fr(2*f*g*n*x + 2*e*g*n) + 2*((a*b*dr2*er2 - 2*a*b
*c*d*e*f + a*b*cA2*fA2)*gr2*nr2*log(F)A2 + a*b*dAr2 + 3*(a*b*dAr2*e
- a*b*c*d*f)*g*n*log(F))*FA(f*g*'n*x + e*g"'n))*log(FAr(f*g*'n*x + e
*g*n)*b + a) - 6*((anr2*dr2*fA2*gA2*nA2*xA2 + 2*anr2*c*dr*fA2*gA2*nA
2*x - (anr2*dr2*en2 - 2*an2*c*d*e*f)*gr2*nnr2)*log(F)A2 + ((br2*dr2
FEA2TgA2TNA2FXA2 + 2¥DbA2%c*dT£A27gA2"nA2*x - (bA2*dA2%eAr2 - 2*DA2
*c*d*e*f)*gr2*nr2)*log(F)r2 - 3*(br2*dr2*f*g*n*x + bAr2*dA2*e*g*n)
*log(F))*FA(2*f*g*n*x + 2*e*g*n) + 2" ((a*b*dA2*fA2*gh2*nr2*xA2 +
2*a*b*c*d*fA2*gA2*nA2*x - (a*b*dAr2*enr2 - 2¥a*b*c*d*e*f)*gAr2*nA2)”
log(F)A2 - 3*(a*b*dr2*f*g*n*x + a*b*dr2*e*g*n)*log(F))*FA(f*g" n*x
+ e*g*n) - 3*(ar2*dr2*f*g*n*x + ar2*dr2*e*g*n)*log(F)) *log((Fr(f
*g*n*x + e*g*n)*b + a)/a) + 12* (2*FA(f£*g*n*x + e*g*n)*a*b*dr2 + F
A2*f*g*n*x + 2*e*g*n)*bAr2*dAr2 + ar2*dr2)*polylog(3, -FA(f*g*n*x
+ e*g*n)*b/a))/(2*FA(f*g*n*x + e*g*n)*ard*b*fAr3*gr3*nr3*1log(F)A3
+ FA(2*f*g*n*x + 2"e*g*n)*ar3*br2*£fA3*gA3*nA3*1og(F)A3 + ar5*"fA3*
gh"3*nr3*log(F)A3)

Sympy [F]  time = 0., size = 0, normalized size = 0.

3ac? fgnlog (F) + 6acd f gnx log (F) — 2acd + 3ad® f gnx*log (F) — 2ad?x + (2bc? fgnlog (F) + 4bcd f gnx log (F) — 2bcd +

2a* f2g2n2 log (F)? + 4a°b f2g2n? (Fo(ef)) " log (F)? + 2a2b2 f2g2n? (Fo(e+f)) " Jog (
I d? dx+f 2f2gn? log (F)? di+ I (_ 3cdfgnlog (F) ) dx + f (_ 3d%f gnx log (F) ) e

a+beegnlog(F)ef gnxlog(F) a+beegnlog(F)ef gnxlog(F) a+beegnlog(F)ef gnxlog(F) a+beegnlog(F)ef gnxlog(F)

a2 f2g?n?log (F)’
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x+c)**2/(a+b* (F**(g*(£*x+e)))**n)**3,x)

[Out] (3*a*c**2*f*g"n*log(F) + 6*a*c*d*f*g*n*x*log(F) - 2*a*c*d + 3*a*d
2 fr*g*n*x**2*1log(F) - 2*a*d**2*x + (2*b*c**2*f*g*n*log(F) + 4*b
*c*d*f*g*n*x*1log(F) - 2*b*c*d + 2*b*d**2*f*g*'n*x**2*1log(F) - 2*b*
d**Z*X)*(F**(g* (e + f*X)))**n)/(Z*a**4*f**2*g**2*n**2*log(F)**2 +
4%a**3*b*f**2%g**2*n**2* (F**(g* (e + £*x)))**n*log(F)**2 + 2%a**2
"h*r2tfrr2rg 2t 2% (F** (g% (e + £°%x)))**(2*n)*log(F)**2) + (Inte
gral(d**2/(a + b*exp(e*g*n*log(F))*exp(f*g*n*x*log(F))), x) + Int
egral(c**2*f**2*g**2*n**2*log(F)**2/(a + b*exp(e*g*n*1log(F)) *exp(
f*g*n*x*1log(F))), X) + Integral(-3*c*d*f*g*n*log(F)/(a + b*exp(e*
g'n*log(F))*exp(f*g*n*x*log(F))), x) + Integral(-3*d**2"f*g*n*x"1
og(F)/(a + b*exp(e*g*n*log(F)) *exp(f*g*n*x*log(F))), x) + Integra
1(d**2*f**2*g**2*n**2*x**2*1og(F)**2/(a + b*exp(e*g*n*log(F)) “exp
(f*g*n*x*1log(F))), x) + Integral(2*c*d*f**2*g**2"n**2*x*1og(F)**2
/(a + b*exp(e*g*n*log(F))*exp(f*g*n*x*log(F))), x))/(a**2*f**2*g*
*2*n**2*1log(F)**2)
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GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

‘[ (dx + ¢)® dx
((Ffx+99)"p + a)°

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)22/((FA((f*x +e)*g))An*b + a)A3,x, algorithm="giac")

[Out] integrate((d*x + c)A2/((FA((f*x + e)*g)) n*b + a)r3, x)
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c+dx dx

360 | A

Optimal. Leaf size=276

b(Fg(e+fx))n b(Fg e+fx))
dPolyLog (2» _T) (c + dx)log (T + 1) 3dlog (a + b (F9texf) ")
SRR F) @ fgnlog(F) " 2 g log(F)
(c +dx)? B 3dx . c+dx
2a3d 2a3fgn log(F) azfgn log(F) (a +b (Fg(e+fx))”)
d c+dx

- +
2a2f2g2n2log’(F) (a + b (F9/)")  2afgnlog(F) (a + b (Fe+fx)™)?

[Out] (c + d*x)~2/(2*ar3*d) - d/(2*ar2*fr2*(a + b*(Fr(g*(e + £*x)))*n)*
gh2*nr2*Log[F]Ar2) - (3*d*x)/(2*ar3*f*g*n*Log[F]) + (c + d*x)/(2*a
*f*(a + b*(Fr(g* (e + £*x)))An)r2*g*n*Log[F]) + (c + d*x)/(ar2*f*(

a + b*(Fr(g*(e + £*x))) n)*g"n*Log[F]) + (3*d*Logl[a + b*(Fr(g* (e

+ f*x)))An])/(2*ar3*£fr2*gr2*nr2*Log[F]"2) - ((c + d*x)*Log[1l + (b
*(Fr(g*(e + £*x)))~n)/a])/(ar3*f*g*n*Log[F]) - (d*PolyLog[2, -((b
*(Fr(g*(e + £*x)))~rn)/a)])/(ar3*£A2*gr2*nr2*Log[F]A2)

Rubi [A] time = 0.954306, antiderivative size = 276, normalized size of antiderivative = 1., number

23, number of rules - 0522

of steps used = 17, number of rules used = 12, integrand size =
integrand size

J b(Fg(e+fx))n b(Fg z+fx))
PolyLog (2, -—— (c+dx)log | ——F— +1 3dlog (a ‘b (Fg(e+fx)) n)
a® f2g%n? log*(F) ) a’ fgnlog(F) P f2g2n? log?(F)
(c + dx)? B 3dx . c+dx
2a3d 2a3fgnlog(F) azfgnlog(F) (a +b (Fg(e+fx))”)
d c+dx

- +
2a* f2g°n*log"(F) (a+ b (F9«/¥)") 24 fgnlog(F) (a + b (Fole+f)")*

Antiderivative was successfully verified.

[In] Int[(c + d*x)/(a + b*(FA(g*(e + £"x)))*n)r3,x]

[Out] (c + d*x)~2/(2*ar3*d) - d/(2*ar2*fr2*(a + b*(Fr(g*(e + £*x)))*n)*
gA2*nA2*Log[F]A2) - (3*d*x)/(2*ar3*f*g*n*Log[F]) + (c + d*x)/(2*a
*f*(a + b*(Fr(g*(e + £*x)))Mn)A2*g*n*Log[F]) + (c + d*x)/(ar2*f*(

a + b*(Fr(g*(e + £*x)))An)*g*n*Log[F]) + (3*d*Log[a + b* (FA(g~ (e

+ £*x)))An])/(2*ar3*£Ar2*gr2*nr2*Log[F]~2) - ((c + d*x)*Log[1 + (b
"(FA(g*(e + £*x)))"n)/al)/(ar3*£*g*n"Log[F]) - (d"PolyLog[2, -((b
*(Fr(g*(e + £*x)))rn)/a)])/(ar3*£Ar2*gnr2*nr2*Log[F]Ar2)

Rubi in Sympy [F(-1)]  time = 0., size = 0, normalized size = 0.

Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate((d*x+c)/(a+b*(F**(g*(f*x+e)))**n)**3,x)

[Out] Timed out
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Mathematica [A] time = 90.3602, size = 0, normalized size = 0.

J c+dx
ny3 X
(a+ b (FerT))
Verification is Not applicable to the result.
[In] 1Integrate[(c + d*x)/(a + b*(FA(g*(e + £*x)))An)A3,x]

[Out] Integrate[(c + d*x)/(a + b*(FA(g* (e + £*x)))* n)A3, x]

Maple [A] time = 0.039, size = 514, normalized size = 1.9
result too large to display

Verification of antiderivative is not currently implemented for this CAS.

[In] int((d*x+c)/(a+b* (FA(g* (f*x+e))) n)"3,x)

[Oout] 1/2*(2* (Fr(g* (£f*x+e)))An*1In(F)*b*d*f*g*n*x+3*In(F)*a*d*f*g*n*x+2"*
(Fr(g* (£*x+e))) An*1In(F)*b*c*f*g*n+3*c*1In(F) *a*£*g*n- (FA(g* (£f*x+e)
Y)An*b*d-a*d)/nr2/gr2/£r2/1n(F)r2/ar2/ (a+b* (FA(g* (£*x+e)) ) n)~r2-3
/2/anr3/nr2/gA2/£A2/1n(F)A2*d* In((FA(g* (£f*x+e)) ) n)+3/2*d* In(a+b* (
FAr(g* (£f*x+e)))rn)/anr3/£fr2/gr2/nr2/1In(F)r2-d*polylog(2,-b* (FA(g* (f
*x+e)))~n/a)/ar3/£fr2/gr2/nr2/1n(F)~r2-1/ar3/n/gr2/£22/1In(F)~r2*d*1n
(1+4b* (FA(g* (£f*x+e)))An/a) *1In(FA(g* (£f*x+e)))+1/ar3/n/g/£/1In(F)*d*1
n((Fr(g* (£*x+e)) ) n)*x-1/ar3/n/gr2/£Ar2/1n(F)Ar2*d* In((FA(g* (£*x+e)
Y)An)*In(FAr(g* (£*x+e)))-1/ar3/n/g/f/1In(F)*d*1n(a+b* (FA(g* (£*x+e))
YAn)*x+1/ar3/n/gr2/£A2/1n(F)Ar2*d* In(a+b* (FA(g* (£*x+e)) ) n) *1In(FA(
g* (f*x+e)))+1/2/ar3/gn2/fr2/1n(F)A2*d* In(FAr(g* (£f*x+e)))~2+1/ar3/n
/g/f/1In(F)*c*In((Fr(g* (f*x+e)))~n)-1/ar3/n/g/f/1In(F)*c*In(a+b* (FA
(g" (f*x+e))) n)

Maxima [F] time = 0., size = 0, normalized size = 0.

P

:

1 ( 3afgnxlog(F) + (2(F¢9)"bfgnxlog(F) — (Feg)nb)(ngx) "—a
2

(Ffoxre9)"bra

" 2 log 5
Z(me”ﬂ b+3a zkg(FWx”ﬂ
+—c +

+2 J
2 (Ff9x)"(Fe9)"a3h f2g2n? log (F)? + (Ff9x) 2" (Fe9)?"a2b? f2¢2n? log (F)* + a* f2g?n? log (F)? 2 ((Ffox)

|

2 (2 (Ffox+eq)"g3bn + (Ffox+ed) " q2p2n + a4n) fglog (F) a*fglog (F) a*fgnlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + ¢)/((FA((f*x + e)*g)) n*b + a)73,x, algorithm="maxima"

[Out] 1/2*d*((3*a*f*g*n*x*1log(F) + (2*(Fr(e*g))rn*b*f*g*n*x*log(F) - (F
A(e*g)) n*b) " (FA(£*g*x)) n - a)/ (2" (FA(£*g*x)) n* (FAr(e"g)) n"ar3”
b*fr2*gr2*nAr2*1log(F)r2 + (FA(£*g*x))N(2*n)* (FA(e*g))NA(2*n)*ar2”*bA

2 fA2*gn2*nA2*1og(F)A2 + anrd*fr2*ga2*nA2*1log(F)A2) + 2*integrate(
1/2*(2*f*g*n*x*1log(F) - 3)/((FA(f*g*x)) n* (Fr(e*g))rn*ar2*b*f*g*n
*log(F) + anr3*f*g*n*log(F)), x)) + 1/2*c* ((2*(Fr(f*g*x + e*g)) n*

b + 3*a)/((2* (FA(f*g*x + e*g)) n*ar3*b*n + (FA(f*g*x + e*g))"(2*n
Y*ar2*bA2*n + ard*n)*frg*log(F)) + 2*log(FA(f*g*x + e*g))/(ar3*ft*
g*log(F)) - 2*log(((FAr(f*g*x + e*g))~n*b + a)/b)/(ar3*f*g*n*log(F

)))

" (Fe9)
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Fricas [A]  time = 0.252057, size = 940, normalized size = 3.41

3 (a’de — a’cf) gnlog (F) + a*d — (a’df2g*n’x? + 2 a’cf2g*n’x — (a’de® — 2 a’cef) g*n?) log (F)* — ((b?df2g*n’x? + 2

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + ¢)/((FA((f*x + e)*g)) n*b + a)73,x, algorithm="fricas")

[Out] -1/2*(3*(ar2*d*e - ar2*c*f)*g*n*log(F) + ar2*d - (ar2*d*fAr2*gr2*n
A2*XA2 4+ 2%an2*c*fA2*gh2*nA2*x - (ar2*d*er2 - 2*ar2*cre*f)*gAr2¥nA
2)*log(F)A2 - ((bAr2*d*£A2*gA2"nA2*xXA2 + 2*bA2*c*fA2*gnr2*nAr2*x - (
br2*d*enr2 - 2*bA2*c*e*f)*gAr2*nA2)*log(F)Ar2 - 3*(bA2*d*f*g*n*x + b
A2*d*e*g*n) *log(F))*FAr(2*f*g*n*x + 2*e*g*n) + (a*b*d - 2*(a*b*d*
A2*gA2*nNA2*xXA2 + 2*a*b*c*fA27gnr2*nr2*x - (a*b*d*er2 - 2*a*b*c*e
Y*gA2*nA2)*log(F)Ar2 + 2*(2*a*b*d*f*g*n*x + (3*a*b*d*e - a*b*c*f)
g'n)*log(F))*FA(f*g*n*x + e*g*n) + 2*(2*FA(f*g*n*x + e*g*n)*a*b”
+ FA(2*f*g*n*x + 2*e*g"n)*br2*d + ar2*d)*dilog(-(FA(f*g*n*x
g*n)*b + a)/a + 1) - (2*(ar2*d*e - ar2*c*f)*g*n*log(F) + 3*a
+ (2*(br2*d*e - bA2*c*f)*g*n*log(F) + 3*bA2*d)*FA(2*f*g*n*x
*g*n) + 2*(2*(a*b*d*e - a*b*c*f)*g*n*log(F) + 3*a*b*d)*FA(£"
n
n

f
*f

+
2*

* Q.M

*+ OO T X O

* *

+ e*g'n))“log(FA(f*g*n*x + e*g"n)*b + a) + 2* ((br2*d*f*g*n*
A2*d*e*g'n) *FA(2*f*g*n*x + 2"e*g*n)*log(F) + 2*(a*b*d*f*g"
*b*d*e*g*n) *FA(f*g"'n*x + e*g*n)*log(F) + (ar2*d*f*g*n*x + ar
*g*n)*log(F)) *log((FA(f*g*n*x + e*g*n)*b + a)/a))/(2*Fr(f*g*n*

e*g*n)*ard*b*£fA2*gr2*nr2*1og(F)"r2 + FA(2*f*g*n*x + 2"e*g*n)*ar3
bA2*£A2*gA2*nA2* 1og(F)A2 + ar5*fA2*gnr2*nA2*1log(F)1r2)

AN
+
g
X
* X
2* *

2
n
+
+
d
X
A

Sympy [F] time = 0., size = 0, normalized size = 0.

3acfgnlog (F) + 3ad f gnx log (F) — ad + (2bc f gnlog (F) + 2bd f gnx log (F) — bd) (Fg(e+fx)) §

2a*f2g’n? log (F)? + 4a3b f2g*n? (Fg("*fx)) "log (F)* + 2a2b? f2g’n? (Fg(‘”fx)) an log (F)?
J‘( 3d ) dx +J‘ 2cfgnlog (F) dx + I 2df gnx log (F) dx

" a+bee9gnlog(F) of gnxlog(F) a+beegnlog(F)efgnxlog(F) a+beegnlog(F)ef gnxlog(F)

2a? fgnlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x+c)/(a+b* (F**(g*(f*x+€)))**n)**3,x)

[Out] (3*a*c*f*g*n*log(F) + 3*a*d*"f*g*n*x*log(F) - a*d + (2*b*c*f*g*n*1
og(F) + 2*b*d*f*g*n*x*1log(F) - b*d)*(F**(g*(e + £*x)))**n)/(2*a*"*

4 F**2%g**2*n**2"1og(F)**2 + 4*a**3*b*f**2%g**2*n**2* (F** (g* (e +
£%)))**n*log(F)**2 + 2*a**2*b**2*f**2%g**2*n**2* (F**(g* (e + £*x)
Y)**(2*n)*log(F)**2) + (Integral(-3*d/(a + b*exp(e*g*n*log(F))*ex
p(f*g*n*x*1log(F))), x) + Integral(2*c*f*g*n*log(F)/(a + b*exp(e*g
*n*log(F))*exp(f*g'n*x*1log(F))), x) + Integral(2*d*f*g*n*x*log(F)

/(a + b*exp(e*g*n*log(F))“exp(f*g*n*x*log(F))), x))/(2*a**2*f*g*n
*log(F))

GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

I dx +c
n 3dx
((FU~9)"b + a)

Verification of antiderivative is not currently implemented for this CAS.
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[In] integrate((d*x + c)/((FA((f*x +e)*g))*n*b + a)"3,x, algorithm="giac")

[Out] integrate((d*x + c)/((FA((f*x + e)*g)) n*b + a)r3, x)
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1 dx

361 | T

Optimal. Leaf size=111

log (a + b (F9ter/x)) n) 5 1 1

+ =+ +
a’ fgnlog(F) a’ a’fgnlog(F) (a +b (Fg(“fx)) n) 2afgnlog(F) (a +b (Fg("’+fx)) n) 2

[Out] x/ar3 + 1/(2*a*f*(a + b*(Fr(g*(e + £*x))) n)r2*g*n*Log[F]) + 1/(a
A2 f*(a + b*(FA(g* (e + £*x)))An)*g*n*Log[F]) - Logl[a + b* (FA(g* (e
+ £*x)))*n]/(ar3*f*g*n*Log[F])

Rubi [A]  time = 0.141795, antiderivative size = 111, normalized size of antiderivative = 1., number

number of rules _  ;7¢

of steps used = 4, number of rules used = 3, integrand size = 17, = -
integrand size

g a9 1 1
- + =+ +
a’ fgnlog(F) @’ a*fgnlog(F) (a+b (FEI)")  2afgnlog(F) (a+ b (Folerfx)")*

Antiderivative was successfully verified.

[In] Int[(a + b*(FA(g*(e + £*x)))*n)r(-3),x]

[Out] x/ar3 + 1/(2*a*f*(a + b*(Fr(g*(e + £*x)))2n)"2*g*n*Log[F]) + 1/(a
A2 f*(a + b*(FA(g" (e + £*x)))An)*g*n*Log[F]) - Logl[a + b*(Fr(g* (e
+ f£*x)))~n]/(ar3*f*g*n*Log[F])

Rubi in Sympy [A]  time = 24.563, size = 105, normalized size = 0.95

1 1
+ n
2afgn (a+b (F9€ ) ")  log(F) a*fgn(a+b (Foe/2)") log (F)

tog a+ b (F9) ") tog ((Fe-r)')
T dfgnlog(h) | afgnlog(F)

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(1l/(a+b*(F**(g* (f*x+e)))**n)**3,x)

[out] 1/(2*a*f*g*n*(a + b*(F**(g*(e + £*x)))**n)**2*log(F)) + 1/(a**2*f
‘g*n*(a + b*(F**(g*(e + £*x)))**n)*log(F)) - log(a + b*(F**(g* (e

+ £5x)))**n)/(a**3*£*g*n*log(F)) + log((F**(g*(e + £*x)))**n)/(a*
*3*f*o*n*1og(F))

Mathematica [A]  time = 0.339853, size = 97, normalized size = 0.87

W—Z 10g(a+b(F9<e+fx)) ")

a
fgnlog(F) *2 (afgnlog(F)+bfgnlog(F)(Feg‘ffyX)
2a3

)

Antiderivative was successfully verified.

[In] 1Integrate[(a + b*(FA(g*(e + £*x))) n)Ar(-3),x]
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[Out] (2*(x + a/(a*f*g*n*Log[F] + b*f*(Fr(e*g + f*g*x))*n*g*n*Log[F]))
+ (ar2/(a + b*(Fr(g* (e + £*x)))An)"r2 - 2*Log[a + b* (Fr(g*(e + f*x
) n]) /(£ g*n*Log[F]))/(2*ar3)

Maple [A] time = 0.004, size = 134, normalized size = 1.2

In ((Fg(fx+e>) ") In (a b (Fg(fx+e>) ")

ngf In(F) a® ngf In(F) a®
1 1

' a’f (a+b (F9Ux+)") gnln (F) : 2af (a+ b (F9fx+e)) n)zgn In (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] int(1/(a+b* (FA(g* (£f*x+e)))An)A3,x)

[Out] 1/g/f/1In(F)/n/ar3*1In((FAr(g* (f*x+e))) n)-1In(a+b* (FA(g* (f*x+e)) )" n)
/anr3/f/g/n/1In(F)+1/ar2/f/(a+b* (FAr(g* (£*x+e)))*n)/g/n/1In(F)+1/2/a/
f/(a+b* (FA(g* (£*x+e)) ) n) 2/g/n/1n(F)

Maxima [A] time = 0.891325, size = 196, normalized size = 1.77

(Ffw”eg)"bm
" log 5
2 (F9x+9)"p + 34 log (Ff9+9)
+ pa—
2 (2 (ngx+eg) na3bn + (ngx+eg)2na2b2n + a4n)fglog (F) a3fglog (F) a3fgn log (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))~n*b + a)~(-3),x, algorithm="maxima"

[Out] 1/2*(2* (FA(f*g*x + e*g)) n*b + 3*a)/((2*(FA(f*g*x + e*g))~n*ar3*b
n + (FA(£f*g*x + e*g))A(2*n)*ar2*bAr2*n + ar4*n)*f*g*log(F)) + log
(FA(f*g*x + e*g))/(ar3* £ g*log(F)) - log(((FA(f*g*x + e*g))’n*b +
a)/b)/(ar3*£*g*n" log(F))

Fricas [A] time = 0.280641, size = 257, normalized size = 2.32

2 F2fgnx+2egnp? £ any log (F) + 2 a® fgnx log (F) + 2 (2 ab f gnx log (F) + ab)Ff9nx+egn 342 _ 3 (2 Ffgnx+egngp o p2fgnx+

2 (2 Ffgnx+egngtp fgnlog (F) + F2f9nx+2egng3p2 fgnlog (F) + a° fgnlog (F))

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))~n*b + a)~(-3),x, algorithm="fricas")

[Out] 1/2* (2*FAr(2*f*g*n*x + 2*e*g*n)*br2*f*g*n*x*1log(F) + 2*ar2*f*g*n*x
*log(F) + 2*(2*a*b*f*g*n*x*log(F) + a*b)*FA(f*g*n*x + e*g*n) + 3*

ar2 - 2*(2*FA(f*g*n*x + e*g'n)*a*b + FA(2*f*g*n*x + 2*e*g*n) *br2

+ ar2)*log(FA(f*g*n*x + e*g*n)*b + a))/(2*FA(f*g*n*x + e*g*n)*ar4d
*b*f*g*n*log(F) + FA(2*'f*g*n*x + 2*e*g*n)*ar3*br2"f*g*n*log(F) +
ar5*f*g*n*log(F))
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Sympy [A]  time = 0.559611, size = 116, normalized size = 1.05

3a+2b (Fg(e+fx)) " x log (% + (Fg(€+fX)) n)

2a*fgnlog (F) + 4a3b fgn (F9+/) " log (F) + 2a2b? fgn (F9e+/0)*" log (F) @’ a’ fgnlog (F)
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1l/(a+b* (F**(g*(f*x+e)))**n)**3,x)

[Out] (3*a + 2*b*(F**(g*(e + £*x)))**n)/(2*a**4*f*g*n*log(F) + 4*a**3*b
*f*g*n*(F**(g*(e + f*x)))**n*log(F) + z*a**z*b**z*f*g*n*(F**(g*(e

+ £*x)))**(2*n)*log(F)) + x/a**3 - log(a/b + (F**(g*(e + £f*x)))*
*n)y/(a**3*f*g*n*log(F))

GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

1

I ((FUx+99)"p + a)

dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))~n*b + a)Ar(-3),x, algorithm="giac")

[Out] integrate(((FA((f*x + e)*g))*n*b + a)r(-3), x)
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1
3.62 J (a+b(F9(e+fx))n)3(c+dx) dx

Optimal. Leaf size=29

Int ! 3
(c +dx) (a + b (Feg+f9x) n)

X

[Out] Unintegrable[1/((a + b*(Fr(e*g + f*g*x)) n)"r3*(c + d*x)), X]

Rubi [A]  time = 0.197856, antiderivative size = 0, normalized size of antiderivative = 0., number of

steps used = 0, number of rules used = 0, integrand size = 0, W =0.
integrand size

1
Int » X

(a+b (Folef0)™) 3 (e + dx)

Verification is Not applicable to the result.

[In] Int[1/((a + b*(FA(g*(e + £*x)))An)A3*(c + d*x)),x]

[Out] Defer[Int][1/((a + b*(Fr(e*g + £*g*x))An)"3*(c + d*x)), x]

Rubi in Sympy [A] time = 0., size = 0, normalized size = 0.

1
I — dx
(a+0b(Fe9+f9%)™)" (c + dx)
Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(1/(a+b* (F**(g* (f*x+e)))**n)**3/(d*x+c),x)

[Out] Integral(l/((a + b*(F**(e*g + f£*'g*x))**n)**3*(c + d*x)), Xx)

Mathematica [A] time = 2.74281, size = 0, normalized size = 0.

1
j — dx
(a+b (F9terf0)")" (c + dx)

Verification is Not applicable to the result.

[In] Integrate[1/((a + b* (FA(g* (e + £*x))) n)A3*(c + d*x)),x]

[Out] Integrate[l/((a + b*(FA(g*(e + £*x)))An)A3*(c + d*x)), X]

Maple [A] time = 0.227, size = 0, normalized size = 0.

1
I — dx
(a+b (F9UFx+e)) ™) (dx + c)

Verification of antiderivative is not currently implemented for this CAS.
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[In] int(1/(a+b* (FA(g* (£f*x+e))) n)~r3/(d*x+c),X)

[Out] int(1/(a+b* (FA(g* (£f*x+e)))An)A3/(d*x+c),x)

Maxima [A]  time = 0., size = 0, normalized size = 0.

result too large to display

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/(((FA((f*x +e)*g))2n*b + a)A3*(d*x + c)),x, algorithm="maxima"

[Out] 1/2*(3*a*d*f*g*n*x*1log(F) + 3*a*c*f*g*n*log(F) + (2*(FAr(e*g))~n*b
*d*f*g*n*x*1log(F) + 2" (Fr(e*g))rn*b*c*f*g*n*log(F) + (FA(e*g)) n*
b*d)* (FA(f*g*x))An + a*d)/(ard*dr2*fr2*gr2*nr2*xr2*1log(F)A2 + 2*a
A*crd*£A2*gr2*nAr2*x*1og(F)A2 + ard*cr2*£A2*gr2*nr2*1og(F)~2 + ((
Fr(e*g))A(2*n)*ar2*bAa2*dr2*fA2*gr2*nAr2*xA2*1og(F)A2 + 2* (FA(e*g))
A(2*n)*anr2*br2*c*d*fr2*gr2*nr2*x*log(F)A2 + (FA(e*g))A(2*n)*ar2*b
A2* A2 £A2*gn2*nA2*1og(F)A2) " (FA(f*g*x) )~ (2" n) + 2" ((Fr(e*g))~n*a
A3*b*dA2*fA2*gA2* nA2*xA2*1og(F)Ar2 + 2* (FA(e*g))rn*ar3*b*c*d*fAr2 g
A2*nA2*x*log(F)A2 + (FA(e*g))An*ar3*b*cr2*fA2*gnr2*nr2*1og(F)A2) ™ (
FA(f*g*x))rn) + integrate(1/2*(2*dAr2*£A2*gA2*nA2*xA2*log(F)r2 + 2
*eA2*fA2*gA2*nr2*1og(F)A2 + 3*c*d*f*g*n*log(F) + 2*dA2 + (4*c*d*f
A2*gn2*nA2*1log(F)A2 + 3*dA2*f*g*n*log(F))*x)/(ar3*dAr3*£A2*gA2*nA2
*xA3*1og(F)A2 + 3*anr3*c*dr2*£fA2*gA2*nA2*xA2*1og(F)A2 + 3*ar3*ch2*
d*fA2*gnr2*nA2*x*1log(F)N2 + anr3*cA3*fA2*gnr2*nAr2*1log(F)A2 + ((Fr(e”
g))An*ar2*b*dA3* £A2*gA2*nA2*xA3*log(F)~2 + 3* (FAr(e*g))An*ar2*b*c*
dr2*fA2*gA2*nA2*xA2*1og(F)A2 + 3*(FA(e*g))rn*ar2*b*cr2*d*fA2*gn2*
nA2*x*1og(F)~r2 + (FA(e*g))rn*ar2*b*cAr3*fA2*gnr2*nr2*1og(F)A2)* (FA(
£*g*x)) ), X)

Fricas [A] time = 0., size = 0, normalized size = 0.

1

X
addx + a’c + (b3dx + b3c)(Ff9x+e9) 37+ 3 (ab2dx + ab?c)(Ff9x+eg) 2" 4 3 (aZbdx + a2bc)(Ffox+eq)"

integral

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/(((FA((f*x + e)*g))rn*b + a)A3*(d*x + c)),x, algorithm="fricas")

[Out] integral(1l/(ar3*d*x + anr3*c + (bA3*d*x + bA3*c)* (FA(f*g*x + e*g))
A(3*n) + 3*(a*br2*d*x + a*br2*c)*(FA(f*g*x + e*g))N(2*n) + 3*(ar2
*b*d*x + ar2*b*c)*(FA(f*g*x + e*g)) n), X)

Sympy [F(-1)]  time = 0., size = 0, normalized size = 0.
Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(l/(a+b* (F**(g*(f*x+e)))**n)**3/(d*x+c),x)

[Out] Timed out
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GIAC/XCAS [A] time = 0., size = 0, normalized size = 0.

1

d
I ((F(fx+e)g) "b+ a) 3(dx +c) ¥

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/(((FA((f*x + e)*g))2n*b + a)A3*(d*x + c)),x, algorithm="giac")

[Out] integrate(1/(((FA((f*x + e)*g))*n*b + a)A3*(d*x + c)), X)
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1
3.63 J (a+b(Foerf) ") (c+dx)2

Optimal. Leaf size=29

Int !
((c +dx)? (a + b (Feg+f9x) n)

3’x

[Out] Unintegrable[1/((a + b*(Fr(e*g + f*g*x)) n)"r3*(c + d*x)"2), x]

Rubi [A]  time = 0.182426, antiderivative size = 0, normalized size of antiderivative = 0., number of

steps used = 0, number of rules used = 0, integrand size = 0, W =0.
integrand size

1

Int 3 )
(a+b (F9erf0)™)” (c + dx)?

X

Verification is Not applicable to the result.

[In] Int[1/((a + b*(FA(g*(e + £*x))) n)A3*(c + d*x)A2),x]

[Out] Defer[Int][1/((a + b*(FAr(e*g + £*g*x)) n)A3*(c + d*x)"2), X]

Rubi in Sympy [A] time = 0., size = 0, normalized size = 0.

1
I — > dx
(a+0b(Fe9+f9)™)" (c + dx)
Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(1/(a+b* (F**(g* (f*x+e)))**n)**3/(d*x+c)**2,x)

[Out] Integral(l/((a + b*(F**(e*g + f*g*x))**n)**3*(c + d*x)**2), x)

Mathematica [A] time = 2.18292, size = 0, normalized size = 0.

1
J — dx
(a+0b (FIeS)") (c + dx)?

Verification is Not applicable to the result.

[In] Integrate[1/((a + b*(FA(g*(e + £*x)))An)A3* (c + d*x)A2),x]

[Out] Integrate[1l/((a + b*(FA(g* (e + £*x)))An)A3* (c + d*x)"2), x]

Maple [A] time = 0.405, size = 0, normalized size = 0.

1
J — dx
(a+b (FIFx+9)™)" (dx + c)

Verification of antiderivative is not currently implemented for this CAS.
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[In] int(1/(a+b* (FA(g* (£f*x+e))) n)~r3/(d*x+c)"r2,X)

[Out] int(1/(a+b* (FA(g* (£f*x+e))) n)A3/(d*x+c)r2,x)

Maxima [A]  time = 0., size = 0, normalized size = 0.

result too large to display

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/(((FA((f*x +e)*g))2n*b + a)A3*(d*x + c)"2),x, algorithm="maxima"

[Out] 1/2*(3*a*d*f*g*n*x*1log(F) + 3*a*c*f*g*n*log(F) + 2" ((FAr(e*g))~n*b
*d*f*g*n*x*1log(F) + (FAr(e*g)) n*b*c*f*g*n*log(F) + (Fr(e*g)) n*b*
d)*(FA(f*g*x))2n + 2*a*d)/(ar4*dr3*fr2*gnr2*nr2*xr3*1og(F)"2 + 3*a
Ag*c*dA2* FA2*gA2*nA2*xA2* log (F)A2 + 3*anrd*cr2*d*fAr2*gr2*nA2*x* log
(F)A2 + and*cnA3*fA2*gr2*nr2*log(F)A2 + ((FA(e*g))r(2*n)*ar2*ba2*d
AZ*fA2*gA2*nA2*xA3*1og(F)A2 + 3* (FA(e*g))Nr(2*n)*anr2*bA2*c*dr2*£A2
*gA2*nA2*xA2*1og(F)A2 + 3* (Fr(e*g))N(2*n)*ar2*bAr2*cAr2*d*£A2%gA2*n
A2*x*1og(F)A2 + (FA(e*g))A(2*n)*anr2*bA2*cA3*£A2*gr2*nA2*1og(F)A2)
*(FA(f*g*x))M(2*n) + 2* ((FAr(e*g))An*anr3*b*dr3*fA2*gA2*nAr2*xA3* log
(F)A2 + 3*(FAr(e*g))rn*ar3*b*c*dr2*fr2*gnr2*nr2*xA2*1og(F)~r2 + 3*(F
A(e*g))An*ar3*b*cr2*d fr2*gr2*nAr2*x*log(F)A2 + (FA(e*g))An*ar3*b*
cAh3* fr2 gnh2*nr2*log(F)A2)* (FA(£*g*x))An) + integrate((dr2*f£fA2*gn2
nA2*xA2*1og(F)A2 + ch2*£A27gA2*nA2*1og(F)A2 + 3*c*d*f*g*n*log(F)
+ 3*dr2 + (2*c*d*fr2*gnr2*nr2*log(F)N2 + 3*dr2*f*g*n*log(F))*x)/(
anr3*dnrg*£A2*gr2*nr2*xMr4*1log(F)r2 + 4*ar3*c*dA3"£A2*gA2*nr2"xA3% 10
g(F)A2 + 6*ar3*cA2*dA2*fA2*gA2*nA2*xA2*1og(F)A2 + 4*anr3*cA3*d*fA2
*gA2'nA2*x*log(F)N2 + anr3*chr4*fr2*gh2*nr2*1log(F)A2 + ((FAr(e*g))™n
*an2*b*dA4r £A2*gA2* nA2 x4 log(F) A2 + 4* (FAr(e*g))rn*ar2*b*c*dAr3*f
A2*gA2*nA2*xA3*1og(F)A2 + 6" (FA(e*g))An*ar2*b*cAr2*dA2*fA2*gh2*nA2
*xA2*1og(F)r2 + 4* (Fr(e*g))An*anr2*b*cA3*d* £A2*gr2*nr2*x*1og(F) A2
+ (FAr(e*g))rn*anr2*b*crd*fa2*gnr2*nAr2*log(F)A2)* (FA(f*g*x)) ), X)

Fricas [A] time = 0., size = 0, normalized size = 0.

1

integral - -
a3d?x? + 2 adedx + adc? + (b3d?x? + 2 b3cdx + b3c?)(Ff9x+¢9)°" + 3 (ab?d?x? + 2 ab®cdx + ab?c?)(Ff9x+e9) " +

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/(((FA((f*x + e)*g)) n*b + a)~3*(d*x + c)~2),x, algorithm="fricas")

[Out] integral(1/(anr3*dr2*xnA2 + 2*anr3*c*d*x + anr3*cr2 + (bA3*dr2*xA2 +
2*bA3*c*d*x + bA3*cA2)*(FA(f g*x + e*g))A(3"'n) + 3*(a*br2*dAr2*xA2

+ 2*a*br2*c*d*x + a*br2*cA2)*(FA(f*g*x + e*g))~r(2*n) + 3*(ar2*b*
dA2*xA2 + 2*aA2*b*c*d*x + ar2*b*cA2)* (FA(f*g*x + e*g))rn), X)

Sympy [F(-1)]  time = 0., size = 0, normalized size = 0.
Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/(a+b*(F**(g*(f*x+e)))**n)**3/(d*x+c)**2,x)



217

[Out] Timed out

GIAC/XCAS [A]  time = 0., size = 0, normalized size = 0.

1

d
J ((FIx+99)"b + a) *(dx + c)? *

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(1/(((FA((f*x + e)*g))rn*b + a)A3*(d*x + c)"2),x, algorithm="giac")

[Out] integrate(1/(((FA((f*x + e)*g)) n*b + a)A3*(d*x + c)"2), x)
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3.64 J(a +be*) Ve + dx dx

Optimal. Leaf size=71

3/2 . N
M - l\/Eb\/ae_dlErﬁ( c+dx) +be*Ve +dx
3d 2 Vd

[Out] b*EAx*Sqrt[c + d*x] + (2*a*(c + d*x)~(3/2))/(3*d) - (b*Sqrt[d]*Sq
rt[Pi]*Erfi[Sqrt[c + d*x]/Sqrt[d]])/(2*EAr(c/d))

Rubi [A]  time = 0.151445, antiderivative size = 71, normalized size of antiderivative = 1., number of

number of rules _ 53

steps used = 5, number of rules used = 4, integrand size = 17, = -
integrand size

3/2 . N
M - l\/Eb\/ae_dlErﬁ( c+dx) +be*Ve +dx
3d 2 Vd

Antiderivative was successfully verified.

[In] 1Int[(a + b*EAx)*Sqrt[c + d*x],x]

[Out] b*EAx*Sqrt[c + d*x] + (2*a*(c + d*x)~(3/2))/(3*d) - (b*Sqrt[d]*Sq
rt[Pi]*Erfi[Sqrt[c + d*x]/Sqrt[d]])/(2*EAr(c/d))

Rubi in Sympy [A]  time = 12.4498, size = 61, normalized size = 0.86

3 -£ Ve+dx
2a(c+dx)s Vmbde ¢ erﬁ( vd ) +bVe + dxe*

3d 2
Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate((a+b*exp(x))*(d*x+c)**(1/2),x)

[Out] 2*a*(c + d*x)**(3/2)/(3*d) - sqrt(pi)*b*sqrt(d)*exp(-c/d)*erfi(sq
rt(c + d*x)/sqrt(d))/2 + b*sqrt(c + d*x)*“exp(x)

Mathematica [A] time = 0.593539, size = 106, normalized size = 1.49

) ) be~a (—\/EErf( —“;x) +2ed** —”jx + \/E)
Verdx| e, 2

3d 3 ’ x
d
2 _crax

Antiderivative was successfully verified.

[In] Integrate[(a + b*EAx)*Sqrt[c + d*x],x]

[Out] Sqrt[c + d*x]*((2*a*c)/(3*d) + (2*a*x)/3 + (b*(Sqrt[Pi] + 2*EA(c/
d + x)*Sqrt[-((c + d*x)/d)] - Sqrt[Pi]*Exrf[Sqrt[-((c + d*x)/d)]])
)/ (2*En(c/d)*Sqrt[-((c + d*x)/d)]))
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Maple [A] time = 0.008, size = 77, normalized size = 1.1

23 (143 @r e a1/ VT e i a - ajsavaen (VaVa o) =] ()

Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b*exp(x))*(d*x+c)r(1/2),x)

[Out] 2/d* (1/3* (d*x+c)~(3/2)*a+b/exp(c/d)*(1/2* (d*x+c)r(1/2)*exp(1/d* (d
*xX+c))*d-1/4*d*Pir(1/2)/(-1/d)~r(1/2)*erf((-1/d)r(1/2)* (d*x+c)r(1/
2))))

Maxima [A]  time = 0.807371, size = 111, normalized size = 1.56

ﬁderf(m\/%)e(‘ﬁ)

1

d

dx+c _ ¢

—2de+cde( d 3) b

4 (dx + c)%a—3

6d

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(sqrt(d*x + c)*(b*eAx + a),x, algorithm="maxima"

[Out] 1/6* (4*(d*x + c)N(3/2)*a - 3*(sqrt(pi)*d*erf(sqrt(d*x + c)*sqrt(-
1/d))*er(-c/d)/sqrt(-1/d) - 2*sqrt(d*x + c)*d*er((d*x + ¢c)/d - c/
d))*b)/d

Fricas [A] time = 0.294201, size = 101, normalized size = 1.42

3 +/mbd erf (de + c,/—%) e(_é) —2(2adx + 3bde* + 2 ac)Vdx + c,/—%

1
6dyJ-1

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(sqrt(d*x + c)*(b*erx + a),x, algorithm="fricas")

[Out] -1/6*(3*sqrt(pi)*b*d*erf(sqrt(d*x + c)*sqrt(-1/d))*er(-c/d) - 2*(
2*a*d*x + 3*b*d*erx + 2*a*c)*sqrt(d*x + c)*sqrt(-1/d))/(d*sqrt(-1
/d))

Sympy [A]  time = 4.42522, size = 76, normalized size = 1.07

3 iNrbe d erf i\/c+dx\/g
2a(c + dx)? e e,y
———— +bVec+dxe ded™ +
3d 2\/1
d

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b*exp(x))*(d*x+c)**(1/2),x)

[Out] 2*a*(c + d*x)**(3/2)/(3*d) + b*sqrt(c + d*x)*exp(-c/d)*exp(c/d +
x) + I*sqrt(pi)*b*exp(-c/d)*erf(I*sqrt(c + d*x)*sqrt(1/d))/(2*sqr
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t(1/d))

GIAC/XCAS [A]  time = 0.321412, size = 93, normalized size = 1.31

, Vrd? erf(— Yaerev=a) o(-§)
4(dx +c)za+3 ( \/—Tj ) +2Vdx + cde* |b

6d
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(sqrt(d*x + c)*(b*erx + a),x, algorithm="giac")

[Out] 1/6* (4*(d*x + c)N(3/2)*a + 3*(sqrt(pi)*dr2*erf(-sqrt(d*x + c)*sqr
t(-d)/d)*er(-c/d)/sqrt(-d) + 2*sqrt(d*x + c)*d*erx)*b)/d
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3.65 J(a +beX)* Ve + dx dx

Optimal. Leaf size=145

2a%(c + dx)3/?
3d

- \/Eab\/ae_gErﬁ (

V d 1 c 2V d 1
crax +2abe* Ve +dx— - zbz\/ae_%Erﬁ u +=b%e®* Ve + dx
v i\2 Vi |2

[Out] 2*a*b*EAx*Sqrt[c + d*x] + (bA2*EA(2*x)*Sqrt[c + d*x])/2 + (2*anr2*
(c + d*x)~(3/2))/(3*d) - (a*b*Sqrt[d]*Sqrt[Pi]*Erfi[Sqrt[c + d*x]
/Sqrt[d]])/EAr(c/d) - (bAr2*Ssqrt[d]*Sqrt[Pi/2]*Erfi[(Sqrt[2]*Sqrt[c

+ d"x])/sqrt[d]])/(4"E~r((2%c)/d))

Rubi [A]  time = 0.332069, antiderivative size = 145, normalized size of antiderivative = 1., number

of steps used = 8, number of rules used = 4, integrand size = 19, M =0.21
integrand size

2a%(c + dx)3/?
3d

c V 1 2c 2 V 1
—+/rabVde Erfi ( c\;adx) +2abe* Ve + dx— ‘—L\/gbz\/ge_dErﬁ (%) + EbzeZ" Ve +dx

Antiderivative was successfully verified.

[In] Int[(a + b*EAx)A2*Sqrt[c + d*x],x]

[Out] 2*a*b*EAx*Sqrt[c + d*x] + (bA2*EA(2*x)*Sqrt[c + d*x])/2 + (2*anr2*
(c + d*x)7(3/2))/(3*d) - (a*b*Sqrt[d]*Sqrt[Pi]*Erfi[Sqrt[c + d*x]
/Sqrt[d]])/Er(c/d) - (bA2*Sqrt[d]*Sqrt[Pi/2]*Erfi[(Sqrt[2]*Sqrt[c

+ d*x])/sqrt[d]])/(4"Er((2"¢c)/d))

Rubi in Sympy [A]  time = 25.8784, size = 133, normalized size = 0.92

2 3 . A/
W — VrabVde 4 erfi ( c\;adx) +2abVc + dxe™

B V2rb?Vde @ erﬁ(%) . b2Ve + dxe
8 2

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((a+b*exp(x))**2* (d*x+c)**(1/2),x)

[Out] 2*a**2*(c + d*x)**(3/2)/(3*d) - sqrt(pi)*a*b*sqrt(d)*exp(-c/d)*er
fi(sqrt(c + d*x)/sqrt(d)) + 2*a*b*sqrt(c + d*x)*exp(x) - sqrt(2)*
sqrt(pi)*b**2*sqrt(d) *exp(-2*c/d)*erfi(sqrt(2)*sqrt(c + d*x)/sqrt
(d))/8 + b**2*sqrt(c + d*x)*exp(2*x)/2

Mathematica [A] time = 0.766045, size = 197, normalized size = 1.36

3/2 c c 2c £+x
,/—% (—Sazd (—%) + 12abde™d (—\/EErf(,/—%) +2ed ™ —% + \/E) +3V2bide @ (\/Zez(d )‘/—C—:‘

12Ve + dx
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Antiderivative was successfully verified.

[In] Integrate[(a + b*EAx)A2*Sqrt[c + d*x],x]

[Out] -(Sqrt[-((c + d*x)/d)]*(-8*ar2*d* (-((c + d*x)/d))~(3/2) + (12*a*b
*d* (Sqrt[Pi] + 2*EA(c/d + x)*Sqrt[-((c + d*x)/d)] - Sqrt[Pi]*Erf[
Sqrt[-((c + d*x)/d)]]))/Er(c/d) + (3*Sqrt[2]*br2*d* (Sqrt[2]*EA(2*

(c/d + x))*Sqrt[-((c + d*x)/d)] - (Sqrt[Pi]*(-1 + Erf[Sqrt[2]*Sqr
t[-((c + d*x)/d)]11))/2))/EAr((2*c)/d)))/(12*sqrt[c + d*x])

Maple [A]  time = 0.006, size = 144, normalized size = 1.

x+c c =2
2%(1/3 (dx+c)3/2a2+b2 1/4dde+ce2d7—1/8d\/EErf(V—2d‘1de+c) ! ) (eﬁ) +2ab(1/2 Vdx + ¢

V-2d-!
Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b*exp(x))r2*(d*x+c)Ar(1/2),x)

[Oout] 2/d*(1/3* (d*x+c)r(3/2)*ar2+br2/exp(c/d)r2* (1/4*d* (d*x+c)Ar(1/2)*ex
p(2/d*(d*x+c))-1/8*d*Pir(1/2)/(-2/d)~r(1/2)*erf((-2/d)Ar(1/2)* (d*x+
c)r(1/2)))+2*a*b/exp(c/d)*(1/2* (d*x+c)A(1/2)"exp(1l/d* (d*x+c)) *d-1
/4*d*Pinr(1/2)/(-1/d)r(1/2)*erf((-1/d)~r(1/2)* (d*x+c)N(1/2))))

Maxima [A] time = 0.853262, size = 216, normalized size = 1.49

\/Ederf(m\/g)e(*ﬁ)

1

d

—2de+cde( d d —4de+cde(:

s dx+c_£) \/Qﬁderf(\@\/daﬁc 7%)e(7275)
16 (dx + c)za? — 24 ab-3

iy

24d

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(sqrt(d*x + c)*(b*erx + a)72,x, algorithm="maxima"

[Out] 1/24* (16" (d*x + c)A(3/2)*ar2 - 24* (sqrt(pi)*d'erf(sqrt(d*x + c)*s
qrt(-1/d))*er(-c/d)/sqrt(-1/d) - 2*sqrt(d*x + c)*d*er((d*x + c)/d

- c/d))*a*b - 3*(sqrt(2)*sqrt(pi)*d*erf(sqrt(2)*sqrt(d*x + c)*sq
rt(-1/d))*er(-2*c/d)/sqrt(-1/d) - 4*sqrt(d*x + c)*d*er(2*(d*x + c

)/d - 2*c/d))*br2)/d

Fricas [A] time = 0.255003, size = 182, normalized size = 1.26

1 1 1| (- , 1 1) (-z
o Ve[ 12 \/Eﬁabd\/;erf(\/dx + c\/;) e( ) +3/mb d\/;erf (\/Em —3) e(

Verification of antiderivative is not currently implemented for this CAS.

) 2 \/5(4a2dx + 3 b2
+

[In] integrate(sqrt(d*x + c)*(b*erx + a)”2,x, algorithm="fricas")

[Out] 1/24*sqrt(2)*(12*sqrt(2)*sqrt(pi)*a*b*d*sqrt(-1/d)*erf(sqrt(d*x +
c)*sqrt(-1/d))*er(-c/d) + 3*sqrt(pi)*br2*d*sqrt(-1/d)*erf(sqrt(2
)*sqrt(d*x + c)*sqrt(-1/d))*er(-2*c/d) + 2*sqrt(2)*(4*ar2*d*x + 3
*br2*d*er(2*x) + 12*a*b*d*erx + 4*ar2*c)*sqrt(d*x + c)/d)
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Sympy [A]  time = 6.62214, size = 167, normalized size = 1.15

ivrabe a erf (i\/c + dx\/g)

3
2a% (¢ + dx)? c ¢
# +2abVc + dxe " ded™ +

3d 1
d

2¢c  2c 2 bz -4 f 2 d JI
T e VIV e (I " d)

2 1
o3

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b*exp(x))**2*(d*x+c)**(1/2),x)

[Out] 2*a**2*(c + d*x)**(3/2)/(3*d) + 2*a*b*sqrt(c + d*x)*exp(-c/d)*exp
(c/d + x) + I*sqrt(pi)*a*b*exp(-c/d)*erf(I*sqrt(c + d*x)*sqrt(1l/d
))/sqrt(1/d) + b**2*sqrt(c + d*x)*exp(-2*c/d)*exp(2*c/d + 2*x)/2

+ sqrt(2)*I*sqrt(pi)*b**2*exp(-2*c/d)*erf(sqrt(2)*I*sqrt(c + d*x)
*sqrt(1/d))/(8*sqrt(1/d))

GIAC/XCAS [A]  time = 0.264448, size = 182, normalized size = 1.26

Ve Epd). ) VeV e BT ]
16 (dx + C)%az +24 ( \/_—; ) +2Vdx + cde* |ab + 3 ( md ) + 4 Vdx + cde®® | p?
24d

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(sqrt(d*x + c)*(b*erx + a)”72,x, algorithm="giac")

[Out] 1/24*(16*(d*x + c)Ar(3/2)*ar2 + 24" (sqrt(pi)*dr2*erf(-sqrt(d*x + c
)*sqrt(-d)/d)*er(-c/d)/sqrt(-d) + 2*sqrt(d*x + c)*d*erx)*a*b + 3*
(sqrt(2)*sqrt(pi)*dr2*erf(-sqrt(2)*sqrt(d*x + c)*sqrt(-d)/d)*er(-
2*c/d)/sqrt(-d) + 4*sqrt(d*x + c)*d*er(2*x))*bnr2)/d
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3.66 J(a +be*)’ Ve + dx dx

Optimal. Leaf size=224

2a%(c + dx)3/?
3d

a 2c 2
- é\/Eazb\/ge_HErﬁ ¢ +dx + 3a2bexm - E\/Eabz\/ae‘dErﬁ @
2 Vd 4\ 2 i

+ %abzezx\/c +dx - %\/553\/36—35]5& (%) + %b?’eSx Ve + dx

[Out] 3*ar2*b*EAx*Sqrt[c + d*x] + (3*a*bA2*EA(2*x)*Sqrt[c + d*x])/2 + (
bA3*EA(3*x)*Sqrt[c + d*x])/3 + (2*ar3*(c + d*x)A(3/2))/(3*d) - (3
*an2*b*Sqrt[d]*Sqrt[Pi]*Erfi[Sqrt[c + d*x]/Sqrt[d]])/(2*Er(c/d))

- (3*a*br2*Sqrt[d]*Sqrt[Pi/2]*Exrfi[(Sqrt[2]*Sqrt[c + d*x])/Sqrt[d
11)/(4*E~r((2*c)/d)) - (bAr3*Sqrt[d]*Sqrt[Pi/3]*Exrfi[(Sqrt[3]*Sqrt][

c + d*x])/Sqrt[d]])/(6*EA((3*c)/d))

Rubi [A]  time = 0.449331, antiderivative size = 224, normalized size of antiderivative = 1., number
number of rules _ 021

of steps used = 11, number of rules used = 4, integrand size = 19, = - =
integrand size

2a%(c + dx)3/?

3d
¢ v c 2Vc +d
- §\/;a?‘l)\/g{?Erﬁ ¢ +dx +3a’be*Ve + dx — § Eabz\/aef%Erﬁ u
2 v V2 v

1 3c V 1
+ gabzezx Ve +dx — g\/§b3\/ae_dErﬁ (W) + §b3€3x Ve + dx

Antiderivative was successfully verified.

[In] Int[(a + b*EAx)A3*Sqrt[c + d*x],x]

[Out] 3*anr2*b*EAx*Sqrt[c + d*x] + (3*a*bA2*EA(2*x)*Sqrt[c + d*x])/2 + (
bA3*EA(3*x)*Sqrt[c + d*x])/3 + (2*ar3*(c + d*x)~(3/2))/(3*d) - (3
*an2*b*Sqrt[d]*Sqrt[Pi]*Erfi[Sqrt[c + d*x]/Sqrt[d]])/(2*EA(c/d))

- (3*a*br2*sqrt[d]*Sqrt[Pi/2]*Erfi[(Sqrt[2]*Sqrt[c + d*x])/Sqrt[d
11)/(4*Er((2*c)/d)) - (br3*sSqrt[d]*Sqrt[Pi/3]*Erfi[(Sqrt[3]*Sqrt[

c + d*'x])/sqrt[d]])/(6*EA((3*c)/d))

Rubi in Sympy [A]  time = 37.1849, size = 212, normalized size = 0.95

243 (c + dx)? 3vratbVde a erfi (m) 3VEIyTab Ve erfi (\@m)

vd +3a’bVe + dxe* — AL
3d 2 8
_3c V3Ve+dx
. 3ab2”c + dxe2x ~ \/5\/71'193\/36 d erﬁ(T) . b?"/C +dxe3x

2 18 3

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((a+b*exp(x))**3* (d*x+c)**(1/2),x)

[Out] 2*a**3*(c + d*x)**(3/2)/(3*d) - 3*sqrt(pi)*a**2*b*sqrt(d)*exp(-c/
d)*erfi(sqrt(c + d*x)/sqrt(d))/2 + 3*a**2*b*sqrt(c + d*x)*exp(x)

- 3*sqrt(2)*sqrt(pi)*a*b**2*sqrt(d)“exp(-2*c/d)*erfi(sqrt(2)*sqrt

(c + d*x)/sqrt(d))/8 + 3*a*b**2*sqrt(c + d*x)*exp(2*x)/2 - sqrt(3
)*sqrt(pi)*b**3*sqrt(d)*exp(-3*c/d)*erfi(sqrt(3)*sqrt(c + d*x)/sq
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rt(d))/18 + b**3*sqrt(c + d*x)*exp(3*x)/3

Mathematica [A] time = 1.08626, size = 285, normalized size = 1.27

3/2 C c 2c £-4-_7(
,/—% (—24a3d (—%) +54a%bde”d (—\/EErf(,/—%) +2ed** —% + \/E) + 27V2ab%de™"@ \/Eez(d )\/
- 36Vc + d>

Antiderivative was successfully verified.

[In] Integrate[(a + b*EAx)A3*Sqrt[c + d*x],x]

[Out] -(Sqrt[-((c + d*x)/d)]*(-24*ar3*d*(-((c + d*x)/d))*(3/2) + (54*ar
2*b*d* (Sqrt[Pi] + 2*EA(c/d + x)*Sqrt[-((c + d*x)/d)] - Sqrt[Pi]*E
rf[Sqrt[-((c + d*x)/d)]]))/Er(c/d) + (27*Sqrt[2]*a*br2*d* (Sqrt[2]
*EA(2*(c/d + x))*Sqrt[-((c + d*x)/d)] - (Sqrt[Pi]* (-1 + Erf[Sqrt][
2]1*sqrt[-((c + d*x)/d)]11))/2))/E~((2*c)/d) + (2*Sqrt[3]*br3*d* (Sq
rt[Pi] + 2*Sqrt[3]*EA(3*(c/d + x))*Sqrt[-((c + d*x)/d)] - Sqrt[Pi
1*Exrf[Sqrt[3]*Sqrt[-((c + d*x)/d)]]))/E~A((3*c)/d)))/(36*Sqrt[c +

d*x])

Maple [A] time = 0.007, size = 211, normalized size = 0.9

1 x+c 1 c -3
23(1B(dx+cf”a3+b3 Uédde+céd7*—1ﬁ2dv%Eﬁ(V—3d4de+c) )(ed) +3ab2@/4dVZ§

V=3 4-1
Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b*exp(x))A3*(d*x+c)Ar(1/2),%)

[Out] 2/d*(1/3* (d*x+c)~(3/2)*ar3+br3/exp(c/d)r3*(1/6*d* (d*x+c)Ar(1/2)*ex
p(3/d* (d*x+c))-1/12*d*Pinr(1/2)/(-3/d)A(1/2) *erf((-3/d)A(1/2)* (d*x
+c)A(1/2)))+3*a*br2/exp(c/d)r2* (1/4*d* (d*x+c)A(1/2) *exp(2/d* (d*x+
c))-1/8*d*Pir(1/2)/(-2/d)~r(1/2)*erf((-2/d)r(1/2)*(d*x+c)A(1/2)))+
3*ar2*b/exp(c/d)* (1/2* (d*x+c)A(1/2) *exp(1/d* (d*x+c))*d-1/4*d*Pir(
1/2)/(-1/d)A(1/2) *erf ((-1/d)A(1/2)* (d*x+c)A(1/2))))

Maxima [A] time = 0.878151, size = 321, normalized size = 1.43

vEdeﬂ(VEEIEJig)eV%)

H

V2ymd erf( V2Vdx+c -4 e(f%c)
( d) —4Vdx + c

48 (dx + ¢)?a® — 108

—2Vdx + cde(m‘(iw_‘s))azb - 27(

0

72d

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(sqrt(d*x + c)*(b*erx + a)73,x, algorithm="maxima"

[Out] 1/72*(48*(d*x + c)A(3/2)*ar3 - 108* (sqrt(pi)*d*erf(sqrt(d*x + c)*
sqrt(-1/d))*enr(-c/d)/sqrt(-1/d) - 2*sqrt(d*x + c)*d*er((d*x + c)/
d - c/d))*anr2*b - 27*(sqrt(2)*sqrt(pi)*d*erf(sqrt(2)*sqrt(d*x + c
Y*sqrt(-1/d))*er(-2*c/d)/sqrt(-1/d) - 4*sqrt(d*x + c)*d*er(2*(d*x

+ c)/d - 2*c/d))*a*br2 - 4*(sqrt(3)*sqrt(pi)*d*erf(sqrt(3)*sqrt(

d*x + c)*sqrt(-1/d))*er(-3*c/d)/sqrt(-1/d) - 6*sqrt(d*x + c)*d*e~r
(3*(d*x + ¢c)/d - 3*c/d))*br3)/d
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Fricas [A] time = 0.257096, size = 267, normalized size = 1.19

\/§\/§(18 V3V2yra®h erf (m\/%) o“8) 1 o vaymab? erf («/ém\/%) o) 4 2 vaymb et («/§x/dx_+

1
72 -1

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(sqrt(d*x + c)*(b*erx + a)73,x, algorithm="fricas")

[Out] -1/72*sqrt(3)*sqrt(2)*(18*sqrt(3)*sqrt(2)*sqrt(pi)*ar2*b*erf(sqrt
(d*x + c)*sqrt(-1/d))*er(-c/d) + 9*sqrt(3)*sqrt(pi)*a*br2*erf(sqr
t(2)*sqrt(d*x + c)*sqrt(-1/d))*er(-2*c/d) + 2*sqrt(2)*sqrt(pi)*bA
3*erf(sqrt(3)*sqrt(d*x + c)*sqrt(-1/d))*er(-3*c/d) - 2*sqrt(3)*sq
rt(2)*(4*ar3*d*x + 2*br3*d*er(3*x) + 9*a*br2*d*er(2*x) + 18*ar2*b
*d*erx + 4*anr3*c)*sqrt(d*x + c)*sqrt(-1/d)/d)/sqrt(-1/d)

Sympy [A]  time = 9.35451, size = 265, normalized size = 1.18

203 (c +d )3 3ivratbe™a erf (i\/c + dx\/g)
+ 2 C C
LT’ y X 3a2bVe + dxe Ged ™ +
3 2\/5
, _2e ) 1
) _2e 2e,qy 3V2ivrab®e”d erf (\/§ch + dx\/;)
+3ab\/c+dxe ded .
2 8\/;
. _se . 1
3 e 3e,a \V3inrble @ erf (\/§ch + dx\/;)
. b>Ve+dxe ded .

3

1
18,1
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b*exp(x))**3*(d*x+c)**(1/2),x)

[Out] 2*a**3*(c + d*x)**(3/2)/(3*d) + 3*a**2*b*sqrt(c + d*x)*exp(-c/d)*
exp(c/d + x) + 3*I*sqrt(pi)*a**2*b*exp(-c/d)*erf(I*sqrt(c + d*x)*
sqrt(1/d))/(2*sqrt(1/d)) + 3*a*b**2*sqrt(c + d*x)*exp(-2*c/d)*exp
(2*c/d + 2*x)/2 + 3*sqrt(2)*I*sqrt(pi)*a*b**2*exp(-2*c/d)*erf(sqr
t(2)*I*sqrt(c + d*x)*sqrt(1/d))/(8*sqrt(1/d)) + b**3*sqrt(c + d*x
Y*exp(-3*c/d)*exp(3*c/d + 3*x)/3 + sqrt(3)*I*sqrt(pi)*b**3*exp(-3
*c/d)*erf(sqrt(3)*I*sqrt(c + d*x)*sqrt(1/d))/(18*sqrt(1/d))

GIAC/XCAS [A]  time = 0.239575, size = 271, normalized size = 1.21

Vrd? ext(~YaEzev=d ) () VivEd? ert( - YTEEd) (%)
48 (dx + c)%a3 +108 “ ( ‘/_7; )e +2Vdx + cde* | a®b + 27 “ ( md )e +4Vdx + cde®¥ | q
72d

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(sqrt(d*x + c)*(b*erx + a)”73,x, algorithm="giac")

[Out] 1/72*(48* (d*x + c)~(3/2)*ar3 + 108* (sqrt(pi)*dr2*erf(-sqrt(d*x +
c)*sqrt(-d)/d)*er(-c/d)/sqrt(-d) + 2*sqrt(d*x + c)*d*erx)*ar2*b +
27* (sqrt(2)*sqrt(pi)*dr2*erf(-sqrt(2)*sqrt(d*x + c)*sqrt(-d)/d)*
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en(-2*c/d)/sqrt(-d) + 4*sqrt(d*x + c)*d*er(2*x))*a*br2 + 4* (sqrt(
3)*sqrt(pi)*dr2*erf(-sqrt(3)*sqrt(d*x + c)*sqrt(-d)/d)*er(-3*c/d)
/sqrt(-d) + 6*sqrt(d*x + c)*d*er(3*x))*b~3)/d
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3.67  [Yerdxy

a+bex

Optimal. Leaf size=22

X
a+bex’

(Vc+dx )
Int

[Out] Unintegrable[Sqrt[c + d*x]/(a + b*EAX), x]

Rubi [A] time = 0.0630843, antiderivative size = 0, normalized size of antiderivative = 0., number of

0, number of rules _

steps used = 0, number of rules used = 0, integrand size = =
integrand size

(\/c+dx )
Int X

Verification is Not applicable to the result.

[In] Int[Sqrt[c + d*x]/(a + b*EAX),X]

[Out] Defer[Int][Sqrt[c + d*x]/(a + b*EAx), X]

Rubi in Sympy [A]  time = 0., size = 0, normalized size = 0.

df%dx ) Vc+dxlog(“eb +1)
2a a

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate((d*x+c)**(1/2)/(a+b*exp(x)),x)

[Out] d*Integral(log(a*exp(-x)/b + 1)/sqrt(c + d*x), x)/(2*a) - sqrt(c
+ d*x)*log(a*exp(-x)/b + 1)/a

Mathematica [A] time = 0.351695, size = 0, normalized size = 0.

Jm

a+ be*
Verification is Not applicable to the result.

[In] Integrate[Sqrt[c + d*x]/(a + b*EAx),x]

[Out] Integrate[Sqrt[c + d*x]/(a + b*EAX), x]

Maple [A] time = 0.038, size = 0, normalized size = 0.

I Vdx + cdx
a + bex

Verification of antiderivative is not currently implemented for this CAS.
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[In] dint((d*x+c)~r(1/2)/(a+b*exp(X)),x)

[Out] int((d*x+c)Ar(1/2)/(a+b™exp(x)),x)

time = 0., size = 0, normalized size = 0.

Jm

be* +a

Maxima [A]

Verification of antiderivative is not currently implemented for this CAS.

algorithm="maxima"

[In] integrate(sqrt(d*x + c)/(b*erx + a),X,

[Out] integrate(sqrt(d*x + c)/(b*erx + a), Xx)

time = 0., size = 0, normalized size = 0.

Vdx + ¢ x)

be* +a’

Fricas [A]

integral (

Verification of antiderivative is not currently implemented for this CAS.

algorithm="fricas")

[In] integrate(sqrt(d*x + c)/(b*erx + a),Xx,

[Out] integral(sqrt(d*x + c)/(b*erx + a), X)

Sympy [A]  time = 0., size = 0, normalized size = 0.

a+ be*

Im

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x+c)**(1/2)/(a+b*exp(x)),x)

[Out] Integral(sqrt(c + d*x)/(a + b*exp(x)), X)

time = 0., size = 0, normalized size = 0.

JW

beX +a

GIAC/XCAS [A]

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(sqrt(d*x + c)/(b*erx + a),x, algorithm="giac")

[Out] integrate(sqrt(d*x + c)/(b*erx + a), x)
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c+dx
3.68 —(av+bex)2 dx

Optimal. Leaf size=22

( Ve +dx )
Int

—_— X
(a + bex)?

[Out] Unintegrable[Sqrt[c + d*x]/(a + b*EAX)"2, Xx]

Rubi [A]  time = 0.0602979, antiderivative size = 0, normalized size of antiderivative = 0., number of

steps used = 0, number of rules used = 0, integrand size = 0, W =0.
integrand size

( Ve +dx )
Int

E———
(a + bex)?

Verification is Not applicable to the result.

[In] Int[Sqrt[c + d*x]/(a + b*EAX)A2,x]

[Out] Defer[Int][Sqrt[c + d*x]/(a + b*EAx)A2, x]

Rubi in Sympy [F(-1)]  time = 0., size = 0, normalized size = 0.

Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate((d*x+c)**(1/2)/(a+b*exp(x))**2,x)

[Out] Timed out

Mathematica [A] time = 0.784623, size = 0, normalized size = 0.

J—(m dx

a + bex)?
Verification is Not applicable to the result.

[In] 1Integrate[Sqrt[c + d*x]/(a + b*EAx)"2,x]

[Out] Integrate[Sqrt[c + d*x]/(a + b*EAX)A2, X]

Maple [A] time = 0.062, size = 0, normalized size = 0.

J(;\/mdx

a + beX)?
Verification of antiderivative is not currently implemented for this CAS.

[In] dint((d*x+c)~r(1/2)/(a+b*exp(x))"2,X)
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[Out] int((d*x+c)~r(1/2)/(a+b*exp(xX))"2,X)

Maxima [A]  time = 0., size = 0, normalized size = 0.

X

Im

(be* + a)*
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(sqrt(d*x + c)/(b*erx + a)72,x, algorithm="maxima"

[Out] integrate(sqrt(d*x + c)/(b*erx + a)r2, x)

Fricas [A] time = 0., size = 0, normalized size = 0.

Vdx +¢

X
b2ex) + 2 gbe* + a?

integral

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(sqrt(d*x + c)/(b*erx + a)”2,x, algorithm="fricas")

[Out] integral(sqrt(d*x + c)/(br2*er(2*xX) + 2*a*b*erx + ar2), x)

Sympy [A]  time = 0., size = 0, normalized size = 0.

J—(m dx

a + beX)?
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x+c)**(1/2)/(a+b*exp(x))**2,x)

[Out] Integral(sqrt(c + d*x)/(a + b*exp(x))**2, x)

GIAC/XCAS [A]  time = 0., size = 0, normalized size = 0.

JW

——dx
(be* + a)?

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(sqrt(d*x + c)/(b*erx + a)~2,x, algorithm="giac")

[Out] integrate(sqrt(d*x + c)/(b*erx + a)"2, x)
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c+dx
3.69 —(av+bex)3 dx

Optimal. Leaf size=22

( Ve +dx )
Int

—_— X
(a + bex)?

[Out] Unintegrable[Sqrt[c + d*x]/(a + b*EAX)"3, x]

Rubi [A]  time = 0.0591047, antiderivative size = 0, normalized size of antiderivative = 0., number of

steps used = 0, number of rules used = 0, integrand size = 0, W =0.
integrand size

( Ve +dx )
Int

E——
(a + bex)?

Verification is Not applicable to the result.

[In] Int[Sqrt[c + d*x]/(a + b*EAx)A3,x]

[Out] Defer[Int][Sqrt[c + d*x]/(a + b*EAx)A3, x]

Rubi in Sympy [F(-1)]  time = 0., size = 0, normalized size = 0.

Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate((d*x+c)**(1/2)/(a+b*exp(x))**3,x)

[Out] Timed out

Mathematica [A] time = 1.06058, size = 0, normalized size = 0.

J—(m dx

a + bex)?
Verification is Not applicable to the result.

[In] 1Integrate[Sqrt[c + d*x]/(a + b*EAx)A3,x]

[Out] Integrate[Sqrt[c + d*x]/(a + b*EAX)A3, Xx]

Maple [A] time = 0.075, size = 0, normalized size = 0.

J(;\/mdx

a + bex)*
Verification of antiderivative is not currently implemented for this CAS.

[In] dint((d*x+c)~r(1/2)/(a+b*exp(x))"3,X)
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[Out] int((d*x+c)~r(1/2)/(a+b*exp(xX))"3,X)

Maxima [A]  time = 0., size = 0, normalized size = 0.

X

Im

(be* + a)®
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(sqrt(d*x + c)/(b*erx + a)73,x, algorithm="maxima"

[Out] integrate(sqrt(d*x + c)/(b*erx + a)r3, x)

Fricas [A] time = 0., size = 0, normalized size = 0.

Vdx +¢

b3eBx) 1+ 3 gb2e(X) 4 3 g2hex + a3’x

integral
Verification of antiderivative is not currently implemented for this CAS.
[In] integrate(sqrt(d*x + c)/(b*erx + a)”3,x, algorithm="fricas")

[Out] integral(sqrt(d*x + c)/(bA3*er(3*x) + 3*a*br2*er(2*x) + 3*anr2*b*e
AX + ar3), x)

Sympy [F(-1)] time = 0., size = 0, normalized size = 0.

Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x+c)**(1/2)/(a+b*exp(x))**3,x)

[Out] Timed out

GIAC/XCAS [A]  time = 0., size = 0, normalized size = 0.

J Vdx + ¢
——dx

(be* + a)®
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(sqrt(d*x + c)/(b*erx + a)73,x, algorithm="giac")

[Out] integrate(sqrt(d*x + c)/(b*erx + a)”3, x)
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3
3.70 I (a +b (Fg(e+fx)) n) (c+dx)™dx
Optimal. Leaf size=340

cf —
3a2b(c +dx)™ (Feg+fgx)ﬂ an(e—j)—gn(lﬂfx) (—JM) m Cormma (m ‘1 _]w)

fgnlog(F)
_df) + + -m +
Sabzz—m—1@_+dxyn(Fegqyx)ZHIQQH@ d) 29Mefk)(_fgnbgchdx» Ganuna(nl+1,_2fgnb%chdx»
+
fgnlog(F)
_df)_ +fx + -m +
b33_m_1(c + dx)m (Feg+fgx)3" F3gn(e d) 3gn(e+fx) (_fgnlog(all:)(c dx)) Gamma (m +1, _3fgnlog£1F)(c dx))
+
fgnlog(F)

a’(c + dx)™*!

d(m+1)

[out] (ar3*(c + d*x)A(1 + m))/(d*(1 + m)) + (37r(-1 - m)*bA3*FA(3*(e - (
c*f)/d)*g*n - 3*g*n*(e + £*x))*(Fr(e*g + £*g*x))7(3*n)*(c + d*x)A
m*Gamma[l + m, (-3*f*g*n*(c + d*x)*Log[F])/d])/(£*g*n*Log[F]* (-((
f*g*n*(c + d*x)*Log[F])/d))”m) + (3*2~(-1 - m)*a*bAr2*FAr(2* (e - (c
*£)y/d)*g*n - 2*g*n*(e + £*x))*(Fr(e*g + £*g*x))A(2*n)*(c + d*x) m
*Gamma[l + m, (-2*f*g*n*(c + d*x)*Log[F])/d])/(£f*g*n*Log[F]* (-((f
*g*n*(c + d*x)*Log[F])/d))*m) + (3*ar2*b*FAr((e - (c*f)/d)*g*n - g

*n*(e + £*x))*(Fr(e*g + £*g*x))2n*"(c + d*x)Mm*Gamma[l + m, -((f*g

*n* (¢ + d*x)*Log[F])/d)])/(f*g*n*Log[F]* (-((f*g*n* (¢ + d*x)*Log[F
1)/d))rm)

Rubi [A]  time = 0.832698, antiderivative size = 340, normalized size of antiderivative = 1., number

number of rules _ 19

of steps used = 8, number of rules used = 3, integrand size = 25, = =
integrand size

cf —
3(1219((: + dx)m (Feg+fgx)n Fyn(e—j)—gn(ﬂfx) (_M) m Gamma (m 1 _M)

fgnlog(F)
3ab%2-m-1(c + dx)™ (Feo+f9%) 2n Fzgn(e—%)—zgn(mfx) (_fgn1og(5)(c+dx)) ™ Gamma (m i1 _zfgnlogilF)(udx))
+
fgnlog(F)
b33—m—1(c + dx)™ (Feg+fgx) 3n F3gn<e—%)—39n(e+fx) (_fgnlog({]j)(mdx)) -m Gamma (m i1, _ngnlog;F)(udx))
+
fgnlog(F)

a’(c + dx)™*!
dim +1)

Antiderivative was successfully verified.

[In] Int[(a + b*(FA(g*(e + £*x)))2n)A3*(c + d*x)" m,x]

[Out] (ar3*(c + d*x)A(1 + m))/(d*(1 + m)) + (37r(-1 - m)*bA3*FA(3* (e - (
c*f)/d)*g*n - 3*g*n*(e + £*x))*(Fr(e*g + £*g*x))A(3*n)*(c + d*x)A
m*Gamma[l + m, (-3*"f*g*n*(c + d*x)*Log[F])/d])/(f*g*n*Log[F]* (-((
f*g*n*(c + d*x)*Log[F])/d))*m) + (3"2A(-1 - m)*a*bAr2*FAr(2* (e - (c
*£y/d)*g*n - 2*g*n*(e + £*x))*(Fr(e*g + £ g*x))A(2*n)*(c + d*x) m
*Gamma[l + m, (-2*f*g*n*(c + d*x)*Log[F])/d])/(f*g*n*Log[F]* (-((f
*g*n*(c + d*x)*Log[F])/d))rm) + (3*ar2*b*FAr((e - (c*f)/d)*g*n - g

n*(e + £*x))*(Fr(e*g + £*g'x)) " (c + d*x)Mm*Gamma[l + m, -((f*g

*n*(c + d*x)*Log[F])/d)])/(f*g*n*Log[F]* (-((f*g*n* (¢ + d*x)*Log[F
1)/d))rm)
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Rubi in Sympy [A] time = 77.9398, size = 333, normalized size = 0.98

n(cf-de Caa -m 3n Caa
an(—Se—fo)F—wbS (fgn( 3¢ ZdX)IOg(F)) (c +dx)m (Fg(e+fx)) (m+ 1, fgn(=3c de)log(F))

3fgnlog (F)
n(cf-de _9e_ -m 2n —9¢c—
3an(—2e—2fx)F—wab2 (fg”( 2c (Zidx)log(F)) (c +dx)™ (Fg(e+fx)) (m+ 1, fgn(=2c zdx)log(F))

2fgnlog (F)
n(cf-de o -m n e
gpgn(-e—fx) p- 1L o (fgn( c jx)log(m) (c + dx)™ (Fg(e+fx)) (m+ p, fonte Zx)logm)

fgnlog(F)

+

+

a3 (c + dx)™*!
dim+1)

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((a+b* (F**(g*(f*x+e)))**n)**3*(d*x+c)**m,x)

[Out] F**(g*n*(-3%*e - 3*f*x))*F**(-3*g*n*(c*f - d*e)/d)*b**3*(£*g*n* (-3
*¢ - 3*d*x)*log(F)/d)**(-m)*(c + d*x)**m* (F**(g*(e + £*x)))**(3*n
Y*Gamma(m + 1, f*g*n*(-3*c - 3*d*x)*log(F)/d)/(3*f*g*n*log(F)) +
B*F**(g*n*(_z*e — z*f*X))*F**(_z*g*n*(C*f _ d*e)/d)*a*b**z*(f*g*n
*(-2*c - 2*d*x)*log(F)/d)**(-m)*(c + d*x)**m* (F**(g*(e + £*x)))**
(2*n)*Gamma(m + 1, f*g*n*(-2*c - 2*d*x)*log(F)/d)/(2*f*g*n*log(F)

) + 3*F**(g*n*(_e - f*X))*F**(_g*n*(C*f — d*e)/d)*a**z*b*(f*g*n*(

-¢c - d*x)*log(F)/d)**(-m)*(c + d*x)**m*(F**(g*(e + £*x))) **n*Gamm

a(m + 1, f*g*n*(-c - d*x)*log(F)/d)/(f*g*n*log(F)) + a**3*(c + d*
xX)**(m + 1)/(d*(m + 1))

Mathematica [A] time = 0.258307, size = 0, normalized size = 0.
ny\ 3
I (a +b (Fg("*fx)) ) (c+dx)™dx

Verification is Not applicable to the result.

[In] Integrate[(a + b*(FA(g*(e + £*x)))An)A3*(c + d*x) m,x]

[Out] Integrate[(a + b*(FA(g*(e + £*x)))An)A3*(c + d*x) m, X]

Maple [F] time = 0.064, size = 0, normalized size = 0.
ny\ 3
I (a +b (Fg(f’”e)) ) (dx +c)™ dx

Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b* (FA(g* (f*x+€)))An)A3* (d*x+c)’ m,X)

[Out] int((a+b* (FA(g* (f*x+e)))An)A3* (d*x+c)’ m,X)

Maxima [F(-2)]  time = 0., size = 0, normalized size = 0.

Exception raised: ValueError

Verification of antiderivative is not currently implemented for this CAS.
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[In] integrate(((FA((f*x +e)*g))*n*b + a)A3*(d*x + ¢c) m,x, algorithm="maxima"

[Out] Exception raised: ValueError

Fricas [A]  time = 0.280079, size = 365, normalized size = 1.07

2(de-cf)gn log(F)-dm 1og(72—f9

(de—cf)gnlog(F)—dmlog(—fign‘l;g(F))
a

d

18 (azbdm+ azbd)e )(m+ 1’_(df9nx+c£9n)log(F)) +9 (abzdm+ab2d)e

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)A3*(d*x + ¢c)?m,x, algorithm="fricas")

[Out] 1/6* (18* (anr2*b*d*m + ar2*b*d)*er(((d*e - c*f)*g*n*log(F) - d*m*lo
g(-f*g*n*log(F)/d))/d)*gamma(m + 1, -(d*f*g*n*x + c*f£*g*n)*log(F)

/d) + 9*(a*br2*d*m + a*br2*d)*er((2*(d*e - c*f)*g*n*log(F) - d*m*
log(-2*f*g*n*log(F)/d))/d)*gamma(m + 1, -2*(d*f*g*n*x + c*f£*g*n)*
log(F)/d) + 2*(b”r3*d*m + br3*d)*er((3*(d*e - c*f)*g*n*log(F) - d*
m*log(-3*f*g*n*log(¥)/d))/d)*gamma(m + 1, -3*(d*f*g*n*x + c*f*g*n
)*log(F)/d) + 6*(ar3*d*f*g*n*x + ar3*c*f*g*n)*(d*x + c) m*log(F))
/((d*f*g*m + d*£*g)*n*log(F))

Sympy [F(-1)] time = 0., size = 0, normalized size = 0.
Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b* (F**(g*(f*x+e)))**n)**3*(d*x+c)**m,x)

[Out] Timed out

GIAC/XCAS [F]  time = 0., size = 0, normalized size = 0.
n 3
J ((F(f’”e)g) b+ a) (dx +c)™ dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)A3*(d*x + c)?m,x, algorithm="giac")

[Out] integrate(((FA((f*x + e)*g))An*b + a)A3*(d*x + c)*m, X)
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2
3.71 I (a +b (Fg(e+fx)) n) (c+dx)™dx
Optimal. Leaf size=228

cf —
Zab(c + dx)m (Feg+fgx) n an(f?—j)—gn(eﬂ‘x) (_fgnlog(;)(e*—dx)) " Gamma (m +1, _fgnlog(j)(ﬁdx))

fgnlog(F)
b22—m—1(c + dx)m (Feg+fgx) 2n FZgn(e—%)—Zgn(e+fx) (_fgnlog(ll;)(mdx)) —-m Gamma (m i1, _zfgnlogl(iF)(c+dx))
+
fgnlog(F)
a*(c + dx)™*!
dim +1)

[Out] (ar2*(c + d*x)A (1 + m))/(d* (1 + m)) + (27A(-1 - m)*bA2*Fr(2* (e - (
c*f)/d)*g*n - 2*g*n*(e + £*x))*(Fr(e*g + £*g*x))A(2*n)*(c + d*x)A
m*Gamma[l + m, (-2*f*g*n*(c + d*x)*Log[F])/d])/(f*g*n*Log[F]* (-((
f*g*n*(c + d*x)*Log[F])/d))*m) + (2*a*b*FAr((e - (c*f)/d)*g*n - g*

n*(e + £*'x))*(Fr(e*g + £*g*x)) n*(c + d*x)Am*Gamma[l + m, -((f*g"

n*(c + d*x)*Log[F])/d)])/(£*g*n*Log[F]* (-((£"g"n"(c + d*x)"Log[F]
)/d))rm)

Rubi [A]  time = 0.498875, antiderivative size = 228, normalized size of antiderivative = 1., number
number of rules _ 19

of steps used = 6, number of rules used = 3, integrand size = 25, = =
integrand size

2ab(e + dxy (pe0°/o%)" por ()0 (Lanb ) G (- 1, Lol

fgnlog(F)
bZz_m_l(c + dx)™ (Feg+fgx) 2n FZgn(e—%c)—Zgn(eﬂfx) (_fgnlog(all:)(c+dx)) -m Gamma (m +1, _2fgn logEIF)(c+dx))
+
fgnlog(F)

a’(c + dx)™*!
d(im+1)

Antiderivative was successfully verified.

[In] Int[(a + b*(FA(g* (e + £*x)))*n)~r2* (c + d*x)"m,x]

[out] (ar2*(c + d*x)A(1 + m))/(d*(1 + m)) + (2~r(-1 - m)*bA2*FAr(2* (e - (
c*f)/d)*g*n - 2*g*n*(e + £*x))*(Fr(e*g + £*g*x))~(2*n)*(c + d*x)A
m*Gamma[1l + m, (-2*f*g*n*(c + d*x)*Log[F])/d])/(f*g*n*Log[F]* (-((
f*g*n*(c + d*x)*Log[F])/d))*m) + (2*a*b*Fr((e - (c*f)/d)*g*n - g*

n*(e + £*x))*(Fr(e*g + f*g*x))An*(c + d*x) m*Gamma[l + m, -((f*g”

n*(c + d*x)*Log[F])/d)1)/(f*g"n"Log[F]* (- ((£*g*n* (c + d*x)*Log[F]
)/d))Am)

Rubi in Sympy [A]  time = 50.2532, size = 219, normalized size = 0.96

n(cf-de) e -m 2n 9e
an(—Ze—fo)F—%bZ (fgn( 2c de)log(F)) (c+ dx)m (Fg(e+fx)) (m +1, fgn(=2c ‘Zidx)IOg(F))

d
2fgnlog (F)
oFgn(-e~fx) p-2Lde) (fgn(—c—gx)log(F))_m (c + dx)™ ( Fg(e+fx)) " (m i1, fgn(—c—jx)IOg(F))
+
fgnlog (F)

a2 (c + dx)™*!

d(m+1)

Verification of antiderivative is not currently implemented for this CAS.
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[In] ©rubi_integrate((a+b* (F**(g*(f*x+e)))**n)**2* (d*x+c)**m,x)

[Out] F**(g*n*(-2%e - 2*f*x))*F**(-2*g*n*(c*f - d*e)/d)*b**2*(£*g*n* (-2
¢ - 2*d*x)*log(F)/d)**(-m)*(c + d*x)**m*(F**(g* (e + £*x)))**(2*n
Y*Gamma(m + 1, f*g*n*(-2*c - 2*d*x)*log(F)/d)/(2*f*g*n*log(F)) +
Z*F**(g*n*(_e _ f*X))*F**(—g*n*(C*f _ d*e)/d)*a*b*(f*g*n*(_c _ d*
x)*log(F)/d)**(-m)*(c + d*x)**m*(F**(g* (e + £*x)))**n*Gamma(m + 1

, £*g*n*(-c - d*x)*log(F)/d)/(f*g*n*log(F)) + a**2*(c + d*x)**(m

+ 1)/(d*(m + 1))

Mathematica [A] time = 0.200101, size = 0, normalized size = 0.
ny 2
I (a +b (Fg(“fx)) ) (c +dx)™dx

Verification is Not applicable to the result.

[In] 1Integrate[(a + b*(FA(g*(e + £*x)))An)r2*(c + d*x) m,x]

[Out] Integrate[(a + b*(FA(g*(e + £*x)))An)Ar2*(c + d*x) m, X]

Maple [F] time = 0.051, size = 0, normalized size = 0.
2
J (a +b (Fg(fx+e)) n) (dx +¢)™ dx

Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b* (FA(g* (f*x+e)))An)Ar2* (d*x+c) m,X)

[Out] int((a+b* (FA(g* (f*x+e)))An)Ar2* (d*x+c) m,X)

Maxima [F(-2)]  time = 0., size = 0, normalized size = 0.

Exception raised: ValueError

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)A2*(d*x + ¢c)?m,x, algorithm="maxima"

[Out] Exception raised: ValueError

Fricas [A]  time = 0.275973, size = 258, normalized size = 1.13

2(de-cf)gnlog(F)-dm 1og(—M)
d

(de—cf)gnlog(F)-dm log(—M)
d

4 (abdm + abd)e ) (m +1, —(dfg"xwgg")bgm) + (b%dm + b*d) e(

2(dfgm+dfg)nlog(F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)A2*(d*x + ¢c)?m,x, algorithm="fricas")
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[Out] 1/2*(4* (a*b*d*m + a*b*d)*er(((d*e - c*f)*g*n*log(F) - d*m*log(-f*
g*n*log(F)/d))/d)*gamma(m + 1, -(d*f*g*n*x + c*f*g*n)*log(F)/d) +
(bA2*d*m + br2*d)*er((2*(d*e - c*f)*g*n*log(F) - d*m*log(-2*f*g*
n*log(F)/d))/d)*gamma(m + 1, -2*(d*f*g*n*x + c*f*g*n)*log(F)/d) +
2*(an2*d*f*g*n*x + ar2*c*f*g*n)*(d*x + c)rm*log(F))/((d*f*g*m +
d*f*g)*n*log(F))

Sympy [F(-1)]  time = 0., size = 0, normalized size = 0.

Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b* (F**(g* (£f*x+e)))**n)**2* (d*x+c)**m,x)

[Out] Timed out

GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.
n 2
J ((F(f’”e)g) b+ a) (dx +c)™ dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))*n*b + a)r2*(d*x + ¢c)Am,x, algorithm="giac")

[Out] integrate(((FA((f*x + e)*g))An*b + a)r2*(d*x + c)~m, X)



240

3.72 I (a +b (Fg(e+fx)) n) (c +dx)"dx

Optimal. Leaf size=116

—-m

b(c + dxy™ (Feg+fox)" pon(e=F)-gnteerx) (_fgnlog(5><c+dx>) Gamma (m i1 _fgnlog<§><c+dx>)

fgnlog(F)

a(c + dx)™*1
dim+1)

[Out] (a*(c + d*x)A(1 + m))/(d*(1 + m)) + (b*FAr((e - (c*f)/d)*g*n - g*n
(e + £'x))* (Fr(e*g + £*g*x))An*(c + d*x)Mm*Gamma[l + m, -((f*g"n

*(c + d'x)*Log[F])/d)])/(£*g"n"Log[F]* (-((£*g*n*(c + d"x)*Log[F])
/d))rm)

Rubi [A]  time = 0.239244, antiderivative size = 116, normalized size of antiderivative = 1., number
number of rules _ 013

of steps used = 4, number of rules used = 3, integrand size = 23, = = =
integrand size

cf —
b(C +dx)™ (Feg+fgx) n an(e—7)—gn(e+fx) (_fgnlog(oi;)(c+dx)) m Gamma (m i1, _fgnlog(j)(c+dx))

fgnlog(F)

a(c + dx)™*1

dim+1)

Antiderivative was successfully verified.

[In] Int[(a + b*(FA(g*(e + £*x)))An)*(c + d*x) m,X]

[Out] (a*(c + d*x)A(1 + m))/(d*(1 + m)) + (b*FA((e - (c*f)/d)*g*n - g*n
(e + £*x))*(Fr(e*g + f'g*x))An"(c + d*x)Am*Gamma[l + m, -((f*g*n

*(c + d'x)*Log[F])/d)])/(£*g"n*Log[F]* (-((£*g*n*(c + d"x)*Log[F])
/d))rm)

Rubi in Sympy [A]  time = 22.9806, size = 105, normalized size = 0.91

an(—e—fx)F—Mb (fgn(—c—;lx)log(F)) - (C + dx)m (Fg(e+fx)) " (m +1, fgn(—c—jx)log(F))

fgnlog(F)

a(C + dx)m+l

+ —
d(m+1)
Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((a+b* (F**(g*(f*x+e)))**n)* (d*x+c)**m,x)

[Out] F**(g*n*(-e - £*x))*F**(-g*n*(c*f - d*e)/d)*b*(£f*g*n*(-c - d*x)*1
og(F)/d)**(-m)*(c + d*x)**m*(F**(g* (e + £*x)))**n*Gamma(m + 1, f*
g*n*(-c - d*x)*log(F)/d)/(£f*g*n*log(F)) + a*(c + d*x)**(m + 1)/(d

*m + 1))

Mathematica [A] time = 0.145095, size = 0, normalized size = 0.
n
J (a +b (Fg(e+fx)) ) (c +dx)™dx

Verification is Not applicable to the result.
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[In] 1Integrate[(a + b*(FA(g*"(e + £*x)))*n)*(c + d*x) m,x]

[Out] Integrate[(a + b*(FA(g*"(e + £*x)))2n)*(c + d*x)*m, x]

Maple [F] time = 0.052, size = 0, normalized size = 0.
n
J (a +b (Fg(f’”e)) ) (dx +c)™ dx

Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b* (FA(g* (f*x+e))) n)* (d*x+c) m,Xx)

[Out] int((a+b* (FA(g* (f*x+e))) n)* (d*x+c) m,Xx)

Maxima [F(-2)] time = 0., size = 0, normalized size = 0.

Exception raised: ValueError

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)*(d*x + c) m,x, algorithm="maxima"

[Out] Exception raised: ValueError

Fricas [A] time = 0.271062, size = 150, normalized size = 1.29

(de—cf)gnlog(F)-dm 1@—%)
d

(bdm + bd)e ) (m +1,- (dfgnx+c§gn)10g(F)) + (ad fgnx + ac fgn)(dx + ¢)™ log (F)
(dfgm +dfg)nlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)*(d*x + c) m,x, algorithm="fricas")

[Out] ((b*d*m + b*d)*er(((d*e - c*f)*g*n*log(F) - d*m*log(-f*g*n*log(F)
/d))/d)*gamma(m + 1, -(d*f*g*n*x + c*f*g*n)*log(F)/d) + (a*d*f*g*
n*x + a*c*f*g*n)*(d*x + c)Mm*log(F))/((d*£*g*m + d*£*g)*n*log(F))

Sympy [F(-1)] time = 0., size = 0, normalized size = 0.
Timed out
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b* (F**(g*(f*x+e)))**n)*(d*x+c)**m,x)

[Out] Timed out
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GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.
n
‘[ ((Forﬁe)g) b+ a) (dx +c)™dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))~n*b +a)*(d*x + c)*m,x, algorithm="giac")

[Out] integrate(((FA((f*x + e)*g))~n*b + a)*(d*x + c) m, Xx)
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(c+dx)™
3.73 J a+b(Foe+ /=) dx

Optimal. Leaf size=29

(c +dx)™
Int = X
a+ b (Feg+f9x)

[Out] Unintegrable[(c + d*x)”m/(a + b* (Fr(e*g + £*g*x))"n), x]

Rubi [A] time = 0.180652, antiderivative size = 0, normalized size of antiderivative = 0., number of

steps used = 0, number of rules used = 0, integrand size = 0, number of rules _
integrand size

Int ( (c +dx)™ x)

a+ b (F9e+fx) "’

Verification is Not applicable to the result.

[In] Int[(c + d*x)*m/(a + b*(FAr(g*(e + £*x)))"n),x]

[Out] Defer[Int][(c + d*x)~m/(a + b*(Fr(e*g + £*g*x))*n), x]

Rubi in Sympy [A]  time = 0., size = 0, normalized size = 0.

I (c+dx)™
a+b (Feg+fgx)"

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate((d*x+c)**m/(a+b* (F**(g*(f*x+e)))**n),x)

[Out] Integral((c + d*x)**m/(a + b*(F**(e*g + £*g*x))**n), x)

Mathematica [A] time = 0.10983, size = 0, normalized size = 0.

J (c+dx)™
a+b (Fg(e+fx)) "

Verification is Not applicable to the result.

[In] Integrate[(c + d*x)™m/(a + b*(FAr(g*(e + £*x)))"n),x]

[Out] Integrate[(c + d*x)"m/(a + b*(FAr(g*(e + £*x)))"n), x]

Maple [A] time = 0.08, size = 0, normalized size = 0.

J (dx +c)™
a+b (Fofxre)”

Verification of antiderivative is not currently implemented for this CAS.
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[In] int((d*x+c)rm/(a+b* (FA(g* (f*x+e))) n),x)

[Out] int((d*x+c)rm/(a+b* (FA(g* (£*x+e)) )’ n),x)

Maxima [A]  time = 0., size = 0, normalized size = 0.

dx

I (dx +c)™
(F(fx+eg) "b+a

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)*m/((FA((f*x + e)*g))*n*b + a),x, algorithm="maxima"

[Out] integrate((d*x + c)™m/((FA((f*x + e)*g))An*b + a), x)

Fricas [A] time = 0., size = 0, normalized size = 0.

(dx +c)" x)

int I{—
Integra ((ng?C+€9)nb+a

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c) m/((FA((f*x + e)*g))*n*b + a),x, algorithm="fricas")

[Out] integral((d*x + c)Am/((FA(f*g*x + e*g))~n*b + a), x)

Sympy [F(-1)] time = 0., size = 0, normalized size = 0.

Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x+c)**m/(a+b* (F**(g*(f*x+e)))**n),x)

[Out] Timed out

GIAC/XCAS [A]  time = 0., size = 0, normalized size = 0.

J (dx +c)™
(FUx+€)9)"b + a

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)*m/((FA((f*x + e)*g))An*b + a),x, algorithm="giac")

[Out] integrate((d*x + c)™m/((FA((f*x + e)*g))An*b + a), x)
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(c+dx)™
3.74 | (e 0

Optimal. Leaf size=29

(c+dx)™
(a+b (Feorfox)")?

Int

[Out] Unintegrable[(c + d*x)Am/(a + b*(Fr(e*g + £*g*x)) n)r2, x]

Rubi [A]  time = 0.173262, antiderivative size = 0, normalized size of antiderivative = 0., number of
number of rules _

steps used = 0, number of rules used = 0, integrand size = 0, = -
integrand size

(c +dx)™
, X
(a+b (Folesf0)m)®

Int

Verification is Not applicable to the result.

[In] Int[(c + d*x)Am/(a + b*(FA(g* (e + £*x))) n)"r2,x]

[Out] Defer[Int][(c + d*x)*m/(a + b*(FAr(e*g + £*g*x))*An) 2, x]

Rubi in Sympy [A]  time = 0., size = 0, normalized size = 0.

J (c +dx)™ I
(a + b (Feg+fox)™)?

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((d*x+c)**m/(a+b* (F**(g*(f*x+e)))**n)**2,x)

[Out] Integral((c + d*x)**m/(a + b*(F**(e*g + £*g*x))**n)**2, x)

Mathematica [A] time = 0.147982, size = 0, normalized size = 0.

J (c+dx)™

(a+b (Foterf)")®

Verification is Not applicable to the result.

[In] 1Integrate[(c + d*x)”Am/(a + b*(Fr(g*(e + £*x)))" n)r2,x]

[Out] Integrate[(c + d*x) m/(a + b*(FAr(g*(e + £*x)))An) 2, X]

Maple [A] time = 0.333, size = 0, normalized size = 0.

J (dx +c)™
(a+b (Fofxra)")®

Verification of antiderivative is not currently implemented for this CAS.
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[In] int((d*x+c)rm/(a+b* (FA(g* (£f*x+e))) n)~r2,x)

[Out] int((d*x+c)rm/(a+b* (FA(g* (£ *x+€))) n)"r2,x)

Maxima [A]  time = 0., size = 0, normalized size = 0.

(dx +c)"
(Ff9x)"(Fe9)"ab fgnlog (F) + a?fgnlog (F)
I (df gnxlog (F) + cfgnlog (F) — dm)(dx + ¢)™
a?df gnx log (F) + a?c fgnlog (F) + (Fe9)"abd f gnx log (F) + (F¢9)" abc f gn log (F))(Ff9~) "

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)m/((FA((f*x + e)*g)) n*b + a)”~2,x, algorithm="maxima"

[Out] (d*x + c)rm/((FA(f*g*x))An* (Fr(e*g))An*a*b*f*g*n*log(F) + ar2*f*g
*n*log(F)) + integrate((d*f*g*n*x*log(F) + c*f*g*n*log(F) - d*m)*

(d*x + c)rm/(ar2*d*f*g*n*x*1log(F) + ar2*c*f*g*n*log(F) + ((Fr(e*g
Y)An*a*b*d*f*g*n*x*log(F) + (FAr(e*g))rn*a*b*c*f*g*n*log(F))* (FAr(f
*g*x))M), x)

Fricas [A] time = 0., size = 0, normalized size = 0.

(dx +c)™

2 (Ff9x+¢9)"ab + (Ff9x+e9)*"p2 + 27

integral

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c) m/((FA((f*x + e)*g))An*b + a)”r2,x, algorithm="fricas")

[Out] integral((d*x + c)™m/(2* (FA(f*g*x + e*g))*n*a*b + (FA(f*g*x + e*g
))A(2*n)*bA2 + ar2), X)

Sympy [F(-1)] time = 0., size = 0, normalized size = 0.
Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x+c)**m/(a+b* (F**(g*(f*x+e)))**n)**2,x)

[Out] Timed out

GIAC/XCAS [A] time = 0., size = 0, normalized size = 0.

J’ (dx +c)™ I
((FGx+9)"b + a)*

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((d*x + c)*m/((FA((f*x + e)*g))An*b + a)”r2,x, algorithm="giac")

[Out] integrate((d*x + c) m/((FA((f*x + e)*g)) n*b + a)r2, x)
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3.75 I (a +b (Fg(“fx)) n)p (c +dx)"dx

Optimal. Leaf size=29

Int ((c +dx)™ (a +b (Feg+f9x) n)p,x)

[Out] Unintegrable[(a + b*(FA(e*g + f*g*x))An)Ap”*(c + d*x)"m, x]

Rubi [A]  time = 0.172348, antiderivative size = 0, normalized size of antiderivative = 0., number of
number of rules _

steps used = 0, number of rules used = 0, integrand size = 0, = - =
integrand size

Int ((a +b (Fg(”fx)) n)P (c +dx)™, x)

Verification is Not applicable to the result.

[In] Int[(a + b*(FA(g*(e + £*x))) n)Ap*(c + d*x)" m,x]

[Out] Defer[Int][(a + b*(FA(e*g + £*g*x))An)Ap*(c + d*x) m, X]

Rubi in Sympy [A]  time = 0., size = 0, normalized size = 0.

J (a +b (Fe9+f9x) n)p (c+dx)™ dx

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate((a+b* (F**(g*"(£*x+e)))**n)**p*(d*x+c)**m,x)

[Out] Integral((a + b*(F**(e*g + £*g*"x))**n)**p*(c + d*x)**m, x)

Mathematica [A] time = 0.354327, size = 0, normalized size = 0.
p
J (a +b (Fg(e+fx)) n) (c+dx)™dx

Verification is Not applicable to the result.

[In] 1Integrate[(a + b*(FA(g*"(e + £*x)))2n)Ap*(c + d*x) m,x]

[Out] Integrate[(a + b*(FA(g*(e + £*x))) n)Ap*(c + d*x) m, X]

Maple [A] time = 0.246, size = 0, normalized size = 0.
P
I (a +b (Fg(fx+e)) n) (dx +¢)™ dx

Verification of antiderivative is not currently implemented for this CAS.

[In] int((a+b* (FA(g* (f*x+e)))An)Ap* (d*x+c)’ m,X)
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[Out] int((a+b* (FA(g* (f*x+e))) n) Ap* (d*x+c)’ m,x)

Maxima [A]  time = 0., size = 0, normalized size = 0.
n P
J ((F(f’”e)g) b+ a) (dx +c)™ dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x + e)*g))An*b + a)rp*(d*x + ¢c) m,x, algorithm="maxima"

[Out] integrate(((FA((f*x + e)*g))2n*b + a)Ap*(d*x + c)’m, Xx)

Fricas [A] time = 0., size = 0, normalized size = 0.
n P
integral (((ng’”eg) b+ a) (dx + c)m,x)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)Ap*(d*x + ¢c)?m,x, algorithm="fricas")

[Out] integral(((FA(f*g*x + e*g))~n*b + a)Ap*(d*x + c)”m, x)

Sympy [F(-1)] time = 0., size = 0, normalized size = 0.

Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate((a+b* (F**(g*(f£*x+e)))**n)**p*(d*x+c)**m,x)

[Out] Timed out

GIAC/XCAS [A]  time = 0., size = 0, normalized size = 0.
n P
(oo e

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(((FA((f*x +e)*g))An*b + a)Ap*(d*x + c)?m,x, algorithm="giac")

[Out] integrate(((FA((f*x + e)*g))An*b + a)Ap*(d*x + c)*m, X)
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Fc+dx
a+bFe+dx

3.76 dx

Optimal. Leaf size=115

6PolyLog (4, - bF:dx) 6xPolyLog ( ,—LE dx) 3x?PolyLog (2, _ bFCa*dx) ©log (ch+dx . 1)
+

- +
bd*log(F) bd®log?(F) bd? log?(F) bd log(F)

[Out] (xA3*Log[1l + (b*FA(c + d*x))/a])/(b*d*Log[F]) + (3*x"2*PolyLog[2,
-((b*FA(c + d*x))/a)])/(b*dr2*Log[F]A2) - (6*x*PolyLog[3, -((b*F

A(e + d*x))/a)])/(b*dA3*Log[F]A3) + (6*PolyLog[4, -((b*FA(c + d*x
))/a)])/(b*dr4*Log[F] 4)

Rubi [A]  time = 0.216895, antiderivative size = 115, normalized size of antiderivative = 1., number
4, number of rules _ ( 59g

of steps used = 5, number of rules used = 5, integrand size = 2
integrand size

6POlyLOg (4, - bFCL;dx) 6xP01yL0g ( s F dx) 3x2P01yLOg (2, _ bF;*dx) 3 log (ch+dx . 1)
+

- +
bd*log(F) bd?log?(F) bd? log?(F) bd log(F)

Antiderivative was successfully verified.

[In] Int[(FA(c + d*x)*x73)/(a + b*FA(c + d*x)),x]

[Out] (x73*Log[1l + (b*FA(c + d*x))/a])/(b*d*Log[F]) + (3*x7r2*PolyLog[2,
-((b*Fr(c + d*x))/a)])/(b*dr2*Log[F]~2) - (6*x*PolyLog[3, -((b*F

A(c + d*x))/a)])/(b*dr3*Log[F]~3) + (6*PolyLog[4, -((b*FA(c + d*x
))/a)])/(b*dr4*Log[F]r4)

Rubi in Sympy [A]  time = 32.533, size = 104, normalized size = 0.9

Plog (2 1) aetLi (<) et (E5) oni (-£52)

+ +
bdlog (F) bd? log (F)* bd? log (F)3 bd* log (F)*

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(F** (d*x+c)*x**3/(a+b*F**(d*x+c)),x)

[Out] x**3*1log(F**(c + d*x)*b/a + 1)/(b*d*log(F)) + 3*x**2*polylog(2, -
F**(c + d*x)*b/a)/(b*d**2*1log(F)**2) - 6*x*polylog(3, -F**(c + d*
x)*b/a)/(b*d**3*log(F)**3) + 6*polylog(4, -F**(c + d*x)*b/a)/(b*d
**4*log(F)**4)

Mathematica [A] time = 0.0513483, size = 103, normalized size = 0.9

””‘) + 6PolyLog (4, —M) — 6dx log(F)PolyLog (3, —bFT) +dx* log’(F) log (F_d
bd* log(F)

3d’x? log*(F)PolyLog (2, _bE

Antiderivative was successfully verified.

[In] Integrate[(FA(c + d*x)*x73)/(a + b*FA(c + d*x)),x]

[Out] (d*3*x~3*Log[F]A3*Log[l + (b*FA(c + d*x))/a] + 3*dr2*xA2*Log[F]r2
*PolyLog[2, -((b*FA(c + d*x))/a)] - 6*d*x*Log[F]*PolyLog[3, -((b*
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FAr(ec + d*x))/a)] + 6*PolyLog[4, -((b*FA(c + d*x))/a)])/(b*dr4*Log
[F]r4)

Maple [A] time = 0.04, size = 217, normalized size = 1.9

c3x 3C4 x3 dex+c . C3 wl1s dex+c
d*In(F)b a

S 1
bl 4bdd  bdln(F) "\ a
dex+c
)3polylog 3,— "

2

dx+c ; x

a ) " bd3 (In (F)
1 dx+c CS In (Fdx+c) CS In (a + dex+c)

O )y T8 (4’ T a ) TTdmEbL | dn(E)b

33— polyl 2, —
)y’ Og(

Verification of antiderivative is not currently implemented for this CAS.

[In] dint(FA(d*x+c)*xA3/(a+b*FA(d*x+cC)),x)

[Out] -1/d~3/b*cA3*x-3/4/dr4/b*cr4+xA3* In(1+b*FA(d*x+c)/a)/b/d/1In(F)+1/
dr4/1n(F)/b*1In(1+b*FA(d*x+c)/a) *cA3+3*xA2*polylog(2,-b*FAr(d*x+c)/
a)/b/dr2/1n(F)r2-6*x*polylog(3,-b*FA(d*x+c)/a)/b/dr3/1n(F)~r3+6*po
lylog(4,-b*FAr(d*x+c)/a)/b/dr4/1In(F)r4+1/dr4/1In(F)/b*cr3*In(Fr(d*x
+c))-1/d”4/1n(F)/b*cAr3* In(a+b*FA(d*x+c))

Maxima [A] time = 0.815698, size = 180, normalized size = 1.57

x4 log (Fdx)4
4b  4bd*log (F)*
log (E“FL + 1) log (F4)” + 3Lip (L2 log (F2¥) — 6 log (F9*) Lis(~ZL°2) + 6 Liy(~ F2L°L)

bd* log (F)*

+

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)*xA3/(FA(d*x + ¢c)*b + a),x, algorithm="maxima"

[Out] 1/4*x74/b - 1/4*log(Fr(d*x))"4/(b*dr4*1log(F)~4) + (log(FA(d*x)*FA
c*b/a + 1)*log(FAr(d*x))"3 + 3*dilog(-Fr(d*x)*FAc*b/a)*log(Fr(d*x)

)A2 - 6*log(FA(d*x))*polylog(3, -FA(d*x)*FAc*b/a) + 6*polylog(4,
-FA(d*x)*FAc*b/a))/(b*dr4*log(F)r4)

Fricas [A] time = 0.300729, size = 181, normalized size = 1.57

3 d2x2Li, (—Fd—b 4 1) log (F)? — ¢*log (F4**¢b + a) log (F)? + (d*x* + ¢*) log (F)® log (F“”‘—b) — 6.dx log (F) Lis(
bd* log (F)*

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)*x7"3/(FA(d*x + ¢)*b + a),x, algorithm="fricas")

[Out] (3*dr2*xA2*dilog(-(FA(d*x + ¢c)*b + a)/a + 1)*log(F)~2 - cAr3*log(F
A(d*x + ¢)*b + a)*log(F)A3 + (d23*x73 + c7r3)*log(F)~3*log((FA(d*x

+ c)*b + a)/a) - 6*d*x*log(F)*polylog(3, -FA(d*x + c)*b/a) + 6*p
olylog(4, -FA(d*x + c)*b/a))/(b*dr4*1log(F)"4)
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Sympy [F]  time = 0., size = 0, normalized size = 0.

Fc+dxx3
I— dx
FeFdxp 4+ g

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(F**(d*x+c)*x**3/(a+b*F** (d*x+c)),x)

[Out] Integral(F**(c + d*x)*x**3/(F**c*F**(d*x)*b + a), x)

GIAC/XCAS [F]  time = 0., size = 0, normalized size = 0.

Fdx+cx3
I T g
Fdx+cb +a

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)*x7"3/(FA(d*x + ¢c)*b + a),x, algorithm="giac")

[Out] integrate(FA(d*x + c)*xA3/(FA(d*x + c)*b + a), x)
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Fc+dx
a+bFe+dx

3.77 dx

Optimal. Leaf size=85

2PolyLog (37 —W) 2xPolyLog (2, ——bF:dx) x2log (bFC*dX N 1)
_ . .
bd?log*(F) bd? log*(F) bd log(F)

[Out] (x7"2*Log[1 + (b*FA(c + d*x))/a])/(b*d*Log[F]) + (2*x*PolyLog[2, -
((b*FA(c + d*x))/a)])/(b*dr2*Log[F]~2) - (2*PolyLog[3, -((b*FAr(c
+ d'x))/a)])/(b*dA3*Log[F]*3)

Rubi [A]  time = 0.180457, antiderivative size = 85, normalized size of antiderivative = 1., number of

4, number of rules _ 147

steps used = 4, number of rules used = 4, integrand size = 2
integrand size

2PolyLog (3, —#) 2xPolyLog (2 —de) x log( Ll it 1)
- + +
bd3 log*(F) bd? log?(F) bd log(F)

Antiderivative was successfully verified.

[In] Int[(FA(c + d*x)*x72)/(a + b*FA(c + d*x)),x]

[Out] (xA2*Log[1 + (b*FA(c + d*x))/a])/(b*d*Log[F]) + (2*x*PolyLog[2, -
((b*Fr(c + d*x))/a)])/(b*dr2*Log[F]~2) - (2*PolyLog[3, -((b*Fr(c
+ d*x))/a)])/(b*dr3*Log[F]"3)

Rubi in Sympy [A]  time = 27.0571, size = 75, normalized size = 0.88

xlog (Eb +1)  2xLip (-E5E)  2Lig (-£2)

+
bd log (F) bd? log (F)* bd3 log (F)*

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(F** (d*x+c)*x**2/(a+b*F**(d*x+c)),x)

[Oout] x**2*log(F**(c + d*x)*b/a + 1)/(b*d*log(F)) + 2*x*polylog(2, -F**
(c + d*x)*b/a)/(b*d**2*1log(F)**2) - 2*polylog(3, -F**(c + d*x)*b/
a)/(b*d**3*Llog(F)**3)

Mathematica [A] time = 0.026804, size = 76, normalized size = 0.89

—2PolyLog (3, —@) + 2dx log(F)PolyLog (z, ——bF:dx) + dx? log?(F) log (bFC*dx . 1)
bd® log*(F)

Antiderivative was successfully verified.

[In] Integrate[(FA(c + d*x)*x72)/(a + b*FA(c + d*x)),x]

[Out] (dr2*xr2*Log[F]”r2*Log[l + (b*FA(c + d*x))/a] + 2*d*x*Log[F]*PolyL
ogl[2, -((b*FA(c + d*x))/a)] - 2*PolyLog[3, -((b*FA(c + d*x))/a)])
/(b*dA3*Log[F]"3)
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Maple [B] time = 0.026, size = 187, normalized size = 2.2

CZ_x 263 x2 L. dex+c ~ C2 ml1s dex+c
BIn(F)b a

_X
b2 3bd3  bdIn(F) |

dx+c

Fdx+c
> polylog (3, b )
) a

1
Iyl 2, — -2 —
i Og( ) bd? (in (F)

X
r2—=
bd? (In (F))
c2 In (Fdx+c) c2 In (a + dex+c)
Bn()b  Ln()b

Verification of antiderivative is not currently implemented for this CAS.
[In] int(FA(d*x+c)*x72/(a+b*FA(d*x+cC)),Xx)

[Out] 1/dr2/b*cr2*x+2/3/dA3/b*cA3+xA2* In(1+b*FA(d*x+c)/a)/b/d/1In(F)-1/d
A3/1In(F)/b*In(1+b*FAr(d*x+c)/a)*cr2+2*x*polylog(2,-b*FA(d*x+c)/a)/
b/dr2/1n(F)A2-2*polylog(3,-b*FA(d*x+c)/a)/b/dr3/1In(F)~3-1/d*3/1n(
F)/b*cAr2*1In(FA(d*x+c))+1/dr3/1n(F)/b*cr2*1n(a+b*FA(d*x+c))

Maxima [A] time = 0.82654, size = 144, normalized size = 1.69

3 log (Fdx)?’ log (w + 1) log (Fdx)z +2Li, (_@) log (F¥) — 2Li3(_FdxaFcb)

X
— = +
3b  3bd3log (F)° bd3 log (F)*

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)*x"2/(FA(d*x + ¢)*b + a),x, algorithm="maxima"

[Out] 1/3*x73/b - 1/3*log(FAr(d*x))~3/(b*dr3*1log(F)"3) + (log(FAr(d*x)*FA
c*b/a + 1)*log(Fr(d*x))A2 + 2*dilog(-FA(d*x)*FAc*b/a)*log(FA(d*x)
) - 2*polylog(3, -FA(d*x)*Frc*b/a))/(b*dr3*1log(F)~3)

Fricas [A] time = 0.286924, size = 146, normalized size = 1.72

¢’ log (Fdx”b +a) log (F)? + 2dxLi, (—% + 1) log (F) + (d®x* = ¢?) log (F)*log (%) - 2Li3(—Fd):Cb)

bd® log (F)?

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)*x7"2/(FA(d*x + ¢)*b + a),x, algorithm="fricas")

[Out] (cr2*log(FA(d*x + c)*b + a)*log(F)~r2 + 2*d*x*dilog(-(FA(d*x + ¢c)~
b + a)/a + 1)*log(F) + (dr2*xr2 - cAr2)*log(F)~r2*log((FAr(d*x + ¢)*
b + a)/a) - 2*polylog(3, -FA(d*x + c)*b/a))/(b*dr3*1log(F)~3)

Sympy [F]  time = 0., size = 0, normalized size = 0.

Fc+dxx2
I— dx
FeFdxp 4+ g

Verification of antiderivative is not currently implemented for this CAS.
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[In] integrate(F**(d*x+c)*x**2/(a+b*F**(d*x+c)),x)

[Out] Integral(F**(c + d*x)*x**2/(F**c*F**(d*x)*b + a), x)

GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

Fdx+cx2
J— dx
Fdx+ch + g

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)*x72/(FA(d*x + ¢)*b + a),x, algorithm="giac")

[Out] integrate(FA(d*x + c)*xA2/(FA(d*x + c)*b + a), xX)
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Fc+dx
a+bFe+dx

3.78 dx

Optimal. Leaf size=54

PolyLog (2, —#) xlog (bFudx + 1)
+
bd? log?(F) bd log(F)

[Out] (x*Log[1 + (b*FA(c + d*x))/a])/(b*d*Log[F]) + PolyLog[2, -((b*F~(
c + d*x))/a)]/(b*dr2*Log[F]~r2)

Rubi [A]  time = 0.105195, antiderivative size = 54, normalized size of antiderivative = 1., number of

2, number of rules _  13¢

steps used = 3, number of rules used = 3, integrand size = 2
integrand size

PolyLog (2, _ bF:dx) xlog (bFC+dx N 1)
+
bd? log?(F) bdlog(F)

Antiderivative was successfully verified.

[In] Int[(FA(c + d*x)*x)/(a + b*FA(c + d*x)),X]

[Out] (x*Log[1l + (b*FA(c + d*x))/a])/(b*d*Log[F]) + PolyLog[2, -((b*FA(
c + d*x))/a)]/(b*dr2*Log[F]Ar2)

Rubi in Sympy [A] time = 18.6001, size = 44, normalized size = 0.81

x log (Fc+dxb 1) le (_ Fc+:xb)

+
bd log (F) bd? log (F)?

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(F** (d*x+c)*x/(a+b*F**(d*x+c)),x)

[out] x*log(F**(c + d*x)*b/a + 1)/(b*d*log(F)) + polylog(2, -F**(c + d*
x)*b/a)/(b*d**2* log(F)**2)

Mathematica [A] time = 0.0228365, size = 47, normalized size = 0.87

PolyLog (2, —#) + dxlog(F)log (bFde + 1)
bd? log*(F)

Antiderivative was successfully verified.

[In] 1Integrate[(FA(c + d*x)*x)/(a + b*FA(c + d*x)),x]

[Out] (d*x*Log[F]*Log[l + (b*FA(c + d*x))/a] + PolyLog[2, -((b*FA(c + d
*x))/a)])/(b*dr2*Log[F]"2)
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Maple [B] time = 0.023, size = 148, normalized size = 2.7

cxX C2

x dx+c c dx+c

X X a1 Inf1+ 22—

bd  2bd " bdIn(F) n( T )+d21n(F)b n( T T )
1 ol ) dx+c cln (Fdx+c) cln (a+ dex+c)
@Y\ T T ) T T E )b £1n(F)b

Verification of antiderivative is not currently implemented for this CAS.

[In] int(FA(d*x+c)*x/(a+b*FAr(d*x+c)),x)

[Out] -1/d/b*c*x-1/2/d"r2/b*cAr2+x* In(1+b*FA(d*x+c)/a)/b/d/1In(F)+1/d*2/1n
(F)/b*1In(1+b*FA(d*x+c)/a) *c+polylog(2,-b*FA(d*x+c)/a)/b/dr2/1n(F)
A2+41/dA2/1In(F)/b*c*1In(FAr(d*x+c))-1/d"2/1In(F)/b*c*In(a+b*FA(d*x+cC)

)

Maxima [A]  time = 0.797333, size = 107, normalized size = 1.98

x?  log (F”l")2 log (@ + 1) log (F%*) + Liy (_FdxaFcb)
Py +
2b  2bd?log(F)° bd? log (F)?

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c¢)*x/(FA(d*x + ¢)*b + a),x, algorithm="maxima"

[Out] 1/2*xA2/b - 1/2*log(FA(d*x))A2/(b*dAr2*1og(F)~2) + (log(FA(d*x)*FA
c*b/a + 1)*log(Fr(d*x)) + dilog(-FA(d*x)*FAc*b/a))/(b*dr2*log(F)A
2)

Fricas [A] time = 0.27164, size = 101, normalized size = 1.87

clog (F4**¢b + a) log (F) — (dx + ¢)log (F)log (%) — Li, (—% + 1)
bd? log (F)?

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)*x/(FA(d*x + ¢)*b + a),x, algorithm="fricas")

[Out] -(c*log(FA(d*x + c)*b + a)*log(F) - (d*x + c)*log(F)*log((Fr(d*x
+ ¢c)*b + a)/a) - dilog(-(FAr(d*x + ¢c)*b + a)/a + 1))/(b*dr2*1log(F)
A2)

Sympy [F] time = 0., size = 0, normalized size = 0.

Fc+dxx
[t
FCFi%p + q
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(F**(d*x+c)*x/(a+b*F**(d*x+c)),x)

[Out] Integral(F**(c + d*x)*x/(F**c*F**(d*x)*b + a), x)
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GIAC/XCAS [F]  time = 0., size = 0, normalized size = 0.

Fdx+cx
J Fdx+cb +a dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)*x/(FA(d*x + ¢c)*b + a),x, algorithm="giac")

[Out] integrate(FA(d*x + c)*x/(FA(d*x + ¢c)*b + a), x)
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Fc+dx
a+bFerdx

3.79 dx

Optimal. Leaf size=23

log (a + bFe+d¥)
bd log(F)

[out] Log[a + b*FA(c + d*x)]/(b*d*Log[F])

Rubi [A] time = 0.0576683, antiderivative size = 23, normalized size of antiderivative = 1., number
number of rules _ ) (95

of steps used = 2, number of rules used = 2, integrand size = 21, = -
integrand size

log (a + bF”dx)
bd log(F)

Antiderivative was successfully verified.

[In] Int[FA(c + d*x)/(a + b*FA(c + d*x)),x]

[Out] Log[a + b*FA(c + d*x)]/(b*d*Log[F])

Rubi in Sympy [A]  time = 13.4553, size = 17, normalized size = 0.74

log (F¢*%*b + a)
bd log (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(F** (d*x+c)/(a+b*F**(d*x+c)),x)

[out] log(F**(c + d*x)*b + a)/(b*d*log(F))

Mathematica [A] time = 0.00519428, size = 23, normalized size = 1.

log (a + bF“dx)
bd log(F)

Antiderivative was successfully verified.

[In] 1Integrate[FA(c + d*x)/(a + b*FA(c + d*x)),x]

[Out] Log[a + b*FA(c + d*x)]/(b*d*Log[F])

Maple [A] time = 0.003, size = 24, normalized size = 1.

In (a + de’”c)
bd1n (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] int(FA(d*x+c)/(a+b*FA(d*x+c)),x)
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[Out] 1In(a+b*FA(d*x+c))/b/d/1n(F)

Maxima [A]  time = 0.789124, size = 31, normalized size = 1.35

log (Fd’”cb +a)
bd log (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c¢)/(FA(d*x + ¢)*b + a),x, algorithm="maxima"

[out] log(FA(d*x + ¢)*b + a)/(b*d*log(F))

Fricas [A]  time = 0.250574, size = 31, normalized size = 1.35

log (F4**¢b + a)
bd log (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)/(FA(d*x + ¢c)*b + a),x, algorithm="fricas")

[out] log(FA(d*x + ¢)*b + a)/(b*d*log(F))

Sympy [A]  time = 0.285326, size = 17, normalized size = 0.74

log (Fc+dx + %)
bd log (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(F**(d*x+c)/(a+b*F**(d*x+c)),x)

[Out] log(F**(c + d*x) + a/b)/(b*d*log(F))

GIAC/XCAS [A]  time = 0.251633, size = 32, normalized size = 1.39

In (|Fdx+cb + a|)
bdln (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)/(FA(d*x + ¢)*b + a),x, algorithm="giac")

[Oout] 1ln(abs(FA(d*x + c)*b + a))/(b*d*1n(F))
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380 [ iy dx

a+bfw+dx)x

Optimal. Leaf size=27
c+dx
Int( ———.,x
(x (a + bFerdx) )

[Out] Unintegrable[FA(c + d*x)/((a + b*FA(c + d*x))*x), X]

Rubi [A]  time = 0.102549, antiderivative size = 0, normalized size of antiderivative = 0., number of

number of rules _

steps used = 0, number of rules used = 0, integrand size = 0, === = (),
integrand size

c+dx
Int| —————.,x
((a + bFe+dx) x )
Verification is Not applicable to the result.

[In] Int[FA(c + d*x)/((a + b*FA(c + d*x))*x),X]

[Out] Defer[Int][FA(c + d*x)/((a + b*FA(c + d*x))*x), x]

Rubi in Sympy [A] time = 0., size = 0, normalized size = 0.

Fc+dx
|
x (Fe+4xp + q)
Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(F** (d*x+c)/(a+b*F** (d*x+c))/x,x)

[Out] Integral(F**(c + d*x)/(x*(F**(c + d*x)*b + a)), x)

Mathematica [A] time = 0.0534852, size = 0, normalized size = 0.
P@+dx
J P g
(a + ch+dx) x
Verification is Not applicable to the result.
[In] Integrate[FA(c + d*x)/((a + b*FA(c + d*x))*x),x]

[Out] Integrate[FA(c + d*x)/((a + b*FA(c + d*x))*x), x]

Maple [A] time = 0.037, size = 0, normalized size = 0.

Fdx+c
——d
I (a + dex+c) x X

Verification of antiderivative is not currently implemented for this CAS.
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[In] dint(FA(d*x+c)/(a+b*FA(d*x+c))/x,x)

[Out] int(FA(d*x+c)/(a+b*FA(d*x+c))/x,x)

Maxima [A]  time = 0., size = 0, normalized size = 0.

1 log (x)
_ d
af FéxFebZx +abx b

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c¢)/((FA(d*x + ¢c)*b + a)*x),x, algorithm="maxima"

[Out] -a*integrate(1/(FA(d*x)*FAc*bA2*x + a*b*x), x) + log(x)/b

Fricas [A] time = 0., size = 0, normalized size = 0.

dx+c
integral | ———, x
& (Fdx+cbx+ax )

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c¢)/((FA(d*x + c)*b + a)*x),x, algorithm="fricas")

[Out] integral(FA(d*x + c)/(FA(d*x + ¢c)*b*x + a*x), X)

Sympy [A] time = 0., size = 0, normalized size = 0.

Fc+dx
| g
x (FEF4*b + a)
Verification of antiderivative is not currently implemented for this CAS.
[In] integrate(F**(d*x+c)/(a+b*F**(d*x+c))/x,x)

[Out] Integral(F**(c + d*x)/(x*(F**c*F**(d*x)*b + a)), x)

GIAC/XCAS [A]  time = 0., size = 0, normalized size = 0.

Fdx+c
—d
J (Fdx+cb + a)x X

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)/((FA(d*x + ¢)*b + a)*x),x, algorithm="giac")

[Out] integrate(FA(d*x + c¢)/((FAr(d*x + ¢)*b + a)*x), X)
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381 [ e dx

a+bFe+dx) x2

Optimal. Leaf size=27

c+dx

"\ (s prera)

[Out] Unintegrable[FA(c + d*x)/((a + b*FA(c + d*x))*xA2), x]

Rubi [A]  time = 0.0999374, antiderivative size = 0, normalized size of antiderivative = 0., number of

number of rules

steps used = 0, number of rules used = 0, integrand size = 0, === = (),
integrand size

c+dx

Int| ———,
B (a + bFe+dx) x2 *

Verification is Not applicable to the result.

[In] Int[FA(c + d*x)/((a + b*FA(c + d*x))*x"2),x]

[Out] Defer[Int][FA(c + d*x)/((a + b*FA(c + d*x))*x72), X]

Rubi in Sympy [A] time = 0., size = 0, normalized size = 0.

Fc+dx
| oy
x% (Ferdxp + a)
Verification of antiderivative is not currently implemented for this CAS.

[In] <rubi_integrate(F** (d*x+c)/(a+b*F** (d*x+c))/x**2,x)

[Out] Integral(F**(c + d*x)/(x**2*(F**(c + d*x)*b + a)), x)

Mathematica [A] time = 0.0553324, size = 0, normalized size = 0.

P@+dx
[ e s
(a + ch+dx) x2
Verification is Not applicable to the result.

[In] Integrate[FA(c + d*x)/((a + b*FA(c + d*x))*x"2),x]

[Out] Integrate[FA(c + d*x)/((a + b*FA(c + d*x))*x"2), x]

Maple [A] time = 0.036, size = 0, normalized size = 0.

Fdx+c
——d
J(a+dex+C) 2

Verification of antiderivative is not currently implemented for this CAS.
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[In] dint(FA(d*x+c)/(a+b*FA(d*x+c))/x"2,X)

[Out] int(FA(d*x+c)/(a+b*FA(d*x+c))/x"2,X)

Maxima [A]  time = 0., size = 0, normalized size = 0.

I 1 i 1
S v -
FdxFep2x2 + abx? bx
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + ¢)/((FA(d*x + ¢c)*b + a)*xA2),x, algorithm="maxima"

[Oout] -a*integrate(1/(FA(d*x)*FAc*bA2*xA2 + a*b*xA2), x) - 1/(b*x)

Fricas [A] time = 0., size = 0, normalized size = 0.

Fdx+c

neBral| Frchat 3 e

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + ¢)/((FA(d*x + ¢c)*b + a)*xA2),x, algorithm="fricas")

[Out] integral(FA(d*x + c)/(FAr(d*x + ¢c)*b*xA2 + a*x/r2), X)

Sympy [A] time = 0., size = 0, normalized size = 0.

Fc+dx
| s
x% (FCF4*b + a)
Verification of antiderivative is not currently implemented for this CAS.
[In] integrate(F**(d*x+c)/(a+b*F**(d*x+c))/x**2,x)

[Out] Integral(F**(c + d*x)/(x**2*(F**c*F**(d*x)*b + a)), x)

GIAC/XCAS [A]  time = 0., size = 0, normalized size = 0.

Fdx+c
|t
(Fdx+cb + a) x2
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)/((FA(d*x + ¢c)*b + a)*x72),x, algorithm="giac")

[Out] integrate(FA(d*x + c)/((FA(d*x + c)*b + a)*x"2), x)
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c+dx .3
I F*x dx

3.82 e

Optimal. Leaf size=140

a

pFc+dx pFc+dx
6PolyLog (3,— ) 6xPolyLog (2,— - )

abd*log*(F) abd® log’ (F)
3x? log (# + 1) 33 3
- - +
abd? log*(F) bdlog(F) (a + bFe+dx)  abdlog(F)

[Out] x7A3/(a*b*d*Log[F]) - x~3/(b*d*(a + b*FA(c + d*x))*Log[F]) - (3*xA
2*Log[1 + (b*FA(c + d*x))/a])/(a*b*dr2*Log[F]"2) - (6*x*PolyLog[2

, —((b*FAr(c + d*x))/a)])/(a*b*dr3*Log[F]~3) + (6*PolyLog[3, -((b*

FA(e + d*x))/a)])/(a*b*dr4*Log[F]r4)

Rubi [A]  time = 0.396219, antiderivative size = 140, normalized size of antiderivative = 1., number

of steps used = 6, number of rules used = 6, integrand size = 24, M =0.25
integrand size

6PolyLog (3, - bFde ) 6xPolyLog (2, - ch‘:dx )
abd*log(F) abd® log*(F)
3x2 log (# + 1) 33 3
- - +
abd? log(F) bdlog(F) (a + bFe+dx)  abd log(F)

Antiderivative was successfully verified.

[In] Int[(FA(c + d*x)*x73)/(a + b*FA(c + d*x))"r2,x]

[Out] xA3/(a*b*d*Log[F]) - xA3/(b*d*(a + b*FA(c + d*x))*Log[F]) - (3*xA
2*Log[1 + (b*FA(c + d*x))/a])/(a*b*dr2*Log[F]~2) - (6*x*PolyLog|[2

, —((b*FA(c + d*x))/a)])/(a*b*dr3*Log[F]~3) + (6*PolyLog[3, -((b*

FAr(e + d*x))/a)])/(a*b*dr4*Log[F]r4)

Rubi in Sympy [A]  time = 39.0274, size = 110, normalized size = 0.79

3 3x%log (F_E;dx“ + 1) 6x Liy (—F_C;dx“) 6 Lis (—F_C;dx“)
+ +

" bd (F*9%b+ a) log(F)  abd? log (F)? abd’ log (F)’ abd* log (F)*

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(F**(d*x+c)*x**3/(a+b*F**(d*x+c))**2,x)

[Out] -x**3/(b*d*(F**(c + d*x)*b + a)*log(F)) - 3*x**2*1log(F**(-c - d*x
Y*a/b + 1)/(a*b*d**2*1log(F)**2) + 6*x*polylog(2, -F**(-c - d*x)*a
/b)/(a*b*d**3*1log(F)**3) + 6*polylog(3, -F**(-c - d*x)*a/b)/(a*b*
d**4*log(F)**4)

Mathematica [A]  time = 0.168359, size = 137, normalized size = 0.98

2PolyLog(3,—@) 2xPolyLog(2,—¢) leog(wﬂ) 3

pa— + =
ad3 log®(F) ad? log?(F) ad log(F) 3a 33

bd log(F) ~ bdlog(F) (a + bFe+dx)
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Antiderivative was successfully verified.

[In] 1Integrate[(FA(c + d*x)*x73)/(a + b*FA(c + d*x))"2,x]

[Out] -(xA3/(b*d*(a + b*FA(c + d*x))*Log[F])) + (3*(x~3/(3*a) - (x"2*Lo
gl1l + (b*FA(c + d*x))/al])/(a*d*Log[F]) - (2*x*PolyLog[2, -((b*FA(

c + d*x))/a)])/(a*dr2*Log[F]~2) + (2*PolyLog[3, -((b*FA(c + d*x))
/a)])/(a*dr3*Log[F]~3)))/(b*d*"Log[F])

Maple [A] time = 0.032, size = 267, normalized size = 1.9

x3 x3 CZX
“bd (a+ bF) In(F)  In(F)abd ° In(F)dba
, C3 s x2 I ( . dex+c)
In(F)d*ba  abd? (In (F))* a

CZ dx+c X dex+c
+3————1In (1 + ) - S polylog (2,— )
(In (F))* d*ba a abd? (In (F)) a
cz In (Fdx+c) 02 In (a + dex+c)

1 dx+c
6 ———— polyl 3, — 3 -3
abd* (n ()% ( a ) " I (F) d*ba (In (F)) d*ba

+

Verification of antiderivative is not currently implemented for this CAS.

[In] dint(FA(d*x+c)*xA3/(a+b*FA(d*x+c)) " 2,X)

[Out] -x73/b/d/(a+b*FAr(d*x+c))/1In(F)+x~3/a/b/d/1In(F)-3/1n(F)/dr3/b/a*cr
2*x-2/1n(F)/dr4/b/a*cr3-3*xA2* In(1+b*FA(d*x+c)/a)/a/b/dr"2/1In(F) A2
+3/1In(F)~2/dr4/b/a*1In(1+b*FA(d*x+c)/a) *cr2-6"x*polylog(2,-b*FA(d*
x+c)/a)/a/b/d”r3/1n(F)Ar3+6*polylog(3,-b*FA(d*x+c)/a)/a/b/dr4/1n(F)
ANM+3/1In(F)Ar2/dr/b*cr2/a*In(FA(d*x+¢c))-3/1n(F)A2/dr4/b*cr2/a*1n(a
+b*FA(d*x+cC))

Maxima [A]  time = 0.811206, size = 181, normalized size = 1.29

X log (F%*)°
— +
FdxFep2dlog (F) + abdlog (F)  abd*log (F)*
FdxFep dx 2 . (_F9xFcp dx\ _ o1 (_F¥*F°b
3 (log | ———2 + 1) log (F**)" + 2Li, log (F**) — 2Lis(-——2)

a

abd*log (F)*

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + ¢)*xA3/(FA(d*x + ¢c)*b + a)~2,x, algorithm="maxima"

[Out] -x73/(FA(d*x)*FAc*br2*d*log(F) + a*b*d*log(F)) + log(FA(d*x))A3/(
a*b*dr4*log(F)r4) - 3* (log(FAr(d*x)*FAc*b/a + 1)*log(FA(d*x))A2 +
2*dilog(-FA(d*x)*FAc*b/a)*log(FAr(d*x)) - 2*polylog(3, -FA(d*x)*FA
c*b/a))/(a*b*dr4*1log(F)r4)

Fricas [A] time = 0.240121, size = 332, normalized size = 2.37

ac®log (F)’ + (bd®x® + bc3) F4**¢ log (F)* — 6 (F4**°bdx log (F) + adx log (F)) Li, (—ij”’ + 1) — 3 (F¥**¢pc? log (F)* -
Fdx+cgh2 g

Verification of antiderivative is not currently implemented for this CAS.
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[In] integrate(FA(d*x + c)*x"3/(FA(d*x + c)*b + a)”~2,x, algorithm="fricas")

[Out] (a*cAr3*log(F)A3 + (b*dA3*xA3 + b*cA3)*FA(d*x + c)*log(F)~3 - 6*(F
A(d*x + c)*b*d*x*log(F) + a*d*x*log(F))*dilog(-(FA(d*x + ¢c)*b + a

Y/a + 1) - 3*(FA(d*x + ¢)*b*cr2*log(F)N2 + a*cr2*log(F)A2)*log(FA

(d*x + ¢)*b + a) - 3" ((b*dr2*xA2 - b*cAr2)*FA(d*x + c)*log(F) 2 +
(a*dnr2*xnr2 - a*cAr2)*log(F)A2)*log((FA(d*x + ¢)*b + a)/a) + 6" (F/r(

d*x + ¢)*b + a)*polylog(3, -FA(d*x + c)*b/a))/(FA(d*x + c)*a*br2*
drd*log(F)r4 + ar2*b*dAr4*log(F)Ar4)

Sympy [F] time = 0., size = 0, normalized size = 0.

x2
_ x° 3 | wpermtrrgaeem dx
Fe+dxp2d log (F) + abd log (F) bd log (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(F**(d*x+c)*x**3/(a+b*F**(d*x+c))**2,x)

[Out] -x**3/(F**(c + d*x)*b**2*d*log(F) + a*b*d*log(F)) + 3*Integral(x*
*2/(a + b*exp(c*log(F))*exp(d*x*log(F))), x)/(b*d*log(F))

GIAC/XCAS [F]  time = 0., size = 0, normalized size = 0.

Fdx+cx3
——dx
I (Fdx+ch + a)2

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)*xA3/(FA(d*x + ¢)*b + a)~2,x, algorithm="giac")

[Out] integrate(FA(d*x + c)*xA3/(FA(d*x + c)*b + a)~2, x)
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Fc+dxx2
3.83 I W dx

Optimal. Leaf size=107

zpolyLOg (2, _ bF:'dx) 2x log (bF:'dx N 1) x2 xz

- - +
abd? log®(F) abd? log?(F) bdlog(F) (a + bFe+dx) ~ abdlog(F)

[Out] xA2/(a*b*d*Log[F]) - x72/(b*d*(a + b*FA(c + d*x))*Log[F]) - (2*x*
Log[1l + (b*FAr(c + d*x))/a])/(a*b*dr2*Log[F]~2) - (2*PolyLog[2, -(
(b*FA(c + d*x))/a)])/(a*b*dr3*Log[F]"3)

Rubi [A]  time = 0.286074, antiderivative size = 107, normalized size of antiderivative = 1., number

number of rules _ ( 595

of steps used = 5, number of rules used = 5, integrand size = 24, = -
integrand size

ZPOIYLOg (2, - cha+dx) 2x log (# + 1) x2 xz

- +
abd? log*(F) abd? log*(F) bdlog(F) (a + bFe+dx)  abdlog(F)

Antiderivative was successfully verified.

[In] Int[(FA(c + d*x)*x72)/(a + b*FA(c + d*x))"2,X]

[Out] x~2/(a*b*d*Log[F]) - xA2/(b*d*(a + b*FA(c + d*x))*Log[F]) - (2*x*
Log[1 + (b*FA(c + d*x))/al])/(a*b*dr2*Log[F]r2) - (2*PolyLog[2, -(
(b*FA(c + d*x))/a)])/(a*b*dr3*Log[F]"3)

Rubi in Sympy [A]  time = 29.0544, size = 78, normalized size = 0.73

—c—dx . —c—dx
2 2x10g(F 5 “+1) 2L12(—F 5 “)

+
bd (F¢+9xb + a) log (F) abd? log (F)* abd? log (F)’

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(F** (d*x+c)*x**2/(a+b*F**(d*x+c))**2,x)

[out] -x**2/(b*d*(F**(c + d*x)*b + a)*log(F)) - 2*x*log(F**(-c - d*x)*a
/b + 1)/(a*b*d**2*log(F)**2) + 2*polylog(2, -F**(-c - d*x)*a/b)/(
a*b*d**3*1log(F)**3)

Mathematica [A] time = 0.114668, size = 103, normalized size = 0.96

dx log(F) (bdxlog(F)chlx -9 (a + ch+dx) log (bFC*dx . 1)) _y (a . bFC+dx) PolyLog (2, _ch+dx)

a a

abd?log*(F) (a + bFe+dx)
Antiderivative was successfully verified.

[In] Integrate[(FA(c + d*x)*x72)/(a + b*FA(c + d*x))"2,X]

[Out] (d*x*Log[F]*(b*d*FA(c + d*x)*x*Log[F] - 2*(a + b*FA(c + d*x))*Log
[1 + (b*FA(c + d*x))/a]) - 2*(a + b*FA(c + d*x))*PolyLog[2, -((b*
FA(e + d*x))/a)])/(a*b*dr3*(a + b*FA(c + d*x))*Log[F]~3)



268

Maple [B] time = 0.028, size = 225, normalized size = 2.1

Xz x2 cxX C2

+ +2 +
bd (a + bFdx+¢) In(F) In(F)abd ~ In(F)d?ba In(F)d3ba
dex+c ( dex+c)
In|1+

C
- ) " (In(F))? Bba a
dex*C) ) cln (Fdx“") cln(a+dex+C)
- +

(In(F))? d3ba (In (F))? d3ba

X
b ) (1 ’

1
2 ——polylog | 2, —
abd® (In () g(

Verification of antiderivative is not currently implemented for this CAS.

[In] dint(FA(d*x+c)*xA2/(a+b*FA(d*x+c) ) 2,X)

[Out] -x~2/b/d/(a+b*FAr(d*x+c))/1In(F)+x72/a/b/d/1In(F)+2/1n(F)/dr2/b/a*c*
x+1/1n(F)/dr3/b/a*cr2-2*x*1In(1+b*FA(d*x+c)/a)/a/b/d*r2/1n(F)r2-2/1
n(F)~2/d”"3/b/a*1n(1+b*FA(d*x+c)/a)*c-2*polylog(2,-b*FA(d*x+c)/a)/
a/b/dr"3/1n(F)~3-2/1n(F)A2/dr3/b*c/a* In(FAr(d*x+c))+2/1n(F)~2/d”3/b
*c/a*In(a+b*FA(d*x+c))

Maxima [A] time = 0.802561, size = 143, normalized size = 1.34

. et o)) 18 ()
_FdxFCbzdlog (F) + abd log (F) " abd? log (F) - abd3 log (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)*x72/(FA(d*x + ¢c)*b + a)~2,x, algorithm="maxima"

[Out] -xA2/(FA(d*x)*FAc*br2*d*log(F) + a*b*d*log(F)) + log(Fr(d*x))r2/(
a*b*dr3*log(F)"3) - 2* (log(FA(d*x)*FAc*b/a + 1)*log(FA(d*x)) + di
log(-FA(d*x)*FAc*b/a))/(a*b*dr3*1log(F)~3)

Fricas [A] time = 0.254642, size = 251, normalized size = 2.35

ac? log (F)* — (bd®x? — bc?) F4x+¢ log (F)* + 2 (F9**¢b + a) Liy (—% + 1) — 2 (F%**¢pclog (F) + aclog (F)) log (FA
Fdx+cgb2d3 log (F)® + a2bd3 log (F)?

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c¢)*x72/(FA(d*x + ¢c)*b + a)~2,x, algorithm="fricas")

[Out] -(a*cAr2*log(F)~2 - (b*dr2*xA2 - b*cA2)*FA(Ad*x + c)*log(F)"r2 + 27 (
FA(d*x + ¢)*b + a)*dilog(-(FA(d*x + ¢c)*b + a)/a + 1) - 2*(Fr(d*x

+ c)*b*c*log(F) + a*c*log(F))*log(FA(d*x + ¢c)™b + a) + 2*((b*d*x

+ b*c)*FA(d*x + c)*log(F) + (a*d*x + a*c)*log(F)) log((Fr(d*x + c

)b + a)/a))/(FAr(d*x + c)*a*br2*dr3*1log(F)A3 + ar2*b*dr3*1log(F)A3

)

Sympy [F] time = 0., size = 0, normalized size = 0.

X
x? 2] 2+ bec o8 (FgdxTog (F) dx

T Ferdi b2 log (F) + abd log (F) bd log (F)
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Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(F**(d*x+c)*x**2/(a+b*F**(d*x+c))**2,x)

[Out] -x**2/(F**(c + d*x)*b**2*d*log(F) + a*b*d*log(F)) + 2*Integral(x/
(a + b*exp(c*log(F))*exp(d*x*1log(F))), x)/(b*d*log(F))

GIAC/XCAS [F]  time = 0., size = 0, normalized size = 0.

Fdx+cx2
——dx
J (Fdx+cb + a)z

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)*xA2/(FA(d*x + ¢)*b + a)~2,x, algorithm="giac")

[Out] integrate(FA(d*x + c)*xA2/(FA(d*x + c)*b + a)*2, x)
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Fc+dxx
3.84 I W dx

Optimal. Leaf size=69

log (a + bFe+dx) x x
— - +
abd? log*(F) bdlog(F) (a + bFe+dx)  abdlog(F)

[Out] x/(a*b*d*Log[F]) - x/(b*d*(a + b*FA(c + d*x))*Log[F]) - Log[a + b
*FA(c + d*x)]/(a*b*dr2*Log[F]r2)

Rubi [A]  time = 0.127374, antiderivative size = 69, normalized size of antiderivative = 1., number of
number of rules _ 597

steps used = 5, number of rules used = 5, integrand size = 22, = -
integrand size

log (a + bFe+dx) x x
— - +
abd? log®(F) bdlog(F) (a + bFe+dx)  abdlog(F)

Antiderivative was successfully verified.

[In] Int[(FA(c + d*x)*x)/(a + b*FA(c + d*x))"2,x]

[Out] x/(a*b*d*Log[F]) - x/(b*d*(a + b*FA(c + d*x))*Log[F]) - Log[a + b
*FA(c + d*x)]/(a*b*dr2*Log[F]r2)

Rubi in Sympy [A] time = 22.4891, size = 92, normalized size = 1.33

F—c—dch+dx log (Fc+dx) F—c—dch+dx log (Fc+dxb + a) x
abd? log (F)* abd? log (F)* bd (Fe*xb + a) log (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(F** (d*x+c)*x/(a+b*F**(d*x+c))**2,x)

[Out] F**(-c - d*x)*F**(c + d*x)*log(F**(c + d*x))/(a*b*d**2*1log(F)**2)
- F**(-c - d*x)*F**(c + d*x)*log(F**(c + d*x)*b + a)/(a*b*d**2*1
og(F)**2) - x/(b*d*(F**(c + d*x)*b + a)*log(F))

Mathematica [A]  time = 0.0787814, size = 54, normalized size = 0.78

dx log(F)Fc+dx 10g(a+ch+dx)
a+bFc+dx - b

ad? log*(F)

Antiderivative was successfully verified.

[In] Integrate[(FA(c + d*x)*x)/(a + b*FA(c + d*x))"2,x]

[Out] ((d*FA(c + d*x)*x*Log[F])/(a + b*FA(c + d*x)) - Log[a + b*FA(c +
d*x)]/b)/(a*dr2*Log[F]~2)

Maple [A] time = 0.019, size = 67, normalized size = 1.

eldx+e)In(F) In (a + beldx+o) 1n<F>)

In (F) ad (a + beldx+e)In(F)) (In (F))* abd?
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Verification of antiderivative is not currently implemented for this CAS.

[In] dint(FA(d*x+c)*x/(a+b*FA(d*x+c))A2,x)

[Out] 1/1n(F)/a/d*x*exp((d*x+c)*1In(F))/(a+b*exp((d*x+c)*1In(F)))-1/1n(F)
A2/b/dr2/a* In(a+b*exp ((d*x+c) *1n(F)))

Maxima [A]  time = 0.851064, size = 97, normalized size = 1.41

dxpep .,
Fdchx log (—F Flzbb a)

FdxFegbdlog (F) + a?dlog (F)  abd?log (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)*x/(FA(d*x + ¢)*b + a)~2,x, algorithm="maxima"

[Out] FA(d*x)*FAc*x/(FA(d*x)*FAc*a*b*d*log(F) + ar2*d*log(F)) - log((FA
(d*x)*Frc*b + a)/(FAc*b))/(a*b*dr2*log(F)A2)

Fricas [A] time = 0.246253, size = 100, normalized size = 1.45

Fax*¢pdxlog (F) — (F4**°b + a) log (F**°b + a)
Fdx+cqb2d? log (F)* + a’bd? log (F)*

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)*x/(FA(d*x + ¢)*b + a)~2,x, algorithm="fricas")

[Out] (FA(d*x + c)*b*d*x*log(F) - (FA(d*x + c)*b + a)*log(Fr(d*x + c)*b
+ a))/(FAr(d*x + c)*a*br2*dr2*1log(F)"2 + ar2*b*dAr2*1log(F)A2)

Sympy [A]  time = 0.402991, size = 58, normalized size = 0.84

X X B 10g (Fc+dx + %)

- Fe+tdxp2 log (F) + abd log (F) " abd log (F) abd? log (F)z

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(F**(d*x+c)*x/(a+b*F**(d*x+c))**2,x)

[Out] -x/(F**(c + d*x)*b**2*d*log(F) + a*b*d*log(F)) + x/(a*b*d*log(F))
- log(F**(c + d*x) + a/b)/(a*b*d**2*1log(F)**2)

GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

Fdx+cx
——dx
J (Fdx+cb + a)z

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)*x/(FA(d*x + ¢c)*b + a)”2,x, algorithm="giac")
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[Out] integrate(FA(d*x + c¢)*x/(FA(d*x + ¢c)*b + a)~r2, x)
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Fc+dx
3.85 I W dx

Optimal. Leaf size=25

1
" bdlog(F) (a + bFe+dx)

[Out] -(1/(b*d*(a + b*FA(c + d*x))*Log[F]))

Rubi [A]  time = 0.0571669, antiderivative size = 25, normalized size of antiderivative = 1., number
number of rules _ (95

of steps used = 2, number of rules used = 2, integrand size = 21, = =
integrand size

1
"~ bdlog(F) (a + bFe+dx)

Antiderivative was successfully verified.

[In] Int[FA(c + d*x)/(a + b*FA(c + d*x))"2,x]

[Oout] -(1/(b*d*(a + b*FA(c + d*x))*Log[F]))

Rubi in Sympy [A] time = 7.62534, size = 19, normalized size = 0.76

1
bd (Fe*%b + a) log (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(F**(d*x+c)/(a+b*F**(d*x+c))**2,x)

[out] -1/(b*d*(F**(c + d*x)*b + a)*log(F))

Mathematica [A] time = 0.0199145, size = 25, normalized size = 1.

1
* bdlog(F) (a + bFerdx)

Antiderivative was successfully verified.

[In] 1Integrate[FA(c + d*x)/(a + b*FA(c + d*x))"2,x]

[Out] -(1/(b*d*(a + b*FA(c + d*x))*Log[F]))

Maple [A] time = 0.003, size = 26, normalized size = 1.

1
bd (a + bFx+¢) In (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] int(FA(d*x+c)/(a+b*FA(d*x+c))"2,x)
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[Out] -1/b/d/(a+b*FA(d*x+c))/1n(F)

Maxima [A]  time = 0.776674, size = 34, normalized size = 1.36

1
(Féx+¢b + a) bd log (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)/(FA(d*x + ¢)*b + a)~2,x, algorithm="maxima"

[Oout] -1/((FA(d*x + ¢)*b + a)*b*d*log(F))

Fricas [A] time = 0.256049, size = 34, normalized size = 1.36

1
~ Fdx+ep2dlog (F) + abd log (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)/(FA(d*x + ¢c)*b + a)~2,x, algorithm="fricas")

[Out] -1/(FA(d*x + c)*br2*d*log(F) + a*b*d*log(F))

Sympy [A]  time = 0.267698, size = 26, normalized size = 1.04

1
~ Ferdxp2dlog (F) + abd log (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(F**(d*x+c)/(a+b*F**(d*x+c))**2,x)

[out] -1/(F**(c + d*x)*b**2*d*1log(F) + a*b*d*log(F))

GIAC/XCAS [A] time = 0.227116, size = 34, normalized size = 1.36

1
(Féx+¢b + a) bdln (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)/(FA(d*x + ¢c)*b + a)~2,x, algorithm="giac")

[Oout] -1/((FA(d*x + c)*b + a)*b*d*1n(F))
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3.86 | (L dx

a+bfw+dx)2x

Optimal. Leaf size=61

Int sy ) i
bd log(F) bdx log(F) (a + bFe*)

[out] -(1/(b*d*(a + b*FA(c + d*x))*x*Log[F])) - Unintegrable[1/((a + b*
FA(c + d*x))*x72), x]/(b*d*Log[F])

Rubi [A]  time = 0.182814, antiderivative size = 0, normalized size of antiderivative = 0., number of
number of rules _

steps used = 0, number of rules used = 0, integrand size = 0, = -
integrand size

Fc+dx
Int| ————.«x
(a+ bFe+dx)”x
Verification is Not applicable to the result.

[In] Int[FA(c + d*x)/((a + b*FA(c + d*x))"2*x),x]

[Out] -(1/(b*d*(a + b*FA(c + d*x))*x*Log[F])) - Defer[Int][1/((a + b*FA
(c + d*x))*x72), x]/(b*d*Log[F])

Rubi in Sympy [A] time = 0., size = 0, normalized size = 0.

1
_J xZ(Fc+dxb+a) dx 3 1
bd log (F) bdx (Fe+4*b + a) log (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(F** (d*x+c)/(a+b*F**(d*x+c))**2/x,x)

[Out] -Integral(1l/(x**2*(F**(c + d*x)*b + a)), x)/(b*d*log(F)) - 1/(b*d
*x*(F**(c + d*x)*b + a)*log(F))

Mathematica [A] time = 0.143998, size = 0, normalized size = 0.

Fc+dx
[
(a+bFerdx)® x
Verification is Not applicable to the result.

[In] Integrate[FA(c + d*x)/((a + b*FA(c + d*x))*2*x),x]

[Out] Integrate[FA(c + d*x)/((a + b*FA(c + d*x))r2*x), x]

Maple [A] time = 0.036, size = 0, normalized size = 0.

Fdx+c
——dx
J (a+ bF"””c)2 x
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Verification of antiderivative is not currently implemented for this CAS.

[In] dint(FA(d*x+c)/(a+b*FA(d*x+c))r2/x,X)

[Out] int(FA(d*x+c)/(a+b*FA(d*x+c))A2/x,X)

Maxima [A] time = 0., size = 0, normalized size = 0.

1

! d
x
F) + abdx?log (F)

~ FdxFep2dx log (F) + abdx log (F) I FaxFeb2dx? log (

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + ¢)/((FA(d*x + ¢c)*b + a)”r2*x),x, algorithm="maxima"

[Out] -1/(FA(d*x)*FArc*br2*d*x*1log(F) + a*b*d*x*log(F)) - integrate(1/(F
A(d*x)*FAc*bAr2*d*xA2*1og(F) + a*b*d*xA2*1log(F)), x)

Fricas [A] time = 0., size = 0, normalized size = 0.

Fdx+c

lntegral 9 Fadx+cghx + F2dx+2ch2y 4 azx’

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + ¢)/((FA(d*x + ¢c)*b + a)”~2*x),x, algorithm="fricas")

[Out] integral(FA(d*x + c¢)/(2*FA(d*x + c)*a*b*x + FA(2*d*x + 2*c)*br2*x
+ ar2*x), x)

Sympy [A]  time = 0., size = 0, normalized size = 0.

dx

1
1 J ax2+bxleclog(F) gdxlog (F)

~ Ferdxp2dx log (F) + abdx log (F) bd log (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(F**(d*x+c)/(a+b*F**(d*x+c))**2/x,x)

[Out] -1/(F**(c + d*x)*b**2*d*x*1log(F) + a*b*d*x*1log(F)) - Integral(1/(
a*x**2 + b*x**2*exp(c*log(F)) *exp(d*x*1log(F))), x)/(b*d*log(F))

GIAC/XCAS [A]  time = 0., size = 0, normalized size = 0.

Fdx+c
—  dx
I (Féx+cb + a) °x

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)/((FA(d*x + c)*b + a)~2*x),x, algorithm="giac")

[Out] integrate(FA(d*x + c)/((FA(d*x + c)*b + a)~2*x), x)
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387 | E dx

a+bFe+dx)x2

Optimal. Leaf size=61

1
~ 2Int (W, x) ~ 1
bd log(F) bdx? log(F) (a + bFe-dx)

[Out] -(1/(b*d*(a + b*FA(c + d*x))*x"2*Log[F])) - (2*Unintegrable[1/((a
+ b*FA(c + d*x))*x73), x])/(b*d*Log[F])

Rubi [A]  time = 0.181372, antiderivative size = 0, normalized size of antiderivative = 0., number of

steps used = 0, number of rules used = 0, integrand size = 0, number of rules _
integrand size

Fc+dx
Int T X
(a + ch+dx) x2
Verification is Not applicable to the result.

[In] Int[FA(c + d*x)/((a + b*FA(c + d*x))r2*x72),X]

[Out] -(1/(b*d*(a + b*FA(c + d*x))*x"2*Log[F])) - (2*Defer[Int][1/((a +
b*FA(c + d*x))*x73), x])/(b*d*Log[F])

Rubi in Sympy [A] time = 0., size = 0, normalized size = 0.

2_[ x3(Fc+11xb+a) dx 1
bd log (F) bdx? (Fe*dxp + a) log (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(F** (d*x+c)/(a+b*F**(d*x+c))**2/x**2,x)

[Out] -2*Integral(1/(x**3*(F**(c + d*x)*b + a)), x)/(b*d*log(F)) - 1/(b
*d*x**2*(F**(c + d*x)*b + a)*log(F))

Mathematica [A] time = 0.153336, size = 0, normalized size = 0.

Fc+dx
‘[ >— dx
(a + bFerdx)® x2
Verification is Not applicable to the result.

[In] 1Integrate[FA(c + d*x)/((a + b*FA(c + d*x))A2*x"2),X]

[Out] Integrate[FA(c + d*x)/((a + b*FA(c + d*x))r2*x"2), x]

Maple [A] time = 0.048, size = 0, normalized size = 0.

Fdx+c
dx
J (a + bFdx+c) 2 x2
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Verification of antiderivative is not currently implemented for this CAS.

[In] int(FA(d*x+c)/(a+b*FA(d*x+c))A2/xA2,X)

[Out] int(FA(d*x+c)/(a+b*FA(d*xX+c))A2/x"2,X)

Maxima [A] time = 0., size = 0, normalized size = 0.

1 1
- -2 d
FdxFep2dx? log (F) + abdx? log (F) J FdxFep2dx3 log (F) + abdx3 log (F) *

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + ¢)/((FA(d*x + ¢c)*b + a)”r2*x122),x, algorithm="maxima"

[Out] -1/(FA(d*x)*FAc*br2*d*xA2*1og(F) + a*b*d*x~2*1log(F)) - 2*integrat
e(1/(Fr(d*x)*FAc*bAr2*d*xA3*1log(F) + a*b*d*xA3*1log(F)), x)

Fricas [A] time = 0., size = 0, normalized size = 0.

Fdx+c
9 Fdx+cghx2 4 F2dx+2ch242 | 5242 ’ x)

integral (

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + ¢)/((FA(d*x + ¢c)*b + a)”r2*x1r2),x, algorithm="fricas")

[Out] integral (FA(d*x + ¢)/(2*FA(d*x + c)*a*b*x"2 + FA(2*d*x + 2*c)*bAr2
*XA2 4+ afr2*xM2), X)

Sympy [A]  time = 0., size = 0, normalized size = 0.

dx

1
1 2J‘ax3+bx38cbguﬁedxbguﬁ

~ Ferdxp2dx2 log (F) + abdx? log (F) bd log (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(F**(d*x+c)/(a+b*F**(d*x+c))**2/x**2,x)

[Oout] -1/(F**(c + d*x)*b**2*d*x**2*1log(F) + a*b*d*x**2*1log(F)) - 2*Inte
gral(l/(a*x**3 + b*x**3*exp(c*log(F))*exp(d*x*log(F))), x)/(b*d*1
og(F))

GIAC/XCAS [A]  time = 0., size = 0, normalized size = 0.

Fdx+c
[
(Féx+ch + a) “x?
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + ¢)/((FA(d*x + ¢c)*b + a)”r2*x72),x, algorithm="giac")

[Out] integrate(FA(d*x + c)/((FA(d*x + c)*b + a)Ar2*xA2), x)
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3.88 | % dx

a+bFe+dx)

Optimal. Leaf size=261

3PolyLog (2, - bFde) 3PolyLog (3, - bF:dx) 3xPolyLog (2, - bF:dx)

+ f—
abd* log*(F) abd* log*(F) a2bd? log*(F)
3xlog (ch o 1) 3x%log (bFC+dx + 1) 352
2bdPlog®(F)  2a?bd?log’(F)  2a2bd?log*(F)
x? 3x? x?

+ + -
2abdlog(F) ~ 2abd?log*(F) (a + bFe*4x)  2bdlog(F) (a + bFe+dx)?

[Out] (-3*x72)/(2*anr2*b*dr2*Log[F]r2) + (3*x72)/(2*a*b*dr2*(a + b*FA(c

+ d*x))*Log[F]~2) + x7A3/(2*ar2*b*d*Log[F]) - x~3/(2*b*d*(a + b*FA

(c + d*x))~2*Log[F]) + (3*x*Log[1 + (b*FA(c + d*x))/a])/(ar2*b*dA

3*Log[F]"3) - (3*x72*Log[l + (b*FA(c + d*x))/a]l)/(2*ar2*b*dAr2*Log
[F]1~2) + (3*PolyLog[2, -((b*FA(c + d*x))/a)])/(ar2*b*dr4*Log[F]"r4

) - (3*x*PolyLog[2, -((b*FA(c + d*x))/a)])/(ar2*b*dr3*Log[F]"3) +
(3*PolyLog[3, -((b*FA(c + d*x))/a)])/(ar2*b*d”r4*Log[F]r4)

Rubi [A]  time = 0.804055, antiderivative size = 261, normalized size of antiderivative = 1., number
24, number of rules _ ) 575

of steps used = 12, number of rules used = 9, integrand size =
integrand size

3PolyLog (2, -] 3PolyLog (3,—@) 3xPolyLog (2, - 225"
+
aZbd* log*(F) aZbd* log*(F) a2bd® log* (F)
Fc+dx 2 Fc+dx
3x log ( + 1) 3x° log (— + 1) 352
2bd®log’(F)  2a?bd?log(F)  2a2bd?log(F)
x3 3x2 3

+ + -
2a’bdlog(F) = 2abd?log?(F) (a + bF¢*4x)  2bdlog(F) (a + bFe+dx)?

Antiderivative was successfully verified.

[In] Int[(FA(c + d*x)*x73)/(a + b*FA(c + d*x))"3,x]

[Out] (-3*x72)/(2*ar2*b*dr2*Log[F]r2) + (3*x72)/(2*a*b*dr2*(a + b*FA(c

+ d*x))*Log[F]~2) + xA3/(2*ar2*b*d*Log[F]) - x~3/(2*b*d*(a + b*FA

(c + d*x))"2*Log[F]) + (3*x*Log[1 + (b*FA(c + d*x))/a])/(ar2*b*dn

3*Log[F]"3) - (3*x72*Log[l + (b*FA(c + d*x))/a]l)/(2*ar2*b*dr2*Log
[F]1~2) + (3*PolyLog[2, -((b*FA(c + d*x))/a)])/(ar2*b*dr4*Log[F]r4

) - (3*x*PolyLog[2, -((b*FA(c + d*x))/a)])/(ar2*b*dr3*Log[F]A3) +
(3*PolyLog[3, -((b*FA(c + d*x))/a)])/(ar2*b*dr4*Log[F]r4)

Rubi in Sympy [F(-1)]  time = 0., size = 0, normalized size = 0.

Timed out

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(F** (d*x+c)*x**3/(a+b*F**(d*x+c))**3,x)

[Out] Timed out
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Mathematica [A] time = 0.457701, size = 220, normalized size = 0.84

dx

6 (@ + bFerax) ? PolyLog (3, —bF“dx) — 6(dx log(F) — 1) (a + bFe*9x) 2 PolyLog (2’ _ bF:

a

) + dx log(F) (bdzxz log?(F)F

2a2bd* log* (!
Antiderivative was successfully verified.

[In] Integrate[(FA(c + d*x)*x73)/(a + b*FA(c + d*x))"3,x]

[Out] (d*x*Log[F]*(b*d"2*FA(c + d*x)*(2*a + b*FA(c + d*x))*xA2*Log[F]r2
+ 6*(a + b*FA(c + d*x))"2*Log[1 + (b*FA(c + d*x))/a] - 3*d*(a +

b*FA(c + d*x))*x*Log[F]* (b*FA(c + d*x) + (a + b*FA(c + d*x))*Log|[

1 + (b*FA(c + d*x))/a])) - 6*(a + b*FA(c + d*x))A2* (-1 + d*x*Log|[
F])*PolyLog[2, -((b*FA(c + d*x))/a)] + 6*(a + b*FA(c + d*x))~2*Po
lyLog[3, -((b*FA(c + d*x))/a)])/(2*ar2*b*dr4*(a + b*FA(c + d*x))A
2*Log[F]74)

Maple [A] time = 0.053, size = 488, normalized size = 1.9

(In (F) adx — 3bF¥**¢ — 3 q) x* x3 3c2x c
Ty (In (F))? d?ab (a + bFx+c) 2 " 2a%bdIn (F) 2a%bd®In(F) a?bd*In(F)
3 52 dex+c 3 2 dex+c
-——————In(1+ + sIn 1+
2 a*bd? (In (F)) a 2 a’bd* (In (F)) a
x . (2 dex+c) 3 1 . (3 dex+c)
-3 ———polylog | 2, — + olylog | 3, —
2bd> (n(F)° 0% a 2bd* (n(F) 7% a
3¢2In (F9**¢)  3¢%In (a + bF9**°) 3 x? cx
2 a?bd* (In (F))* 2 a?bd* (In (F)) 2 a2bd? (In (F))> a?bd? (In (F))?
3 2 x dex+c c dex+c
- S5 +3 5 In +3 sIn(1+
2 a%bd* (In (F)) a?bd? (In (F)) a a’bd* (In (F)) a
1 pFdx+e cIn (Fdx+e) cln (a + bFéx+e)
+3 ———————polylog |2, - +3 3~ 3
a?bd* (In (F)) a’bd* (In (F)) a?bd* (In (F))

Verification of antiderivative is not currently implemented for this CAS.

[In] int(FA(d*x+c)*xA3/(a+b*FA(d*x+c))"3,X)

[Out] -1/2*x72* (In(F)*a*d*x-3*b*Fr(d*x+c)-3*a)/1In(F)~2/dr2/a/b/(a+b*FA(
d*x+c))r2+1/2*x~3/ar2/b/d/1n(F)-3/2/b/ar2/dr3/1n(F)*cr2*x-1/b/anr2
/dr4/1n(F)*cr3-3/2*xA2*1In(1+b*FA(d*x+c)/a)/ar2/b/dr2/1n(F)r2+3/2/
b/ar2/dr4/1n(F)A2* In(1+b*FA(d*x+c)/a)*cr2-3*x*polylog(2,-b*FA(d*x
+c)/a)/ar2/b/dr3/1n(F)~*3+3*polylog(3,-b*FA(d*x+c)/a)/ar2/b/d”r4/1n
(F)r4+3/2/b/ar2/dr4/1In(F)Ar2*cAr2*1In(FAr(d*x+c))-3/2/b/ar2/d*r4/1n(F)
N2*cA2*1In(a+b*FA(d*x+c))-3/2*xr2/ar2/b/dr2/1n(F)~2-3/b/ar2/d”3/1n
(F)nr2*c*x-3/2/b/ar2/dr4/1In(F)r2*cr2+3*x* In(1+b*FA(d*x+c)/a)/ar2/b
/dA3/1n(F)~3+3/b/ar2/dr4/1In(F)A3* In(1+b*FA(d*x+c)/a) *c+3*polylog(
2,-b*FAr(d*x+c)/a)/ar2/b/dr4/1n(F)r4+3/b/ar2/dr4/1In(F)A3*c* In(FA(d
*x+c))-3/b/ar2/d*4/1In(F)A3*c*1n(a+b*FA(d*x+c))

Maxima [A]  time = 0.812794, size = 355, normalized size = 1.36
adx®log (F) — 3 F4*F°bx? — 3 ax?
2 (2 FAxFea2p2d? log (F)* + F24xF2¢ab3d? log (F)* + abd? log (F)°)
3 (log (E2EL + 1) log (F4)* + 2Ly (~E2EL ) log (FO%) — 2Lis(-E2EL))

a

2 abd*log (F)*
dx pc . dx pc
log (Fdx)3 ~3 log (Fdx)2 3 (log (FTFI’ + 1) log (F9~) + Liy (—F L b))
+ +
2 a2bd* log (F)* a2bd* log (F)*
g g
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Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)*xA3/(FA(d*x + ¢c)*b + a)73,x, algorithm="maxima"

[Out] -1/2*(a*d*xA3*1log(F) - 3*FA(d*x)*FAc*b*xA2 - 3*a*xA2)/(2*FA(d*x)*
FArc*an2*br2*dr2*log(F)A2 + FA(2*d*x)*FA(2%c)*a*br3*dr2*log(F)r2 +
an3*b*dr2*log(F)~2) - 3/2* (log(FAr(d*x)*FAc*b/a + 1)*log(FAr(d*x))

A2 + 2*dilog(-FA(d*x)*Frc*b/a)*log(FAr(d*x)) - 2*polylog(3, -Fr(d*
xX)*FAc*b/a))/(ar2*b*dr4*log(F)"r4) + 1/2* (log(FA(d*x))A3 - 3*1log(F
A(d*x))N2)/(ar2*b*dr4*log(F)r4) + 3*(log(FA(d*x)*FAc*b/a + 1)*log
(FA(d*x)) + dilog(-FA(d*x)*FAc*b/a))/(ar2*b*dr4*1log(F)r4)

Fricas [A] time = 0.27339, size = 779, normalized size = 2.98

a*clog (F)* + 3a%c?log (F)? + ((b2d3x> + b2c3) log (F)® — 3 (b*d?x? — b2c?) log (F)*) F29x*2¢ + (2 (abd®x® + abc®) log (F

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + ¢)*xA3/(FA(d*x + ¢c)*b + a)~3,x, algorithm="fricas")

[Out] 1/2* (ar2*cr3*1log(F)A3 + 3*an2*cr2*log(F)~2 + ((br2*dA3*xA3 + ba2*
cnr3)*log(F)A3 - 3*(br2*dAr2*xA2 - bA2*cAr2)*log(F)A2)*FA(2*d*x + 2°
c) + (2*(a*b*dr3*xA3 + a*b*cAr3)*log(F)A3 - 3*(a*b*dr2*xA2 - 2*a*b
*cn2)*log(F)A2)*FA(d*x + ¢) - 6% (ar2*d*x*log(F) + (br2*d*x*1log(F)
- bAr2)*FAr(2*d*x + 2*c) + 2*(a*b*d*x*log(F) - a*b)*Fr(d*x + ¢c) -
anr2)*dilog(-(FA(d*x + ¢c)*b + a)/a + 1) - 3*(ar2*cr2*log(F)r2 + 2*
anr2*c*log(F) + (br2*cAr2*1log(F)r2 + 2*bA2*c*log(F))*FAr(2*d*x + 2*c
) + 2*(a*b*cr2*log(F)A2 + 2*a*b*c*log(F))*FA(d*x + c))*log(FAr(d*x
+ c)*b + a) - 3*((ar2*dr2*xA2 - anr2*cAr2)*log(F)r2 + ((bA2*dA2*xA
2 - br2*cnr2)*log(F)r2 - 2*(bAr2*d*x + bAr2*c)*log(F))*FAr(2*d*x + 2*
c) + 2*((a*b*dAr2*xA2 - a*b*cA2)*log(F)"r2 - 2*(a*b*d*x + a*b*c)*lo
g(F))*FA(d*x + ¢c) - 2*(ar2*d*x + ar2*c)*log(F))*“log((FAr(d*x + c)*
b + a)/a) + 6*(2*FA(d*x + c)*a*b + FA(2*d*x + 2*c)*br2 + ar2)*pol
ylog(3, -FA(d*x + c)*b/a))/(2*FA(d*x + c)*anr3*br2*dr4*log(F)r4 +
FA(2*d*x + 2*c)*ar2*br3*dr4*log(F)~r4 + ard*b*dr4*log(F)r4)

Sympy [F] time = 0., size = 0, normalized size = 0.

3FC+dX b2 _ adx3 log (F) + 3ax?
4Fe+dx g2p2d2 Jog (F)? + 2F2¢+2dx gb3d2 log (F)? + 2a3bd? log (F)?
2 dx?log (F)

2abd? log (F)?

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(F**(d*x+c)*x**3/(a+b*F**(d*x+c))**3,x)

[Out] (3*F**(c + d*x)*b*x**2 - a*d*x**3*log(F) + 3*a*x**2)/(4*F**(c + d
*x)*a**2*b**2*d**2*1log(F)**2 + 2*F**(2*c + 2*d*x)*a*b**3*d**2*log
(F)**2 + 2*a**3*b*d**2*1log(F)**2) + 3" (Integral(-2*x/(a + b*exp(c
*log(F))*exp(d*x*log(F))), x) + Integral(d*x**2*log(F)/(a + b*exp
(c*log(F)) *exp(d*x*1og(F))), x))/(2*a*b*d**2*1log(F)**2)
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GIAC/XCAS [F] time = 0., size = 0, normalized size = 0.

Fdx+cx3
——dx
I (Fdx+ch + a)3

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)*xA3/(FA(d*x + ¢c)*b + a)~3,x, algorithm="giac")

[Out] integrate(FA(d*x + c)*xA3/(FA(d*x + c)*b + a)~3, x)
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3.89 | (F# dx

a+bFe+dx)’

Optimal. Leaf size=182

c+dx c+dx
PolyLog (2,—“7) log (a + bFe+dx) xlog(bF + 1)
a2bd3 log*(F) a2bd? log*(F) a2bd? log?(F) a2bd? log?(F)

X2 X Xz

+ pa—
2a’bdlog(F) ~ abd?log’(F) (a+ bF<*@*)  2bdlog(F) (a + bFe+dx)®

X

[Out] -(x/(ar2*b*dA2*Log[F]*2)) + x/(a*b*dr2*(a + b*FA(c + d*x))*Log[F]
A2) + xA2/(2*ar2*b*d*Log[F]) - x72/(2*b*d*(a + b*FA(c + d*x))A2*L

og[F]) + Logl[a + b*FA(c + d*x)]/(ar2*b*dAr3*Log[F]"3) - (x*Log[l +
(b*Fr(c + d*x))/al)/(ar2*b*dr2*Log[F]~2) - PolyLog[2, -((b*F~(c

+ d*x))/a)]/(ar2*b*dr3*Log[F]"3)

Rubi [A]  time = 0.485859, antiderivative size = 182, normalized size of antiderivative = 1., number

24, number of rules — 0417

of steps used = 11, number of rules used = 10, integrand size =
integrand size

c+dx c+dx
PolyLog (2, —bFa ) log (a + ch+dx) xlog (bF + 1) X
— + f—
a2bd3 log*(F) a%bd3 log*(F) a%bd? log*(F) a%bd? log*(F)
x? x x?

+ —
2a’bdlog(F)  abd?log*(F) (a + bF<*%*)  2bdlog(F) (a + bFe+dx) 2

Antiderivative was successfully verified.

[In] Int[(FA(c + d*x)*x72)/(a + b*FA(c + d*x))"3,x]

[Out] -(x/(ar2*b*dAr2*Log[F]”2)) + x/(a*b*dr2*(a + b*FA(c + d*x))*Log[F]
A2) + xA2/(2*ar2*b*d*Log[F]) - x72/(2*b*d*(a + b*FA(c + d*x))A2*L

og[F]) + Log[a + b*FA(c + d*x)]/(ar2*b*dAr3*Log[F]"3) - (x*Log[l +
(b*Fr(c + d*x))/al])/(ar2*b*dr2*Log[F]~2) - PolyLog[2, -((b*F~(c

+ d*x))/a)]/(ar2*b*dr3*Log[F]"3)

Rubi in Sympy [F]  time = 0., size = 0, normalized size = 0.

F—c—dch+dxx F—c—dch+dxx log (Fc+dx) F—c—dch+dxx log (Fc+dxb + a)
+ —
abd? (Fe*4xb + a) log (F)? a2bd? log (F)* a%bd? log (F)*
x2 [ xdx _ xlog (Fe*4*)  xlog (F°*%*b + a)
+

" 2bd (Fc+dxb+a)210g( F) @bdlog(F)  a?bdPlog(F)’  a?bd?log (F).

xlog( + 1) log (Fc+dx) . log (Fc+dxb . a) Li, (—%dxb)

@bd?log (F2  a®bdlog(F)®  a®bd3log(FY®  a?bd®log (F)°

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(F** (d*x+c)*x**2/(a+b*F**(d*x+c))**3,x)

[Out] F**(-c - d*x)*F**(c + d*x)*x/(a*b*d**2*(F**(c + d*x)*b + a)*log(F
) *2) + F**(-¢c - d"x)*"F*"*(c + d*x)*x"1log(F**(c + d*x))/(a**2*b*d*
*2*1log(F)**2) - F*"*(-c - d*"x)*F*""(c + d*x)*x*1og(F*"*(c + d*x)*b +
a)/(a**2*b*d**2*1log(F)**2) - x**2/(2*b*d*(F**(c + d*x)*b + a)**2
*log(F)) + Integral(x, x)/(a**2*b*d*log(F)) - x*log(F**(c + d*x))
/(a**2*b*d**2*log(F)**2) + x*log(F**(c + d*x)*b + a)/(a**2*b*d**2
*log(F)**2) - x*log(F**(c + d*x)*b/a + 1)/(a**2*b*d**2*1log(F)**2)
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- log(F**(c + d*x))/(a**2*b*d**3*1log(F)**3) + log(F**(c + d*x)*b
+ a)/(a**2*b*d**3*log(F)**3) - polylog(2, -F**(c + d*x)*b/a)/(a*
*2*b*d**3*log(F)**3)

Mathematica [A] time = 0.215485, size = 177, normalized size = 0.97

-2 (a + bF”d") 2 PolyLog (2, ——chc:dx) + bd?x? logz(F)F‘”dx (2a + bF“dx) +2 (a + bF”dx) 2 log (—bF:dx

+ 1) — 2dx log(

2a2bd3 log® (F) (a + bFe+dx)*
Antiderivative was successfully verified.

[In] Integrate[(FA(c + d*x)*x"2)/(a + b*FA(c + d*x))"3,x]

[Out] (b*dA2*FA(c + d*x)*(2*a + b*FA(c + d*x))*xA2*Log[F]r2 + 2*(a + b~
FA(e + d*x))A2*Log[1 + (b*FA(c + d*x))/a] - 2*d*(a + b*FA(c + d*x
))*x*Log[F]*(b*FA(c + d*x) + (a + b*FA(c + d*x))*Log[1 + (b*F~A(c

+ d*x))/a]) - 2*(a + b*FA(c + d*x))"2*PolyLog[2, -((b*FA(c + d*x)
Y/a)l)/(2*ar2*b*dA3*(a + b*FA(c + d*x))A2*Log[F]A3)

Maple [A] time = 0.04, size = 295, normalized size = 1.6

(In(F) adx — 2bF¥**¢ — 2qa) x x? cx c?
+ + +
2 (In (F))? d2ab (a + bFdx+c) 2 2a*bdIn(F) a2?bd*In(F) 2a%bd?In(F)
x dex+c c dex+c
- In{1+ - > In|1+
a?bd? (In (F)) a a’bd? (In (F)) a
1 dex+c In (Fdx+c)
- —Spolylog 2, — - 3
a?bd? (In (F)) a’bd? (In (F))
In (a + de’”C) cln (Fd’”c) cln (a + de’”C)
+ - +
a?bd3 (In (F))*  a?bd? (In (F)) a2bd3 (In (F))>

a

Verification of antiderivative is not currently implemented for this CAS.

[In] int(FA(d*x+c)*xA2/(a+b*FA(d*x+c))"3,X)

[Out] -1/2*x* (In(F)*a*d*x-2*b*FA(d*x+c)-2*a)/1In(F)~r2/dr2/a/b/(a+b*FAr(d*
xX+c))r2+1/2*x~r2/ar2/b/d/1In(F)+1/b/ar2/dr2/1n(F)*c*x+1/2/b/ar2/dr3
/1In(F)*cAr2-x*1n(1+b*FAr(d*x+c)/a)/ar2/b/dr2/1n(F)~2-1/b/ar2/d”r3/1n
(F)A2*1In(1+b*FAr(d*x+c)/a)*c-polylog(2,-b*FAr(d*x+c)/a)/ar2/b/dr3/1
n(F)A3-1/b/ar2/dA3/1n(F)A3*1n(FA(d*x+c))+1n(a+b*FA(d*x+c))/ar2/b/
dr3/1n(F)A3-1/b/ar2/d”r3/1In(F)A2*c* In(FA(d*x+c))+1/b/ar2/dr3/1n(F)
A2*c*1In(a+b*FA(d*x+c))

Maxima [A] time = 0.799338, size = 289, normalized size = 1.59

adx*log (F) — 2 F&*F°bx — 2 ax . log (F%) ?
2 (2 FAxFea2p2d? log (F)* + F24xF2¢ab3d? log (F)* + a3bd?log (F)*) 2 a?bd?log (F)’
dx cp x . dx cp
_log(%#&) log (F9¥) +Li, (—F L ) +log(Fdchb+a) ) log (F4¥)
a2bd3 log (F)? a2bd3 log (F)? a2bd3 log (F)?

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + ¢)*x72/(FA(d*x + ¢c)*b + a)~3,x, algorithm="maxima"
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[Out] -1/2*(a*d*x"r2*1log(F) - 2*FA(d*x)*FAc*b*x - 2*a*x)/(2*FA(d*x)*FArc*®

ar2*bAr2*dr2*1log(F)A2 + FA(2*d*x)*FA(2*c)*a*br3*dr2*1log(F)Ar2 + ar3
*b*dr2*log(F)N2) + 1/2*log(Fr(d*x))r2/(ar2*b*dr3*1log(F)~3) - (log
(FA(d*x)*FAc*b/a + 1)*log(FA(d*x)) + dilog(-FA(d*x)*FAc*b/a))/(anr
2*b*dr3*log(F)~3) + log(FA(d*x)*FAc*b + a)/(ar2*b*dr3*1log(F)r3) -
log(FAr(d*x))/(ar2*b*dr3*1log(F)"3)

Fricas [A]  time = 0.266591, size = 512, normalized size = 2.81

a*c?log (F)* + 2 a’clog (F) — ((b%d*x? — b%c?) log (F)* — 2 (b%dx + b%c) log (F)) F24x*2¢ — 2 ((abd?x? — abc?) log (F)* -

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)*xA2/(FA(d*x + ¢c)*b + a)73,x, algorithm="fricas")

[Out] -1/2* (ar2*cAr2*1log(F)A2 + 2*ar2*c*log(F) - ((bA2*dA2*xA2 - bA2*cA2
Y*log(F)~2 - 2*(bA2*d*x + bA2*c)*log(F))*FA(2*d*x + 2*c) - 2*((a*
b*dAr2*xr2 - a*b*cr2)*log(F)r2 - (a*b*d*x + 2*a*b*c)*log(F))*Fr(d*
X + Cc) + 2" (2*FA(d*x + c)*a*b + FA(2*d*x + 2*c)*bA2 + ar2)*dilog(
-(FA(d*x + ¢)*b + a)/a + 1) - 2*(ar2*c*log(F) + (br2*c*log(F) + b
A2)*FA(2*d*x + 2*c) + 2*(a*b*c*log(F) + a*b)*FA(d*x + ¢c) + ar2)*1
og(FAr(d*x + ¢)*b + a) + 2*((bAr2*d*x + bA2*c)*FA(2*d*x + 2*c)*log(
F) + 2*(a"b*d*x + a*b*c)*FA(d*x + c¢)*log(F) + (ar2*d*x + ar2*c)*1
og(F))*log((FAr(d*x + ¢)*b + a)/a))/(2*F~r(d*x + c)*anr3*br2*d~r3*log
(F)A3 + FA(2*d*x + 2*c)*ar2*br3*dr3*1log(F)"3 + ar4*b*dr3*log(F)A3
)

Sympy [F] time = 0., size = 0, normalized size = 0.

2F¢* %% by — adx?log (F) + 2ax
4Fcrdxg2p2d2 Jog (F)* + 2F2¢+2dxqb3d2 log (F)* + 2a3bd? log (F)?

dx log (F) 1
I 2+ beclog(F) gdxTog (F) dx + I T Zrbecla (P gdxog(F) dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(F**(d*x+c)*x**2/(a+b*F**(d*x+c))**3,x)

[Out] (2*F**(c + d*x)*b*x - a*d*x**2*1log(F) + 2*a*x)/(4*F**(c + d*x)*a*
*2*b**2*d**2*log(F)**2 + 2*F**(2*c + 2*d*x)*a*b**3*d**2*log(F)**2

+ 2*a**3*b*d**2*1log(F)**2) + (Integral(d*x*log(F)/(a + b*exp(c*l
og(F))*exp(d*x*log(F))), x) + Integral(-1/(a + b*exp(c*log(F)) ex
p(d*x*log(F))), x))/(a*b*d**2"log(F)**2)

GIAC/XCAS [F]  time = 0., size = 0, normalized size = 0.

Fdx+cx2
——dx
I (Fdx+ep + a)3

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)*x7A2/(FA(d*x + ¢c)*b + a)~3,x, algorithm="giac")

[Out] integrate(FA(d*x + c)*xA2/(FA(d*x + c)*b + a)~3, x)
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390 | (F# dx

a+bFe+dx)’

Optimal. Leaf size=106

log (a + bFe+9¥) x 1 x
2a2bd?log’(F) ~ 2a*bdlog(F) = 2abd?log(F) (a + bFe*4X)  2bdlog(F) (a + bFe+dx)®

[Out] 1/(2*a*b*dr2*(a + b*FA(c + d*x))*Log[F]~r2) + x/(2*ar2*b*d*Log[F])
- x/(2*b*d*(a + b*FA(c + d*x))"2*Log[F]) - Log[a + b*FA(c + d*x)
1/(2*anr2*b*dr2*Log[F]r2)

Rubi [A]  time = 0.162312, antiderivative size = 106, normalized size of antiderivative = 1., number
number of rules _ 0136

of steps used = 4, number of rules used = 3, integrand size = 22, = = =
integrand size

log (a + bFe+dx) x 1 x
2a?bd?log®(F)  2a*bdlog(F)  2abd?log*(F) (a + ch+dx) 2bd log(F) (a N ch+dx)2

Antiderivative was successfully verified.

[In] Int[(FA(c + d*x)*x)/(a + b*FA(c + d*x))"3,x]

[Out] 1/(2*a*b*dr2*(a + b*FA(c + d*x))*Log[F]~r2) + x/(2*ar2*b*d*Log[F])
- x/(2*b*d*(a + b*FA(c + d*x))"2*Log[F]) - Log[a + b*FA(c + d*x)
1/(2*anr2*b*dr2*Log[F]r2)

Rubi in Sympy [A]  time = 30.5095, size = 141, normalized size = 1.33

Fc-dx pevdx Fre-dx pevdx | (Ferdx)
2abd? (Fe+4xp + a) log (F)° " 2a2bd? log (F)?
Fre-dx perdx |og (Ferdxp 4 g) X
- 2a2bd? log (F)?  2bd (Fe+dxb + a) ?log (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] ©rubi_integrate(F** (d*x+c)*x/(a+b*F**(d*x+c))**3,x)

[Out] F**(-c - d*x)*F**(c + d*x)/(2*a*b*d**2*(F**(c + d*x)*b + a)*log(F
Y**2) + F**(-c - d*x)*F**(c + d*x)*log(F**(c + d*x))/(2*a**2*b*d*
*2*log(F)**2) - F**(-c - d*x)*F**(c + d*x)*log(F**(c + d*x)*b + a
y/(2*a**2*b*d**2*log(F)**2) - x/(2*b*d*(F**(c + d*x)*b + a)**2*1o

g(F))

Mathematica [A] time = 0.097254, size = 98, normalized size = 0.92

bdxlog(F)F”dx (2(1 + ch+dx) _ (a + ch+dx) ((a + ch+dx) Iog (a + ch+dx) _ a)
2a%bd? log?(F) (a + bFe+dx)?

Antiderivative was successfully verified.

[In] Integrate[(FA(c + d*x)*x)/(a + b*FA(c + d*x))"3,x]

[Out] (b*d*FA(c + d*x)*(2*a + b*FA(c + d*x))*x*Log[F] - (a + b*FA(c + d
*x))*(-a + (a + b*FA(c + d*x))*Log[a + b*FA(c + d*x)]))/(2*ar2*b*
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dr2*(a + b*FA(c + d*x))A2*Log[F]r2)

Maple [A]  time = 0.026, size = 127, normalized size = 1.2

2
1 QdxOIn(F) L odxre)n(F)  bx (e(d’“c) In(F )) ,

+ + +
(a + beldx+o)In(P)) 2| 2 (In(F))? ad? In (F) ad 2 In(F) a?d 2 (In (F))* bd?

In (a + be(dx+c) ln(F))

2 (In (F))? a?bd?

Verification of antiderivative is not currently implemented for this CAS.

[In] int(FA(d*x+c)*x/(a+b*FA(d*x+c))"3,X)

[Out] (1/2/1n(F)r2/a/dr2*exp((d*x+c)*1In(F))+1/1n(F)/a/d*x*exp((d*x+c)*1
n(F))+1/2/1n(F)/ar2/d*b*x*exp((d*x+c) *1In(F))"r2+1/2/1n(F)A2/b/dr2)
/(a+b*exp((d*x+c) *1In(F)))"r2-1/2/1n(F)A2/b/dr2/ar2* In(a+b*exp((d*x
+c)*1In(F)))

Maxima [A]  time = 0.813258, size = 203, normalized size = 1.92

Fdchb+a
F?xF2¢p2dx log (F) + (2 Feabdx log (F) + F¢ab)F* + log ( F°b )
2 (2 F4*Fea’b?d? log (F)* + F2dxF2cq2p3d2 log (F)* + a*bd? log (F)z) 2 a’bd? log (F)*

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c¢)*x/(FA(d*x + ¢c)*b + a)~3,x, algorithm="maxima"

[Out] 1/2* (FA(2*d*x)*FA(2*c)*br2*d*x*1log(F) + (2*FAc*a*b*d*x*log(F) + F
Ac*a*b)*Fr(d*x) + anr2)/(2*FA(d*x)*FAc*ar3*br2*dr2*log(F)A2 + FA(2
*d*x)*FAr(2*c)*ar2*bAr3*dr2*1log(F)A2 + ard*b*dr2*log(F)~2) - 1/2*1o
g((FA(d*x)*FAc*b + a)/(FAc*b))/(ar2*b*dr2*1og(F)A2)

Fricas [A] time = 0.264746, size = 200, normalized size = 1.89

F?dx+2¢p2dxlog (F) + (2 abdx log (F) + ab)F¥**¢ + a* — (2 Faxtegh 4 prdx+2ep2 | a?) log (Fd’“cb +a)
2 (2 Fdx+cg3p2d2 log (F)* + F2dx+2¢q2p3d2% log (F)* + a*bd? log (F)?)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)*x/(FA(d*x + ¢)*b + a)~3,x, algorithm="fricas")

[Out] 1/2*(FA(2*d*x + 2*c)*bAr2*d*x*1log(F) + (2*a*b*d*x*log(F) + a*b)*FA
(d*x + ¢c) + ar2 - (2*FAr(d*x + c)*a*b + FA(2*d*x + 2*c)*bAr2 + ar2)
*log(FA(d*x + ¢)*b + a))/(2*FAr(d*x + c)*ar3*br2*dr2*1log(F)A2 + FA
(2*d*x + 2*c)*anr2*br3*dr2*1log(F)~2 + ard*b*dr2*1log(F)r2)

Sympy [A]  time = 0.516574, size = 122, normalized size = 1.15

Fe*4*p — gdxlog (F) + a x log (Fe+?x + &)

+
4Fedx 222 |og (F)? + 2F2e+2dx gh342 og (F) + 2a3bd? log (F)2  2a2bdlog (F)  2a%bd? log (F)?
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Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(F**(d*x+c)*x/(a+b*F**(d*x+c))**3,x)

[Out] (F**(c + d*x)*b - a*d*x*log(F) + a)/(4*F**(c + d*x)*a**2*b**2*d**
2*1log(F)**2 + 2*F**(2*c + 2*d*x)*a*b**3*d**2*1log(F)**2 + 2*a**3*Db
*d**2*log(F)**2) + x/(2*a**2*b*d*log(F)) - log(F**(c + d*x) + a/b

Y/ (2*a**2*b*d**2*1log(F)**2)

GIAC/XCAS [F]  time = 0., size = 0, normalized size = 0.

Fdx+cx
— —dx
J (Fdx+cp + a)3

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)*x/(FA(d*x + ¢)*b + a)~3,x, algorithm="giac")

[Out] integrate(FA(d*x + c)*x/(FA(d*x + ¢c)*b + a)”3, x)
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Fc+dx
3.91 I m dx

Optimal. Leaf size=27
1
2bd log(F) (a + bFe+dx)®

[Out] -1/(2*b*d*(a + b*FA(c + d*x))A2"Log[F])

Rubi [A]  time = 0.0578369, antiderivative size = 27, normalized size of antiderivative = 1., number
number of rules _ () (95

of steps used = 2, number of rules used = 2, integrand size = 21, = -
integrand size

1
2bd log(F) (a + bFe+dx) 2

Antiderivative was successfully verified.

[In] Int[FA(c + d*x)/(a + b*FA(c + d*x))"3,x]

[out] -1/(2*b*d*(a + b*FA(c + d*x))"2*Log[F])

Rubi in Sympy [A]  time = 8.52864, size = 22, normalized size = 0.81

1
2bd (Fe+dxb + a)* log (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(F** (d*x+c)/(a+b*F** (d*x+c))**3,x)

[out] -1/(2*b*d*(F**(c + d*x)*b + a)**2*log(F))

Mathematica [A] time = 0.0171485, size = 27, normalized size = 1.

1
2bd log(F) (a + bFe+dx)?

Antiderivative was successfully verified.

[In] Integrate[FA(c + d*x)/(a + b*FA(c + d*x))~"3,x]

[out] -1/(2*b*d*(a + b*FA(c + d*x))A2*Log[F])

Maple [A] time = 0.003, size = 26, normalized size = 1.

1
2bd (a + bFax+¢)® In (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] int(FA(d*x+c)/(a+b*FA(d*x+c))"3,x)
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[Out] -1/2/b/d/(a+b*FAr(d*x+c))"2/1n(F)

Maxima [A]  time = 0.771134, size = 34, normalized size = 1.26

1
2 (Fdx+cp + a)zbdlog (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)/(FA(d*x + ¢c)*b + a)73,x, algorithm="maxima"

[Out] -1/2/((FA(d*x + c)*b + a)A2*b*d*log(F))

Fricas [A] time = 0.255177, size = 62, normalized size = 2.3

1
2 (2 Fdx+egb?d log (F) + F24x+2¢p3d log (F) + a®bd log (F))

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c)/(FA(d*x + c)*b + a)73,x, algorithm="fricas")

[Out] -1/2/(2*Fr(d*x + c)*a*br2*d*log(F) + FA(2*d*x + 2*c)*br3*d*log(F)
+ anr2*b*d*log(F))

Sympy [A]  time = 0.299489, size = 53, normalized size = 1.96

1
© 4Fc+dxgh2dlog (F) + 2F2¢+2dxp3d log (F) + 2a2bd log (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(F**(d*x+c)/(a+b*F**(d*x+c))**3,x)

[Oout] -1/(4*F**(c + d*x)*a*b**2*d*log(F) + 2*F**(2*c + 2*d*x)*b**3*d*lo
g(F) + 2*a**2*b*d*log(F))

GIAC/XCAS [A] time = 0.239818, size = 34, normalized size = 1.26

1
2 (F4x+¢b + a) *bdln (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c¢)/(FA(d*x + ¢c)*b + a)~3,x, algorithm="giac")

[Out] -1/2/((FA(d*x + ¢c)*b + a)A2*b*d*1n(F))
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c+dx
3.92 | —E——dx
(a+bfw+dx) x
Optimal. Leaf size=65

-1
Int (xz(a+ch+dx)2’x) 1

2bd10g(F)  2bdxlog(F) (a + bFedx)’

[Out] -1/(2*b*d*(a + b*FA(c + d*x))A2*x*Log[F]) - Unintegrable[1/((a +
b*FA(c + d*x))r2*xr2), x]/(2*b*d*Log[F])

Rubi [A] time = 0.182751, antiderivative size = 0, normalized size of antiderivative = 0., number of

steps used = 0, number of rules used = 0, integrand size = 0, M =0.
integrand size

Fc+dx
It ————.x
(a + ch+dx) x
Verification is Not applicable to the result.

[In] Int[FA(c + d*x)/((a + b*FA(c + d*x))A3*x),x]

[Out] -1/(2*b*d*(a + b*FA(c + d*x))A2*x*Log[F]) - Defer[Int][1/((a + b*
FA(e + d*x))A2*x7r2), x]/(2*b*d*Log[F])

Rubi in Sympy [A]  time = 0., size = 0, normalized size = 0.

_'[ xZ(F“‘;xbﬂl}2 dx B 1
2bd log (F) 2bdx (Fe*dxp + a) *log (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(F** (d*x+c)/(a+b*F** (d*x+c))**3/x,x)

[Out] -Integral(1/(x**2*(F**(c + d*x)*b + a)**2), x)/(2*b*d*log(F)) - 1
/(2*b*d*x* (F**(c + d*x)*b + a)**2*log(F))

Mathematica [A] time = 0.832427, size = 0, normalized size = 0.

Fc+dx
[
(a+ bFerdx)” x
Verification is Not applicable to the result.

[In] Integrate[FA(c + d*x)/((a + b*FA(c + d*x))~*3*x),x]

[Out] Integrate[FA(c + d*x)/((a + b*FA(c + d*x))"*3*x), Xx]

Maple [A] time = 0.091, size = 0, normalized size = 0.

Fdx+c
——dx
J (a+ bF"””c)3 x
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Verification of antiderivative is not currently implemented for this CAS.

[In] dint(FA(d*x+c)/(a+b*FA(d*x+c))Ar3/x,x)

[Out] int(FA(d*x+c)/(a+b*FA(d*x+c))A3/x,X)

Maxima [A] time = 0., size = 0, normalized size = 0.

adx log (F) + F¥F°b + a
2 (2 FAxFeq?b?d?x? log (F)* + F2dxF2cqp3d2x2 Jog (F)* + a3bd?x? log (F)z)
dxlog (F) + 2
- J 2 (FaxFeab?d?x3 log (F)* + abd?x3 log (F)Z)

dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + ¢)/((FA(d*x + ¢c)*b + a)”~3*x),x, algorithm="maxima"

[Out] -1/2*(a*d*x*1log(F) + FA(d*x)*FAc*b + a)/(2*FA(d*x)*FAc*anr2*br2*dA
2*xM2*1og(F)A2 + FA(2*d*x)*FAr(2*c)*a*ba3*dr2*xr2*1log(F)A2 + ar3*b
*dr2*xn2*log(F)A2) - integrate(1/2* (d*x*log(F) + 2)/(FA(d*x)*FArc*
a*br2*dr2*xAr3*1log(F)A2 + ar2*b*dr2*xA3*1log(F)A2), x)

Fricas [A] time = 0., size = 0, normalized size = 0.

Fdx+c

integral 3 Fdx+cg2hy + 3 F2dx+2¢gp2y + F3dx+3ch3x 4 o35

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + ¢)/((FA(d*x + ¢c)*b + a)~3*x),x, algorithm="fricas")

[Out] integral(FA(d*x + c¢)/(3*FA(d*x + c)*anr2*b*x + 3*FA(2*d*x + 2*c)*a
*br2*x + FA(3*d*x + 3*c)*bA3*x + ar3*x), X)

Sympy [A]  time = 0., size = 0, normalized size = 0.

—F+4%p — adxlog (F) — a
4Fe+dxg2p2d2x2 Jog (F)* + 2F2¢+2dx gh3d2x2 log (F)? + 2a3bd?x? log (F)?

dx log (F) 2
I ax3+bx3eclog(F)gdxlog(F) dx + _[ ax3+bx3eclog(F)edxlog(F) dx

2abd? log (F)*

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(F**(d*x+c)/(a+b*F**(d*x+c))**3/x,x)

[Out] (-F**(c + d*x)*b - a*d*x*log(F) - a)/(4*F**(c + d*x)*a**2*b**2*d*
*2*x**2*1og(F)**2 + 2*F*"*(2*c + 2*d*x)*a*b**3*d**2*x**2"1log(F)**2

+ 2*a**3*b*d**2*x**2*1log(F)**2) - (Integral(d*x*log(F)/(a*x**3 +
b*x**3*exp(c*log(F)) *exp(d*x*log(F))), x) + Integral(2/(a*x**3 +
b*x**3*exp(c*log(F)) *exp(d*x*log(F))), x))/(2*a*b*d**2*1log(F)**2

)
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GIAC/XCAS [A] time = 0., size = 0, normalized size = 0.
Fdx+c
[
(Féx+cb + a)"x
Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + c¢)/((FA(d*x + c)*b + a)73*x),x, algorithm="giac")

[Out] integrate(FA(d*x + c)/((FA(d*x + c)*b + a)~3*x), x)
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393 | Y dx

a+bFe+dx) x2

Optimal. Leaf size=63

I S
Int(x3(a+ch+dx}2’x) 1

bdlog(F)  2bdx2log(F) (a + bFe+dx)?

[Out] -1/(2*b*d*(a + b*FA(c + d*x))A2*x7A2*Log[F]) - Unintegrable[1/((a
+ b*FA(c + d*x))~2*x73), x]/(b*d*Log[F])

Rubi [A] time = 0.178992, antiderivative size = 0, normalized size of antiderivative = 0., number of

number of rules _

steps used = 0, number of rules used = 0, integrand size = 0, = - =
integrand size

Fc+dx
Int X
(a + ch+dx) x2
Verification is Not applicable to the result.

[In] Int[FA(c + d*x)/((a + b*FA(c + d*x))A3*xA2),X]

[Out] -1/(2*b*d*(a + b*FA(c + d*x))A2*x7A2*Log[F]) - Defer[Int][1/((a +
b*FAr(c + d*x))r2*x73), x]/(b*d*Log[F])

Rubi in Sympy [A]  time = 0., size = 0, normalized size = 0.

Jlx3(FC*;xb+a)2 dx 1
bd log (F) 2bdx? (Fe*%b + q) 2 log (F)

Verification of antiderivative is not currently implemented for this CAS.

[In] rubi_integrate(F**(d*x+c)/(a+b*F** (d*x+c))**3/x**2,x)

[Out] -Integral(1/(x**3*(F**(c + d*x)*b + a)**2), x)/(b*d*log(F)) - 1/(
2*b*d*x**2* (F**(c + d*x)*b + a)**2*log(F))

Mathematica [A] time = 0.907917, size = 0, normalized size = 0.

Fc+dx
‘[ —dx
(a + bFC+dx) x2
Verification is Not applicable to the result.

[In] Integrate[FA(c + d*x)/((a + b*FA(c + d*x))A3*x"2),X]

[Out] Integrate[FA(c + d*x)/((a + b*FA(c + d*x))~3*x72), x]

Maple [A] time = 0.119, size = 0, normalized size = 0.

Fdx+c
dx
J (a+ dex*C)3x2
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Verification of antiderivative is not currently implemented for this CAS.

[In] int(FA(d*x+c)/(a+b*FA(d*x+c))A3/x72,X)

[Out] int(FA(d*x+c)/(a+b*FA(d*xX+c))A3/x"2,X)

Maxima [A] time = 0., size = 0, normalized size = 0.

adxlog (F) + 2F%*F°b + 2a
2 (2 FAxFeq?b?d?x3 log (F)* + F2dxF2cqp3d2x3 log (F)* + a3bd?x3 log (F)z)
dxlog(F)+3
- J FdxFegb2d2x*log (F)* + atbd?x* log (F)*

dx

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + ¢)/((FA(d*x + ¢c)*b + a)”r3*x12),x, algorithm="maxima"

[Out] -1/2*(a*d*x*1og(F) + 2*FA(d*x)*FAc*b + 2*a)/(2*FA(d*x)*FAc*ar2*bA
2*dr2*x~3*1og(F)A2 + FA(2*d*x)*FA(2*c)*a*br3*dr2*xA3*1log(F)A2 + a
A3*b*dr2*xA3*1log(F)A2) - integrate((d*x*log(F) + 3)/(FA(d*x)*FArc*
a*br2*dr2*xr4*log(F)A2 + ar2*b*dr2*xr4*log(F)N2), x)

Fricas [A] time = 0., size = 0, normalized size = 0.

Fdx+c

lntegral 3 Fdx+cg2hy2 4 3 F2dx+2cgh242 4 F3dx+3cp352 4 a3x2’ X

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + ¢)/((FA(d*x + c)*b + a)r3*x12),x, algorithm="fricas")

[Out] integral (FA(d*x + ¢)/(3*FA(d*x + c)*anr2*b*xA2 + 3*FA(2*d*x + 2*c)
*a*bA2*xA2 + FA(3"d*x + 3%c)*bA3*xA2 + ar3*x72), X)

Sympy [A]  time = 0., size = 0, normalized size = 0.

—2F¢*%%p — adx log (F) - 2a
4Fe+dxq2p2d2x3 Jog (F)* + 2F2¢+2dx gh3d2x3 log (F)? + 2a3bd?x3 log (F)?

dx log (F) 3
I axt+bxteclog(F)gdxlog(F) dx + _[ axt+bxteclog(F)edxlog(F) dx

abd? log (F)*

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(F**(d*x+c)/(a+b*F**(d*x+c))**3/x**2,x)

[Out] (-2*F**(c + d*x)*b - a*d*x*log(F) - 2*a)/(4*F**(c + d*x)*a**2*b**
2 d**2*x**3*1log(F)**2 + 2*"F**(2*c + 2*d*x)*a*b**3*d**2*x**3*1log(F

Y *2 + 2*a**3*b*d**2*x**3*log(F)**2) - (Integral(d*x*log(F)/(a*x*

*4 + b*x**4*exp(c*log(F))*exp(d*x*1log(F))), x) + Integral(3/(a*x*

*4 + b*x**4*exp(c*log(F))*exp(d*x*1log(F))), x))/(a*b*d**2*1log(F)"*

*2)
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GIAC/XCAS [A] time = 0., size = 0, normalized size = 0.
Fdx+c
[
(Fdx+ch + a) "x?

Verification of antiderivative is not currently implemented for this CAS.

[In] integrate(FA(d*x + ¢)/((FA(d*x + ¢c)*b + a)A3*x12),x, algorithm="giac")

[Out] integrate(FA(d*x + c)/((FA(d*x + c)*b + a)A3*xA2), x)
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4 Listing of Grading functions

The following are the current version of the grading functions used for grading the quality of the
antiderivative with reference to the optimal antiderivative included in the test suite.

There is a version for Mathematica/Rubi followed by one for Maple. The following are links to the source
code.

The following are the listing of the above functions.

(* Original version thanks to Albert Rich emailed on 03/21/2017 *)
(* ::Package:: ™)

(* ::Subsection:: *)

(*GradeAntiderivative[result,optimal]”)

%

c:Text:: *)
*If result and optimal are mathematical expressions, *)
GradeAntiderivative[result,optimal] returns™)

"F" if the result fails to integrate an expression that*)
is integrable™)

"C" if result involves higher level functions than necessary”)

"B" if result is more than twice the size of the optimal*)
antiderivative™)

"A" if result can be considered optimal*™)

*

%

* * *

*

AN
*

GradeAntiderivative[result_,optimal_] :=
If[ExpnType[result]<=ExpnType[optimal],

If[FreeQ[result,Complex] || Not[FreeQ[optimal,Complex]],
If[LeafCount[result]<=2*LeafCount[optimal],
"A",
an] s
"C"] ,
If[FreeQ[result,Integrate] && FreeQ[result,Int],
HCH s
"F"]]
* r:Text:: *)

*The following summarizes the type number assigned an *)
*expression based on the functions it involves™)
= rational function®)

= algebraic function®)

= elementary function®)

= special function™)

hyperpergeometric function®)

= appell function®)

= rootsum function®*)

= integrate function®)

= unknown function®™)

*

* * *

*

*

%
Vo0 NN KA WN KR
Il

*

ANAAAAAAAANAAN
*
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ExpnType[expn_] :=
If[AtomQ[expn], 1,
If[ListQ[expn],
Max[Map[ExpnType,expn]],
If[Head[expn]===Power,
If[IntegerQ[expn[[2]]],
ExpnType[expn[[1]]],
If[Head[expn[[2]]]===Rational,

If[IntegerQ[expn[[1]]] || Head[expn[[1l]]]===Rational,1l,

Max [ExpnType[expn[[1]]],2]],
Max [ExpnType[expn[[1]]],ExpnType[expn[[2]]1],3]11],
If[Head[expn]===Plus || Head[expn]===Times,
Max[ExpnType[First[expn]],ExpnType[Rest[expn]]],
If[ElementaryFunctionQ[Head[expn]],
Max[3,ExpnType[expn[[1]]]],
If[SpecialFunctionQ[Head[expn]],
Apply[Max,Append[Map|[ExpnType, Apply[List,expn]],4]],
If[HypergeometricFunctionQ[Head[expn]],
Apply[Max,Append[Map|[ExpnType, Apply[List,expn]],5]],
If[AppellFunctionQ[Head[expn]],
Apply[Max,Append[Map|[ExpnType, Apply[List,expn]],6]],
If[Head[expn]===RootSum,
Apply[Max,Append[Map[ExpnType, Apply[List,expn]],7]],
If[Head[expn]===Integrate || Head[expn]===Int,
Apply[Max,Append[Map|[ExpnType, Apply[List,expn]],8]],
91111111111

ElementaryFunctionQ[func_] :=
MemberQ[ {

Exp,Log,
Sin,Cos,Tan,Cot,Sec,Csc,
ArcSin,ArcCos,ArcTan,ArcCot,ArcSec,ArcCsc,
Sinh,Cosh,Tanh,Coth,Sech,Csch,
ArcSinh,ArcCosh,ArcTanh,ArcCoth,ArcSech,ArcCsch

}, func]

SpecialFunctionQ[func_] :=
MemberQ| {

Exrf, Erfc, Exrfi,
FresnelS, FresnelC,
ExpIntegralE, ExpIntegralEi, LogIntegral,
SinIntegral, CosIntegral, SinhIntegral, CoshIntegral,
Gamma, LogGamma, PolyGamma,
Zeta, PolyLog, ProductLog,
EllipticF, EllipticE, EllipticPi

}, func]

HypergeometricFunctionQ[func_] := MemberQ[{HypergeometriclF1l,Hypergeometric2F1 6 HypergeometricPFQ}, func]

AppellFunctionQ[func_] := MemberQ[{AppellF1}, func]
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# File: GradeAntiderivative.mpl Original version thanks to Albert Rich emailed on 03/21/2017
#Nasser 03/22/2017 Use Maple leaf count instead since buildin

#Nasser 03/23/2017 missing 'ln' for ElementaryFunctionQ added

#Nasser 03/24/2017 corrected the check for complex result

#Nasser 10/27/2017 check for leafsize and do not call ExpnType()

# if leaf size is "too large". Set at 500,000

GradeAntiderivative := proc(result,optimal)

local leaf_count_result, leaf_count_optimal,ExpnType_result,ExpnType_optimal;

leaf_count_result:=1leafcount(result);
#do NOT call ExpnType() if leaf size is too large. Recursion problem
if leaf_ count_result > 500000 then
return "B";
fi;

leaf count_optimal:=leafcount (optimal);

ExpnType_result:=ExpnType(result) ;

ExpnType_optimal:=ExpnType (optimal) ;
#This check below actually is not needed, since I only call this grading only for
#passed integrals. i.e. I check for "F" before calling this.

if not type(result,freeof('int')) then
return "F";
end if;

if ExpnType_result<=ExpnType_optimal then
if is_contains_complex(result) then
if is_contains_complex(optimal) then
#both result and optimal complex
if leaf count_result<=2*leaf_ count_optimal then
return "A";
else
return "B";
end if
else #result contains complex but optimal is not
return "C";
end if
else # result do not contain complex
# this assumes optimal do not as well
if leaf count_result<=2*leaf count_optimal then
return "A";
else
return "B";
end if
end if
else #ExpnType(result) > ExpnType(optimal)
return "C";
end if
end proc:
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# is_contains_complex(result) takes expressions and returns true if it contains "I"
#Nasser 032417
is_contains_complex:= proc(expression)
return (has(expression,I));
end proc:

ExpnType := proc(expn)
if type(expn, 'atomic') then
1
elif type(expn, 'list') then
apply(max,map (ExpnType, expn) )
elif type(expn, 'sqrt') then
if type(op(l,expn), 'rational') then
1 else
max (2,ExpnType(op(1,expn)))
end if
elif type(expn,' A"') then
if type(op(2,expn), 'integer') then
ExpnType (op(1,expn))
elif type(op(2,expn), 'rational') then
if type(op(l,expn), 'rational') then
1 else
max (2,ExpnType(op(1l,expn))) end if else
max (3, ExpnType (op(1,expn)),ExpnType(op(2,expn)))
end if
elif type(expn,' + ') or type(expn,' " ') then
max (ExpnType (op(1, expn)) ,max (ExpnType(rest (expn))))
elif ElementaryFunctionQ(op(0,expn)) then
max (3 ,ExpnType(op(1,expn)))
elif SpecialFunctionQ(op(0,expn)) then
max (4, apply(max,map (ExpnType, [op(expn)])))
elif HypergeometricFunctionQ(op(0,expn)) then
max (5, apply(max,map (ExpnType, [op(expn)])))
elif AppellFunctionQ(op(0,expn)) then
max (6, apply(max,map (ExpnType, [op(expn)])))
elif op(0,expn)='int' or op(0,expn)='integrate' then
max (8, apply(max,map (ExpnType, [op(expn)]))) else
9
end if
end proc:

ElementaryFunctionQ := proc(func)
member (func, [exp, log,1ln, sin,cos,tan,cot,sec,csc,
arcsin,arccos,arctan,arccot,arcsec,arccsc,
sinh, cosh, tanh, coth, sech,csch,
arcsinh,arccosh,arctanh,arccoth,arcsech,arccsch])
end proc:

SpecialFunctionQ := proc(func)
member (func, [erf,erfc,erfi,FresnelS,FresnelC,Ei,Ei,Li,Si,Ci,Shi,Chi,
GAMMA, InGAMMA, Psi,Zeta,polylog, Lambertw,
EllipticF,EllipticE,EllipticPi])

end proc:
HypergeometricFunctionQ := proc(func)
member (func, [Hypergeometric1F1, hypergeom,HypergeometricPFQ])
end proc:
AppellFunctionQ := proc(func)
member (func, [AppellF1])
end proc:

# u is a sum or product. rest(u) returns all but the first term or factor of u.
rest := proc(u) local v;

if nops(u)=2 then

op(2,u) else

apply(op(0,u),op(2..nops(u),u))

end if
end proc:
#leafcount (u) returns the number of nodes in u.
#Nasser 3/23/17 Replaced by build-in leafCount from package in Maple
leafcount := proc(u)

MmaTranslator[Mma] [LeafCount] (u);
end proc:




	Introduction
	detailed summary tables of results
	Listing of integrals
	Listing of Grading functions

